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Foreword

The National Curriculum Framework, 2005, recommends that children’s life at school must be linked
to their life outside the school. This principle marks a departure from the legacy of bookish learning
which continues to shape our systemand causes a gap between the school, home and community. The
syllabi and textbooks developed on the basis of NCF signify an attempt to implement this basic idea.
They also attempt to discourage rote learning and the maintenance of sharp boundaries between
different subject areas. We hope these measures will take us significantly further in the direction ofa
child-centred system of education outlined in the National Policy on Education (1986).

The success of this effort depends on the steps that school principals and teachers will take to
encourage children to reflect on their own learning and to pursue imaginative activities and questions. \\e
must recognise that, given space, time and freedom, children generate new knowledge by engaging with
the information passed on to them by adults. Treating the prescribed textbook as the sole basis of examination
is one of the key reasons why other resources and sites of learning are ignored. Inculcating creativity and
initiative is possible if we perceive and treat childrenas participants in learning, not as receivers of a fixed
body of knowledge.

These aims imply considerable change in school routines and mode of functioning. Flexibility in
the daily time-table is as necessary as rigour in implementing the annual calendar so that the required
number of teaching days are actually devoted to teaching. The methods used for teaching and evaluation
will also determine how effective this textbook proves for making children’s life at school a happy
experience, rather than a source of stress or boredom. Syllabus designers have tried to address the
problem of curricular burden by restructuring and reorienting knowledge at different stages with greater
consideration for child psychology and the time available for teaching. The textbook attempts to enhance
this endeavour by giving higher priority and space to opportunities for contemplation and wondering,
discussion in small groups, and activities requiring hands-on experience.

NCERT appreciates the hard work done by the textbook development committee responsible
for this book. We wish to thank the Chairperson of the advisory group in science and mathematics,
Professor J.V. Narlikar and the Chief Advisor for this book, Dr H.K. Dewan for guiding the work of
this committee. Several teachers contributed to the development of this textbook; we are grateful to
their principals for making this possible. We are indebted to the institutions and organisations which
have generously permitted us to draw upon their resources, material and personnel. As an organisation
committed to systemic reform and continuous improvement in the quality of its products, NCERT
welcomes comments and suggestions which will enable us to undertake further revision and refinement.

Director
National Council of Educational
Research and Training



Foreword

The Government of Andhra Pradesh has unleashed a new era in school education by introducing
extensive curricular reforms from the academic year 2020-21. The Government has taken up curricular
reforms intending to enhance the learning outcomes of the children with focus on building solid foundational
learning and to build up an environment; conducive for an effective teaching-learning process. To achieve
this objective, special care has been taken in designing the textbooks to achieve global standards. The
Government of Andhra Pradesh has decided to introduce NCERT Textbooks from class V111 onwards.

As apart of the curricularm reform, an effort was made to ensure quality transaction of textbooks,
bilingual method was used. The mathematical concepts in the text book are developed based on themes like
Number System, Arithmetic, Algebra, Mensuration, Geometry and Statistics. In this text book, concepts
are introduced through activities related to daily life situations and conversations. To strengthen these concepts,
individual activities, group activities and whole class activities are designed. The textbook attempted to
enhance this endeavor through incorporating QR codes in each chapter to enable efficient learning outside
the class room.

We are grateful to our Honourable Chief Minister, SriY.S. Jagan Mohan Reddy, Andhra Pradesh
for being our source of inspiration to carry out this extensive reform in the Education Department. We
extend our gratitude to our Honourable Minister of Education, Sri B. Satyanarayana, Andhra Pradesh for
striving towards qualitative education. Our special thanks to Sri B. Rajasekhar, 1AS, Special Chief Secretary,
School Education, Andhra Pradesh. Sri S. Suresh Kumar I1AS, Commissioner of School Education and
State Project Director, Samagra Shiksha, Andhra Pradesh. Smt. K. \etriselvi. IAS, Special Officer, English

Medium Project, Andhra Pradesh for their constant motivation and guidance.

We convey our sincere thanks to the text book writers, who studied curriculum and best practices
across the globe to reach global standards. Our heartful thanks to Director NCERT in designing the text
book and for issuing copyrights to print the textbooks by the State Government. We also thank our
Coordinators, Editors, Subject Coordinators, Technical team members, Artists, DTP and Layout designers
for their contribution in the development of this text book. We invite constructive feedback from the teachers,
parents and Educationalists for the further refinement of the text book.

Dr. B. Pratap Reddy

Director
SCERT -Andhra Pradesh



Preface

This is the final book of the upper primary series. It has been an interesting journey to define mathematics
learning in a different way. The attempt has been to retain the nature of mathematics, engage with the
question why learn mathematics while making an attempt to create materials that would address the
interest of the learners at this stage and provide sufficient and approachable challenge to them. There
have been many views on the purpose of school mathematics. These range from the fully utilitarian to
the entirely aesthetic perceptions. Both these end up not engaging with the concepts and enriching the
apparatus available to the learner for participating in life. The NCF emphasises the need for developing
the ability to mathematise ideas and perhaps experiences as well. An ability to explore the ideas and
framework given by mathematics in the struggle to find a richer life and amore meaningful relationship
with the world around.

This is not even easy to comprehend, far more difficult to operationalise. But NCF adds to thisan
even more difficult goal. The task is to involve everyone of that age group in the classroom or outside
in doing mathematics. This is the aim we have been attempting to make in the series.

We have, therefore, provided space for childrento engage in reflection, creating their own rules
and definitions based on problems/tasks solved and following their ideas logically. The emphasis is not
on remembering algorithms, doing complicated arithmetical problems or remembering proofs, but
understanding how mathematics works and being able to identify the way of moving towards solving
problems.

The important concern for us has also been to ensure that all students at this stage learn mathematics
and begin to feel confident in relating mathematics. WWe have attempted to help children read the book
and to stop and reflect at each step where a new idea has been presented. In order to make the book
less formidable we have included illustrations and diagrams. These combined with the text help the
child comprehend the idea. Throughout the series and also therefore in this book we have tried to
avoid the use of technical words and complex formulations. We have left many things for the student to
describe and write in her own words.

We have made an attempt to use child friendly language. To attract attention to some points blurbs
have been used. The attempt has been to reduce the weight of long explanations by using these and the
diagrams. The illustrations and fillers also attempt to break the monotony and provide contexts.

Class VIl s the bridge to Class IX where children will deal with more formal mathematics. The
attempt here has been to introduce some ideas in a way that is moving towards becoming formal. The
tasks included expect generalisation from the gradual use of such language by the child.

The team that developed this textbook consisted teachers with experience and appreciation of
children learning mathematics. This team also included people with experience of research in mathematics
teaching-learning and an experience of producing materials for children. The feedback on the textbooks
for Classes VI and V11 was kept in mind while developing this textbook. This process of development
also included discussions with teachers during review workshop on the manuscript.

Vi



Inthe end, I would like to express the grateful thanks of our team to Professor Krishna Kumar,
Director, NCERT, Professor G. Ravindra, Joint Director, NCERT and Professor Hukum Singh,
Head, DESM, for giving us an opportunity to work on this task with freedom and with full support. |
am also grateful to Professor J.V. Narlikar, Chairperson of the Advisory Group in Science and
Mathematics for his suggestions. | amalso grateful for the support of the team members from NCERT,
Professor S.K. Singh Gautam, Dr V.P. Singh and in particular Dr Ashutosh K. Wazalwar who
coordinated this work and made arrangements possible. In the end I must thank the Publication
Department of NCERT for its support and advice and those from Vidya Bhawan who helped produce
the book.

It need not be said but | cannot help mentioning that all the authors worked as a team and we
accepted ideas and advice from each other. We stretched ourselves to the fullest and hope that we
have done some justice to the challenge posed before us.

The process of developing materials is, however, a continuous one and we would hope to make
this book better. Suggestions and comments on the book are most welcome.

H.K. Dewan
Chief Advisor
Textbook Development Committee
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A Note for the Teacher

This is the third and the last book of this series. It isa continuation of the processes initiated to help the
learners in abstraction of ideas and principles of mathematics. Our students to be able to deal with
mathematical ideas and use them need to have the logical foundations to abstract and use postulates
and construct new formulations. The main points reflected in the NCF-2005 suggest relating mathematics
to development of wider abilities in children, moving away from complex calculations and algorithm
following to understanding and constructing a framework of understanding. As you know, mathematical
ideas do not develop by telling them. They also do not reach children by merely giving explanations.
Children need their own framework of concepts and a classroom where they are discussing ideas,
looking for solutions to problems, setting new problems and finding their own ways of solving problems
and their own definitions.

As we have said before, it is important to help children to learn to read the textbook and other
books related to mathematics with understanding. The reading of materials is clearly required to help
the child learn further mathematics. In Class V111 please take stock of where the students have reached
and give them more opportunities to read texts that use language with symbols and have brevity and
terseness with no redundancy. For this if you can, please get them to read other texts as well. You
could also have them relate the physics they learn and the equations they come across in chemistry to
the ideas they have learnt in mathematics. These cross-disciplinary references would help them develop
a framework and purpose for mathematics. They need to be able to reconstruct logical arguments and
appreciate the need for keeping certain factors and constraints while they relate them to other areas as
well. Class V111 children need to have opportunity for all this.

As we have already emphasised, mathematics at the Upper Primary Stage has to be close to the
experience and environment of the child and be abstract at the same time. From the comfort of context
and/or models linked to their experience they need to move towards working with ideas. Learning to
abstract helps formulate and understand arguments. The capacity to see interrelations among concepts
helps us deal with ideas in other subjects as well. It also helps us understand and make better patterns,
maps, appreciate area and volume and see similarities between shapes and sizes. While this is regarding
the relationship of other fields of knowledge to mathematics, its meaning in life and our environment
needs to be re-emphasised.

Children should be able to identify the principles to be used in contextual situations, for solving
problems sift through and choose the relevant information as the first important step. Once students do
that they need to be able to find the way to use the knowledge they have and reach where the problem
requires themto go. They need to identify and define a problem, select or design possible solutions and
revise or redesign the steps, if required. As they go further there would be more to of this to be done. In
Class V111 we have to get them to be conscious of the steps they follow. Helping childrento develop the
ability to construct appropriate models by breaking up the problems and evolving their own strategies
and analysis of problems is extremely important. This is in the place of giving them prescriptive algorithms.

viii



Cooperative learning, learning through conversations, desire and capacity to learn fromeach other
and the recognition that conversation is not noise and consultation not cheating is an important part of
change in attitude for you as a teacher and for the students as well. They should be asked to make
presentations as a group with the inclusion of examples from the contexts of their own experiences.
They should be encouraged to read the book in groups and formulate and express what they understand
from it. The assessment pattern has to recognise and appreciate this and the classroom groups should
be such that all children enjoy being with each other and are contributing to the learning of the group.
As you would have seen different groups use different strategies. Some of these are not as efficient as
others as they reflect the modeling done and reflect the thinking used. All these are appropriate and
need to be analysed with children. The exposure to a variety of strategies deepens the mathematical
understanding. Each group moves from where it is and needs to be given an opportunity for that.

For conciseness we present the key ideas of mathematics learning that we would like you to
remember in your classroom.

1. Enquiryto understand is one of the natural ways by which students acquire and construct knowledge.
The process can use generation of observations to acquire knowledge. Students need to deal with
different forms of questioning and challenging investigations- explorative, open-ended, contextual
and even error detection from geometry, arithmetic and generalising it to algebraic relations etc.

2. Children need to learn to provide and follow logical arguments, find loopholes in the arguments
presented and understand the requirement of a proof. By now children have entered the formal
stage. They need to be encouraged to exercise creativity and imagination and to communicate their
mathematical reasoning both verbally and in writing.

3. The mathematics classroom should relate language to learning of mathematics. Children should talk
about their ideas using their experiences and language. They should be encouraged to use their
own words and language but also gradually shift to formal language and use of symbols.

4. The number system has beentaken to the level of generalisation of rational numbers and their properties
and developing a framework that includes all previous systems as sub-sets of the generalised rational
numbers. Generalisations are to be presented in mathematical language and children have to see that
algebra and its language helps us express a lot of text in small symbolic forms.

5. As before children should be required to set and solve a lot of problems. We hope that as the
nature of the problems set up by them becomes varied and more complex, they would become
confident of the ideas they are dealing with.

6. Class VIl book has attempted to bring together the different aspects of mathematics and emphasise
the commonality. Unitary method, Ratio and proportion, Interest and dividends are all part of one
common logical framework. The idea of variable and equations is needed wherever we need to
find an unknown quantity in any branch of mathematics.

We hope that the book will help children learn to enjoy mathematics and be confident in the
concepts introduced. We want to recommend the creation of opportunity for thinking individually and
collectively.

We look forward to your comments and suggestions regarding the book and hope that you will
send interesting exercises, activities and tasks that you develop during the course of teaching, to be
included inthe future editions. This can only happen if you would find time to listen carefully to children
and identify gaps and on the other hand also find the places where they can be given space to articulate
their ideas and verbalise their thoughts.
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NATIONAL ANTHEM 2B aH BSB0

Jana gana mana adhinayaka jaya he ZHHHD OOTODE 205!
Bharata bhagya vidhata 26 NPT
Panjaba Sindhu Gujarata Maratha Do), DO, TS, HITWOD,

Dravida Utkala Banga DG, &8,8, Hore!
Vindhya Himachala Yamuna Ganga DOLs, VoL, GV, KTOTR!
uchchala jaladhi taranga &0 2o Storme!
] A
Tava Subha name jage, tave subha asisa B DS 0!
mage,
BB 25 @88 DB
gahe tava jaya gatha.
TRaYe & osrege!
Jana gana mangala dayaka jaya he
Edties HONHWODS 20!
Bharata bhagya vidhata.
23005 23005 D!

Jaya he, Jaya he, Jaya he,
y Yy Yy 208! 200eR! 2oDERe!

jaya jaya jaya jaya he.
Jayayaydjay gy 205 205 205 2AHell

-Rabindranath Tagore - 590G THBRG

PLEDGE | &g

India is my country. All Indians are my brothers and sisters.
Ilove my country and I am proud of its rich and varied heritage.
I shall always strive to be worthy of it.

Ishall give my parents, teachers and all elders respect,
and treat everyone with courtesy. I shall be kind to animals.
To my country and my people, I pledge my devotion.

In their well-being and prosperity alone lies my happiness.
- Pydimarri Venkata Subba Rao
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2 B MATHEMATICS ALGEBRAIC EXPRESSIONS AND IDENTITIES

) ) CHAPTER
Algebraic Expressions

and ldentities

9.1 What are Expressions?

In earlier classes, we have already become familiar with what algebraic expressions
(or simply expressions) are. Examples of expressions are:
X+ 3,2y -5, 3x? 4xy + 7 etc.
You can form many more expressions. As you know expressions are formed from

variables and constants. The expression 2y — 5 is formed from the variable y and constants
2 and 5. The expression 4xy + 7 is formed from variables x and y and constants 4 and 7.

We know that, the value of y in the expression, 2y — 5, may be anything. It can be

0852CH09

5 7
2,5,-3,0, 573 etc.; actually countless different values. The value of an expression

changes with the value chosen for the variables it contains. Thus asy takes on different
values, the value of 2y — 5 goes on changing. Wheny =2, 2y -5 =2(2) -5 =-1; when
y=0,2y-5=2x0-5=-5, etc. Find the value of the expression 2y —5 for the other
given values of y.

Number line and an expression:
Consider the expression x + 5. Let us say the variable x has a position X on the number line;

X > 5—>
. : :
o) X P
X may be anywhere on the number line, but it is definite that the value ofx + 5 is given by
apoint P, 5 units to the right of X. Similarly, the value of x —4 will be 4 units to the left of
Xand so on.
What about the position of 4x and 4x + 5?

SN TN N

0] X A B C D

The position of 4x will be point C; the distance of C from the origin will be four times »— &
the distance of X from the origin. The position D of 4x + 5 will be 5 units to the right of C.
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TRY THESE

1. Give five examples of expressions containing one variable and five examples of
expressions containing two variables.
2. Show on the number line x, x— 4, 2x + 1, 3x — 2.

9.2 Terms, Factors and Coefficients

Take the expression 4x + 5. This expression is made up of two terms, 4x and 5. Terms
are added to form expressions. Terms themselves can be formed as the product of
factors. The term 4x is the product of its factors 4 and x. The term 5 is made

=87 ) =S =\ up of just one factor, i.e., 5.

) . The expression 7xy — 5x has two terms 7xy and -5x. The term 7xy
Ident-lfyr:he coefficient of €ach s 5 yroduct of factors 7, x and y. The numerical factor of a term is
SEIITETE EpeEelol called its numerical coefficient or simply coefficient. The coefficient in
x?y? — 10x%y + 5xy* — 20. : iient i i

the term 7xy is 7 and the coefficient in the term -5x is -5.

9.3 Monomials, Binomials and Polynomials

Expression that contains only one termis called a monomial. Expression that contains two
terms is called a binomial. An expression containing three terms is a trinomial and so on.
In general, an expression containing, one or more terms with non-zero coefficient (with
variables having non negative integers as exponents) is called a polynomial. A polynomial
may contain any number of terms, one or more than one.

Examples of monomials:  4x?, 3xy, =7z, 5xy?, 10y, -9, 82mnp, etc.

Examples of binomials: a+b,41+5m,a+4,5-3xy, 22— 4y? etc.

Examples of trinomials: a+b+c, 2x+ 3y -5, x?y —xy? + y?, etc.

Examples of polynomials: a+b + ¢ + d, 3xy, 7xyz — 10, 2x + 3y + 7z, etc.

e TRY THESE

1. Classify the following polynomials as monomials, binomials, trinomials.
—-z+5x+y+zy+z+100,ab-ac, 17
2. Construct
1 (@ 3binomials with only x as a variable;
e (b) 3 binomials withx and y as variables;
(c) 3 monomials with x and y as variables;
(d) 2 polynomials with 4 or more terms.

9.4 Like and Unlike Terms

Look at the following expressions:
7X, 14x, =13x, 5x2, 7y, 7xy, —9y?, —9x?, —5yx
Like terms from these are:
() 7x, 14x,-13x are like terms.




Heddo Dedodh Ssmaren — ¥8y “EoEGeen W5

(Bch&ohol

1. D8 S380e8 Ko DR i GIRsTEeen, 3ol HSETPdHen 10 DErJresd 0
GTPSPEEen TPOHoR.
2. X, X=4,2x+1,3x-2 ﬁowééaa:&g SH08.

9.2 JHuren, P8crosren 005w iHeaseen
LTG0 AX + 5 % S0, & 5o 4X 035w 5 @k Bok Sorest ABYE0B.
Sore Boonis® $drdo N DHOh. JTren SBroSY ogorT NG, 4X 0o

550 4 HHBAD X & Boh SEEFOSPe ©RED. b B HESKW B0 a8 so8eoo

& 0538&01250& 58 ABYE0B.

X2 — 10X%y + 5xy2 — 207Xy = 5X ®&m508° Both Hween Txy $oBako ~5X esmxom. XY
KEPH0EE (58 SEn Gog,  ©D Do 7, X, Y sSerose ogin. a8 $5506° Sogrg
Koeaseei HBO0BO0A. Sderosron  Pogry iheto Swr HKormr ihrto @l @otrs.
D55 TXy S thesBo 7 £Bsm HBo -5x & Heso 5.

9.3 JESthen, Bghden o0k wwuBhie
BEPRE0S® 28 2.8 D Go8 DEDS ®), Bok Hrren &0l B @), Kk Hured
608 (B%8 © ©otrd. 5F WADS TA Eree T°eHDHE). Feedwore, rgss
Heseos 2,58 Sur ©osE08 KNS Hwren Ko (0BSS Frgsonges Srdore EOA
63 SETHOE ErEE)IEPrR) DFVHE WoETS. &l DIFVHE 8B Sue woBBEo
AENS Do EOA GosHND).
NEHDeB ereeSesen:  4x?, 3xy, =7z, 5xy?, 10y, -9, 82mnp, IoSBL.
BHoe Grrdedeen:  a+ b, 41+5m, a+ 4,5 -3xy, 22 - 4y?, SndsBL.

‘ (BDDeB ewrscdeen:  a+h+c, 2X + 3y — 5, X2y — Xy? + Y2, I088K.

sy 250N GrrsrSeeen: a + b + ¢ +d, 3xy, 7xyz — 10, 2X + 3y + 7z, So8BI.

(Bch&okol

1. (80H 0ot HEHSe, Bxchen, (Bhdeoenrr zéééaoéo&.
-z+5x+y+zy+z+100, ab-ac, 17
[ 2.  50Htheds Teohod.
' (@) X S8Te8 Sr(EdH EOAS 3 BxRcoen;
(b) X 8o y SETHen EOAS 3 Bbdeden;
(C) X 0Bcs» Y SETeHen EOAS 3 DE Heoe;

d) 4 S DENS S ErlS 2 S0HEen.

9.4 L& 00050 eed Hooen

(Bod JdXrIred KoJoSod:
7X, 14x, =13x, 5x3, 7y, 7xy, —9y?, —9x?, —5yx
D I 1 (i) TX, 14X, —13X en $erd Hrven.




6 B MATHEMATICS ALGEBRAIC EXPRESSIONS AND |DENTITIES

(i) 5x?and —9x2 are like terms.
(i) 7xy and -5yx are like terms.
Why are 7x and 7y not like?
Why are 7x and 7xy not like?
Why are 7x and 5x? not like?

TRY THESE

Write two terms which are like
@i 7xy (i) 4mn? (iiiy 2l

9.5 Addition and Subtraction of Algebraic
Expressions

In the earlier classes, we have also learnt how to add and subtract algebraic expressions.
For example, to add 7x?—4x +5 and 9x — 10, we do

X2 —4x+ 5
+ 9x — 10
x> +5x-5

Observe how we do the addition. We write each expression to be added in a separate
row. While doing so we write like terms one below the other, and add them, as shown.
Thus 5 + (-10) =5-10 = -5. Similarly, — 4x + 9x = (- 4 + 9)x = 5x. Let us take some
more examples.

Example 1: Add: 7xy + 5yz — 3zx, 4yz + 9zx — 4y , —=3xz + 5x — 2xy.
Solution: Writing the three expressions in separate rows, with like terms one below
the other, we have

Xy + 5yz -3zx

+ 4yz + 9zX -4y
+ =2xy —3zx + bx (Note xz is same as zx)

5xy + 9yz +3zx + 5x — 4y

Thus, the sum of the expressions is 5xy + 9yz + 3zx + 5x — 4y. Note how the terms, — 4y
in the second expression and 5x in the third expression, are carried over as they are, since
they have no like terms in the other expressions.

Example 2: Subtract 5x2 — 4y? + 6y — 3 from 7x2 — 4xy + 8y? + 5x — 3y.

Solution: X2 —4xy +8y?+5x - 3y
5x? —4y> + 6y-3
) (+) ) ()

2X% — Axy + 12y* + 5x - 9y + 3
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9.5 ddah Hirare Bodebo 8k SgEsuso

2350 (Bod SBKHee® ddch Sdrre Joseo, Sgpgeso K8y Beninamo.
STPSTEeE TX2 —4X + 5 508050 9X — 10 0 HoBodo Bosnerd, od8m

X2 —4x+ 5
+ 9x - 10
X2 +5x -5 v ToRsm.

Boemrd) $ko der BrEr HB800B08. BN Hido Bofedo BAHBLRD HdcdH
BErId S0 o) B0 Trrro. B TRSYPE Herd doren a8 T (8ol
.88 Gotety oo (Bodore Kodeso Bosed. ediore 5+ (-10) =5-10 = -5.
@B, — AX + 9X = (— 4 + 9)X = 5X. LBER) GrrsrSeaen Sgpo.
&wedSes 10 TXY + 5byz — 32X, 4yz + 92X — 4y , —3XZ + 5X — 2XY 0> $ofebo FeHos.
TPED T Bt SR Hreed HHVE’, Jerd Huren w80 (808 .88 ST
TR Xy + 5yz — 3zx

+ 4yz + 9zx -4y

+ —2xy =3zx + 5X (K008 XZ , ZXen Hdeidsm)

5xy + 9yz +3zx + 5x — 4y

&Dgore, DAH ke oo 5XY + 9yz + 37X + 5X — 4y. Bokd Dfadh Brvos®
— 4y 508050 S8 DebodH D508 BX e HADS Srares® Herd Hurer B0,
B T TPOHE0 8BRS KHV0BOR.

&S 21 TX2 — 4Xy + 8y? + 5X — 3y £08& 5X% — 4y? + By — 350 HVZcHod.
FES: 7X? — 4xy + 8y?> + 5x — 3y
5x2 —4y? + 6y -3
) (+) ) ()
2x2 — 4xy +12y? + 5x — 9y + 3
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Note that subtraction of a number is the same as addition of its additive inverse.
Thus subtracting —3 is the same as adding +3. Similarly, subtracting 6y is the same as
adding — 6y; subtracting — 4y? is the same as adding 4y?and so on. The signs in the
third row written below each term in the second row help us in knowing which
operation has to be performed.

B £ <XERCISE 9.1

1. Identify the terms, their coefficients for each of the following expressions.
(i) 5xyzz-3zy @i 1+x+x° (iil) 4x3y? — Axy?2% + 72

(V) 3-pg+ar-rp (v) §+ % _xy (V) 0.3a—0.6ab+0.5b

2. Classify the following polynomials as monomials, binomials, trinomials. Which
polynomials do not fit in any of these three categories?
X+, 1000, x + X2+ x3+ x*, 7 +y + 5x, 2y — 3y 2y — 3y* + 4y3, 5x — 4y + 3xy,
4z - 157% ab + bc + cd + da, pgr, p’q + pg3 2p + 29
3. Addthe following.
(i) ab-bc, bc-ca, ca—ab (i) a-b+ab,b-c+bc,c-a+ac
(i) 2p%g*>-3pq + 4,5+ 7pq — 3p’Q? (v) PP+ m?2 m?+n?n®+ 3
2lm + 2mn + 2nl
4. (a) Subtract 4a-7ab+3b+12 from12a—-9ab+5b-3
(b) Subtract 3xy + 5yz — 7zx from 5xy — 2yz — 2zx + 10xyz
(c) Subtract 4p%q-3pg + 5pg®>—8p + 7q — 10 from
18 — 3p— 11q + 5pqg — 2pg? + 5p%q

9.6 Multiplication of Algebraic Expressions: Introduction

() Look at the following patterns of dots.

( Pattern of dots Total number of dots\
® 6 o o o o [ ] [ ()
e 6 o o o o [ ] [ ] [
e © 0o © © 0 0 o0 o 4%x9
e 6 o o o o [ ] [ ] [

e 6 o o o
e o o o o
c o o o o DR
e o o o o
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. -:50 9.1
1. (8od $&rares® Huren BN & Heaseed HBoB08.
(i) 5xyz?-3zy (i 1+x+x° (iil) 4x3y? — Axy?%2% + 72

(V) 3-pg+ar-rp (v) §+ % _xy (V) 0.3a—0.6ab+0.5b

2. (808 DTOHDHOD AEDO, BB, (BHheore ééé@o:ﬁo&. B & écgf()%
BoB 50H0en AD?
X+, 1000, x + X2+ x3+ x*, 7 +y + 5x, 2y — 3y?, 2y — 3y* + 4y3, 5x — 4y + 3xy,
4z —15z% ab + bc + cd + da, pgr, p’q + pg3 2p + 29
3. 8ob & Yodedo BcHob.
(i) ab-bc, bc-ca,ca-ab (i) a-b+ab,b-c+bc,c—-a+ac
(i) 2p%g*>-3pq +4, 5+ 7pq — 3p’Q? (v) PP+ m?2 m?+n?n®+ 3
2lm + 2mn + 2nl
4, (@) 4a-7ab+3b+12 % 12a—9ab +5b — 3 %08 8230008
(b) 3xy + 5yz — 72X & BXy — 2yz — 22X + 10xyz 508 &30
() 4p’q-3pq+5pg?—-8p+7q-10%0
18 — 3p — 11q + 5pq — 2pq? + 5p%q Kr0d S1FcHod
9.6 ddch $ErFo thesdo: HBHSHo

() 5 (808 B@ES HEe ©HOEH HOBYoSE.

( )
HHo o008 oo D Doy
S BB 0600 0 C 4x9
e e 0 06 0 0 0 0 o
e o 0 0 0 0 0 0 o
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o = To find the number of
e e 06 06 - - - o o dots we have to multiply
OO 0LO0=9==20¢C the expression for the
- - - - - - - _ _ number of rows by the
- - - - - - - - - m X n expression for the
\_ - - - - - - - - number of columns.
e 6 6 ¢ - - - o o
mxn
~ N
e 6 6 06 - — — 0 0 0 o o
T T T Here the number of rows
- - - - - - - - - - - - is increased by
- - - - - - - - - - - = 2,i.e., m+ 2 and number
__ - - - - --°-°-°-c:C (m+2) x(n+3) of columns increased by
- - - = - - e e e ~ 3,i.e,n+3.
L4 - - - @ o o
( - - - e e o
N\ J
(i) Canyou now think of similar other situations in which | | T
two algebraic expressions have to be multiplied? ! i |
b :
Ameena gets up. She says, “We can think of area of l ib—3
arectangle.” The area of arectangle is| x b, where | l

is the length, and b is breadth. If the length of the ¢ g >
rectangle is increased by 5 units, i.e., (I + 5) and I+5 !
breadth is decreased by 3 units, i.e., (b — 3) units,

To find the area of a rectangle, we

the area of the new rectangle will be (1 +5) x (b-3). have to multiply algebraic
(iii) Can you think about volume? (The volume of a eXprgsf';’;i I(Itl:(ils;( bor
rectangular box is given by the product of its length, o

breadth and height).
(iv) Sarita points out that when we buy things, we have to
carry out multiplication. For example, if
price of bananas per dozen="p
and for the school picnic bananas needed =z dozens,
then we haveto pay="p x z

Suppose, the price per dozen was less by ~ 2 and the bananas needed were less
by 4 dozens.
Then,price of bananas per dozen=" (p-2)

and bananas needed = (z—4) dozens,
Therefore, we would have to pay ="~ (p - 2) X (z—-4)
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LI, b ey VAL TV 53 SEYK TPEHD 1+5 >

5 oorde) 2000 odre (I +5) csredey Hodako

SN 3 chrdey ERoDS edre (D-3) chrde, g SEGE Brep sHmEmds | X b do

(1+5) x (b—3) S8 dHfch d&medreots

0HD HES 88 825» BEB Szeego (145) (b-3). HoBomd.
(i) 0% $$HBHre0 980D e&bDosKeTe? (5?»@260 - - —

SBnE) Fo5HOLPE0 T BwE) KD, IEeR), DK
©80 ©HBok)
(V) o SHPHe S, Heseso BHSR
600N HBE JrDoN0. GTPTEeEd
a8 Sad d8&B0KE P8 =
oBU5D BT DG SSR(BE XIS EADHOLY = Z Ky wond,
3050 DYOTONWS FE =" pxZ
2.83Y, 088 Hog Jo KeHDH 2 &), 5eH0R0 @BED0E dogy 4 Kesy e‘égzéQoaaé
@Y (B8 Sed w8BHoE 9 = (p-2)
50BN XIBRE @E&Hoty = (2—4) ey,
529%, b0 BYoTNS 8 =" (p-2) X (z2-4)
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o TRY THESE

Can you think of two more such situations, where we may need to multiply algebraic
expressions?

[Hint: e Think of speed and time;
¢ Think of interest to be paid, the principal and the rate of simple interest; etc.]

= Inall the above examples, we had to carry out multiplication of two or more quantities. If
the quantities are given by algebraic expressions, we need to find their product. This
means that we should know how to obtain this product. Let us do this systematically. To
begin with we shall look at the multiplication of two monomials.

9.7 Multiplying a Monomial by a Monomial

9.7.1 Multiplying two monomials

We begin with
4 xX=X+X+X+X=4x asseen earlier.
Similarly, 4 x (3x) = 3x + 3x + 3x + 3x = 12x Notice thatall the three
. products of monomials, 3xy,
Now, observe the following products. 15xy, —15xy, are also
(i) XXx3y=xx3xy=3xxxy=3xy monomials.
(i) 5xx3y=5xxx3xy=5x3xxxy =15xy ~—
(i)  Sxx(-3y)=5xxx(-3)xy
=5x (-=3) xx xy =-15xy
Some more useful examples follow. Note that 5 x 4 = 20
(V) 5X X 4x? = (5 x 4) x (x X X?) i.e., coefficient of product = coefficient of

first monomial x coefficient of second

= 20 x x3=20x3 .
\ monomial;
(V) 5xx (—4xyz) = (5 x—4) x (x x xyz) and X X X2 = X3

=-20 x (X x x x yz) = —20x%z i.e., algebraic factor of product

Observe how we collect the powers of different variables | = a:get;ra!c ::actor ?f ﬁrzt mono_nr;ial
in the algebraic parts of the two monomials. While doing R QLGS UGG OF SEEOE ITTTAIEL,
so, we use the rules of exponents and powers.

9.7.2 Multiplying three or more monomials
Observe the following examples.
()] 2X x By x 7z = (2x x By) x 7z = 10xy % 7z = 70xyz
(i)  4Axy x 5x%y? x 6x3y3 = (4xy x 5x2y?) x 6x3%°® = 20x3%y° x 6x3%°® = 12033 x X33
=120 (x® x x3) x (y* x y3) = 120x° x y® = 120x5y®
It is clear that we first multiply the first two monomials and then multiply the resulting

monomial by the third monomial. This method can be extended to the product of any
number of monomials.
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(Bch&okol

DEH HEPRre KHEseE0 BB stndod HB° Bok ooy HBod 88*D0508.
[($5008: o Sifo B w0 K80 e Doos.
* BYoTS HE, wden HOH Ferdn HET, ST T HBoD
8%Q0508. ]

=2 o) eursrdnos®, 3otk Sur @od808 NN TrHH HBowEd. a8RE TedHen
Decsh Ddaren wond Y DI & op) 80850, e & 0Pl e
EHFTE D% BOATD. HAV Hdo 88 (B HEBSE® Brpo. ko Hwothrr Botd

DEHB KHreEaseEos® IndennEaro.
9.7 2EI6Q 8568 HdoSko

9.7.1 Bo Il Hdodto
S008I LH5E OV TS FndennETro.

X X=X+ X+X+X=4X béécﬁwé‘”’b@éea‘gw

oagore, 4 X (3X) = 3x + 3x + 3x + 3x = 12X 3xy, 15xy, —15xy sarise
S5pE, (808 HorseTres 8400508, 8o DS 0
] 1ooBod.
()] XX3y = xx3xy=3xxxy=3xy ~ —
(i) 5xx3y = 5xxx3xy=5x3xxxy =1bxy
(i)  5xx (=3y) =5xxx (=3) xy

=5 x (=3) x x xy =-15xy
S0O8°Q) GIHARHEEHS Grrsedesen rEod.
= HOE:5x4=20

(iv) 5X x 4x2 = (5 x 4) x (X x x?)

O™ ©xo BwE) Hedo = 0B DBHS

= 20 x x*=20x° omso X Boks DES6 Hwso ;
(V) 5x x (- 4xyz) =(5 x — 4) x (X X Xyz) L0 xx x2 = X3
= =20 x (x x x x yz) = —=20x*yz o3, D sdmrose ©go = Bk

BotH DEHHeE™ Hch grrred® DK SETeHe Hraren
DB HEEBOSBDEISE KHJ0H0l. werBcinerst
SoeEren HO FrErol Tgaired o &O@DPAI0.

9.7.2 % oo ©odbos Q&S VB thHeaseo

80B GTRsRSHnOK HOED0S0E.

(1) 2X x 5y x 7z = (2x x By) x 7z = 10xy x 7z = 70xyz

(i) 4xy x 5x%y? x 6x3%° = (4xy x 5x%y?) x 633 = 20x3%° x 6x3%°® = 120x%3 x X3y
=120 (x3 x x3) x (y3 x y3) = 120x° x yb = 120x°y*®

0P80 S0P I0EA B0 BN KHHoD S @aPK)(;J S HEHHS
HBoTO IO I c\)o)olo &8 0365@20 A RNEHLOR ﬁ)ﬁ%oiﬁmﬁém %w@vﬁoéézﬁa

E5H Bog) HdadH sBeoBo X Bokd
EdH By Hfash sBeoo.




14 @ MATHEMATICS ALGEBRAIC EXPRESSIONS AND IDENTITIES

TRY THESE We can find the product in other way also.

4xy x 5x?y? x 6x3 y3
Find 4x x by x 7z

=(4x5x6)x (XxXX2xx3)x(yxy2xys
First find 4x x 5y and multiply it by 72; : (120 e ) )3yt xy)
or first find 5y x 7z and multiply it by 4x.

Is the result the same? What do you observe?
Does the order in which you carry out the multiplication matter?

Example 3: Complete the table for area of a rectangle with given length and breadth.

Solution: ( length breadth area )
3X 5y 3x x 5y = 15xy
9y Y
4ab 5bc |
L 2'm 3Im?* | y
Example 4: Find the volume of each rectangular box with given length, breadth
and height.
( length breadth height )
()] 2ax 3by 5cz
(i) m2n n%p p?m
11 2 8]
k("D 2q 4q 89 )

Solution: Volume =length x breadth x height
Hence,for (i)  volume = (2ax) x (3by) x (5cz)
=2 x 3 x5 x (ax) x (by) x (cz) = 30abcxyz
for (i) volume=mn x n%p x p’m
(m?x m) x (n x n?) x (p x p?) = m°n°p?
for (i) volume=2q x 4¢° x 8¢®
=2x4x8xqgxqg>xq®=64q°

B £ XERCISE 9.2

1. Find the product of the following pairs of monomials.

(i) 4, 7p (i) —4p, 7p (ii) —4p, 7pq (v) 4p° -3p
(V) 4p,0
2. Find the areas of rectangles with the following pairs of monomials as their lengths and
breadths respectively.

(p, 9); (10m, 5n); (20x?, 5y?); (4%, 3x); (3mn, 4np)
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B 0508 HEE 5586 Lroe dmo wepd) SHTHDE),

4xy x 5x?y? x 6x3 y?
4X x By X 7125 EoPS08. = (A x5x6)x (XXX xX)x(yxy?2xy)
Swodore 4X X By S50 $tard 773 Hdomed = 120 Xy
B Ro0ed By X 77 EHFP Sharss 4X B HBowd.
Boh axarenen HErdHae? O AW KHodowes?
dreen HBODIZPE & (ELrD8 (aPerlys Gowome?

&R0 3! awdS TrEY, Iten)e wgrdore 5{3}:‘56536@6 Sego EHAFY HBED
8 k08,

3°§526: ( PED Ien) S50
3X 5y 3x x 5y = 15xy
9y 4y |
4ab 50c [
_ 2I°’m 3Im> | )

S8 4: BES APE, Sten) BN 2 Foden EOAS (58 525»&5636@?6
28 RBoo8), PI00SeR) K08,

( )
FED Ien) NS
()] 2ax 3by 5cz
(i) m2n n%p p?m
(iif 2q 4q? 80°

\_ J

PES: Do3HBLITL0 = PED X Iesen) X A
5293, (i) BE) odH0&mee0 = (2ax) x (3by) x (5¢z)
=2 x 3 x5 x (ax) x (by) x (cz) = 30abcxyz
(i) GoE) SH0Lmee0 = M?N X n%p X pPm
= (m?xm) x (n xn?) x (p x p?) = m’n°p?
(ill) Boo¥) odH0Lre0 = 2¢ x 4g” x 8¢

=2x4><8><qxq2xq3=64q6
I 2550 9.2
1 (808 ad@bs d8Hhe ade oo SHFSod.
(i) 4, 7p (i) —4p, 7p (ii) —4p, 7pq (v) 4p° -3p
(V) 4p,0
2. (808 3 Q8N e SPE), Jesenjeore EOAS Bgfﬁe‘éﬁ@ SR EOFTH0E.
(p, 9); (10m, 5n); (20x3, 5y?); (4x, 3x?); (3mn, 4np)
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3. Complete the table of products.

( First monomial —
Second monomial

2X By 3x? — 4xy X2y | -9x?y?

2X 4x?
By —-15x%y
3x?

— 4xy

X%y

—9x?y?

J

4. Obtainthe volume of rectangular boxes with the following length, breadth and height
respectively.
() 5a, 3a? 7a* (i) 2p, 4q, 8r (i) xy, 2x%y, 2xy*> (V) a, 2b, 3c
5. Obtain the product of
@ xy,yz, zx (i) a,—-aa’ (iiiy 2, 4y, 8y?, 16y
(v) a, 2b, 3c, 6abc (v) m,—mn, mnp

9.8 Multiplying a Monomial by a Polynomial

9.8.1 Multiplying a monomial by a binomial
Let us multiply the monomial 3x by the binomial 5y + 2, i.e., find 3x x (5y +2) =?

Recall that 3x and (5y + 2) represent numbers. Therefore, using the distributive law,
3x x (By + 2) = (3x x 5y) + (3x x 2) = 15xy + 6X

We commonly use distributive law in our calculations. For example:
7%x106=7x (100 + 6)
=7x100+7x6 (Here, we used distributive law)
=700+42=742
7x38=7x(40-2)
=7x40-7 %2 (Here, we used distributive law)
= =280 - 14 =266
Similarly, (=3x) x (-by + 2) = (-3x) x (-5y) + (=3x) x (2) = 15xy — 6x
and 5xy x (y? + 3) = (5xy x y?) + (5xy x 3) = 5xy® + 15xy.

What about a binomial x monomial? For example, (5y +2) x 3x=?
We may use commutative lawas: 7x3=3x7;oringeneral axb=bxa
Similarly, (By +2) x 3x =3x x (by + 2) = 15xy + 6X as before.

TRY THESE

Find the product () 2x (3x + 5xy) (i) a?(2ab-5c)
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3. Hoeesd K)éé)ézéa $rdoto’k.

E RN 2 2 2 2‘
S0l 5%on 1 2X -5y 3X — 4xy >y | -9x%y

2X 4x?
) —-15x%y
3x?

— 4xy

X%y

— 9x?y?

g J

4. (Bods akedd LD, ey, d&en BOAS 5?»‘433@96 B 5050 BLTI0E.
() 5a, 3a? 7a* (i) 2p, 4q, 8r (i) xy, 2x%y, 2xy*> (i) a, 2b, 3c
5. (Bob & vereky EPSod.
(i) xy,yz, zx (i) a, -a%ad (iiiy 2, 4y, 8y?, 16y?
(v) a, 2b, 3c, 6abc (v) m,—mn, mnp

0.8 DEHAY F0ReS® HRosKko

9.8.1 EIBI BHas® HBosto

STEREeD, D858 XD &5e By + 23 rhlgro. wdre 3x X (By + 2) = ? E5iPS0d.

3X 583w (B + 2) 903D Qogged JoeAPAD 19K @z‘ﬁaé‘so&. ®OLHHOY, g
TgAF) GS3Brhod 3X X (By + 2) = (3x x By) + (3x x 2) = 15Xy + 6X.

8o Do P Dgrr THArQ) SHARATO. ST
7 x 106 = 7 x (100 + 6)
=7x100+7%6 (3, Der TaieR) ed@ErRROTO)
=700 +42 =742
7x38=7x (40-2)
=7x40-7x2 (5, Degpis Tg0eR) SDdEROTTO)

=280 - 14 = 266
©BHore, (=3x) x (=5y + 2) = (=3x) x (-5by) + (=3x) x (2) = 15xy — 6x
SoBs» 5xy x (y? + 3) = (5xy x y?) + (5xy x 3) = 5xy® + 15xy.

| oD X DEDG 1HB0D D BHYKOH? GwEESe, (BY +2) X 3X=?
b oo %éagoe‘éé TR GHRBRAOBHEY: 7 X3 =3 X7, S Jpedeeore axb=bxa
@BNFore, H0oDS (5y +2) x 3x = 3x x (5y + 2) = 15xy + 6X @d TehDE).

©Q0 508 () 2x (3x + 5xy) (i) a?(2ab -5c)
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9.8.2 Multiplying a monomial by a trinomial
Consider 3p x (4p*+5p + 7). As in the earlier case, we use distributive law;
3p % (4p*+5p +7) = (3p x 4p?) + (3p X 5p) + (3p % 7)
=12p3 + 15p? + 21p

Multiply each term of the trinomial by the monomial and add products. TRY THESE

Observe, by using the distributive law, we are able to carry out the Find the product:

multiplication term by term. (4p% + 5p + 7) x 3p
Example 5: Simplify the expressions and evaluate themas directed:
() x(x=3)+2forx=1, @ 3y(Ry-7)-3(y—-4)-63fory=-2
Solution:

() x(x=3)+2=x*-3x+2
For x=1,x-3x+2=(1)*-3(1) +2
=1-3+2=3-3=0
(i) 3y(2y-7)-3(y—4)-63 =6y>—21y—3y+12-63
= 6y?—24y - 51
6 (-2)>-24(-2)-51
=6x4+24x2-51
=24+48-51=72-51=21

For y=-2, 6y>— 24y -51

Example 6: Add

() 5m (3 -m)and 6m?—13m (i) 4y (3y>+5y—7)and 2 (y®-4y?+5)
Solution:

(i) First expression=5m (3 —m) = (5m x 3) — (5m x m) = 15m — 5m?

Now adding the second expression to it,15m — 5m? + 6m? — 13m = m? + 2m
(i) The first expression = 4y (3y? + 5y — 7) = (4y x 3y?) + (4y x By) + (4y x (7))
=12y + 20y? — 28y
The second expression=2 (y3—4y?+5) =2y3 + 2 x (= 4y?) + 2 x 5

=2y*-8y*+ 10
Adding the two expressions, 12y3 +  20y?-28y
+ 2y - 8y +10

14y3 + 12y?-28y +10
Example 7: Subtract 3pq (p—q) from 2pq (p + q).

Solution: We have 3pq (p—q) = 3p’°q—3pg? and
2pq (p + q) = 2p*q + 2pg?
Subtracting, 2p’q +  2pq?
3p’q - 3pg’
— +

-pg + 5pg?
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0.8.2 L0 (@H68° hdosko
3p X (4p? + 5p + 7) & 8:08%. S0t DY DPorrs, e Teair) eH@RARKD;
3p x (4p* +5p +7) = (3p x 4p?) + (3p x 5p) + (3p x 7)
=12p* + 15p% + 21p

DESHE (BHO To8) (58 TR 19eBoD), & LerEeH KobePo Taed. (BB oSl

DEP T0H0 GHEPA0Y (8 TaeQ) HEE Do 1o Babresnd 0205 ELRPE08.
©
{ooBod. (4p*>+5p+7)x3p

&P 51 (808 $5rdeeln Kwﬂ%ééo{’b, T8 Dendodn ol JPorr BP0,
() x=1s8x(x=-3)+2 (i) y=-2583y(2y-7)-3(y-4)-63

PEST (X (X=3)+2=x2—3x + 2
X=1leoond X*—3x+2=(1)?-3(1)+2
=1-3+2=3-3=0
(i) 3y(2y-7)-3(y—4)-63 =6y>—21y—3y+12-63

= 6y?—24y - 51

y = =2 e@ond 6y? — 24y — 51 =6 (-2)? - 24(-2) - 51
=6x4+24%x2-51
=24+48-51=72-51=21

amrsedes 6: Ergob.
() 5m (3-m) Hvcso 6m?—13m (i) 4y (3y? + 5y —7) 605w 2 (Y2 — 4y? + 5)
PEI:
() 3088 dsrd0 =5m (3 —m) = (5m x 3) — (bm x m) = 15m — 5m?
& Boks HSrr8 &8 15m — 5m? + 6m? — 13m = m? + 2m
(i) Soesd vesoeido =4y (3y? + 5y —7) = (4y x 3y?) + (4y x 5y) + (4y x (7))
=12y + 20y? — 28y
Bokd dsedo =2 (Y —4y?+5) =23 +2x(—4y) +2x5

=2y3-8y?+ 10
AHPEH Both BT ERESHE 12y3 + 20y?-28y
+ 2y - 8y? +10

14y3 +  12y?-28y +10
ewesedes 71 3pq (p—q) % 2pg (p + q) 08 E2Fcsnsw.
PSS 3pq (p — ) = 3p°q — 3pg’ 6™
2pq (p + q) = 2p’q + 2pg?
&Fcdhrre, 2p%q + 2pQ?
3p°q - 3pg?
— +

-pq + 5pq°
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B - XERCISE 9.3

1. Carryout the multiplication of the expressions in each of the following pairs.
() 4p,q+r (i) ab,a-b @iy a+b,7a??> (v) a>-9,4a
() pg+qr+rp,0

2. Complete the table.

( First expression Second expression Product )

()] a b+c+d

(i) X+y-5 5xy

(i) p 6p>-T7p+5

(v) 4p*q? p? - P
dv) atb+c abc Y

3. Find the product.

() (@) (262 x (422 @ (2)x(2ey)
(i) (—% pq3) x (g qu) (V) X X X2 x X3 x XA

1
4. (a) Simplify 3x (4x-5)+ 3and find its values for (i) x =3 (ii) x= 5

(b) Simplify a(a?+a+1)+5and find itsvalue for (i)a=0, (i)a=1
(iiya=-1.
5 (@ Add:  p(p-a)a(gq-rjandr(r-p)
(b) Add: 2X(z-x-y)and 2y (z-y—Xx)
(c) Subtract: 3l(I-4m+5n)from 41 (10n-3m+21)
(d) Subtract: 3a(a+b+c)-2b(a-b+ c)from 4c(-a+b+c)

9.9 Multiplying a Polynomial by a Polynomial

9.9.1 Multiplying a binomial by a binomial
Let us multiply one binomial (2a + 3b) by another binomial, say (3a + 4b). We do this

step-by-step, as we did in earlier cases, following the distributive law of multiplication,
(3a +4b) x (2a + 3b) = 3a x (2a + 3b) + 4b x (2a + 3b)

Observe, every term in one[— = (3ax 2a) + (3a x 3b) + (4b x 2a) + (4b x 3b)
binomial multiplies every = 6a2 + 9ab + 8ba + 12b?

term in the other binomial. = 6a2 + 17ab + 1212 (Since ba = ab)

When we carry out term by term multiplication, we expect 2 x 2 = 4 terms to be
present. But two of these are like terms, which are combined, and hence we get 3 terms.
In multiplication of polynomials with polynomials, we should always look for like
terms, if any, and combine them.
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. o 9.3

1. (Bod SEimire adeo ouped EHFKOE.
() 4p,q+r (i) ab,a-b (i) a+b, 7a%? (v) a?-9,4a
(V) pg+qr+rp,0

2. 5855 Gr0 SoHod.

( 8B DB Boks J&Ho om0 )
()] a b+c+d

(i) X+y-5 5xy

(i) p 6p?-Tp+5

(v) 4p*q? p? - P

dv) atb+c abc y

3. 0o EHFIo’. ) 9

() (8% x (2a%) x (48) (i) (g XY) x (E Xzyz)

(iii) (_Q pq3] y [g p3qj (iv) X % X2 x X3 x x4

1
4. (a) 3x(4x—5)+3% S0 (i) x =3 (i) x= 5 © 58 & D

EHOPS0R.
(b) a(@+a+1)+5 &r§E600
(a=0 (ha=1 (i)a=-le S & JendH EHFSOE.
5. (@ &r@od:  p(p-0),q(q-r)8cor(r-p)

(b) BrZo&: 2X (z—x—-Yy) 8w 2y (z-y—-X)

(©) &230%0&: 3l (1-4m+5n)H 41(10n-3m+21) 508

(d) &23c%0&: 3a(a+b+c)-2b(a-b+ c)4c(—a+b+c)od
9.9 25VHRY FTVHAE® HBosLo
9.9.1 awad awas® Hhdosto

8 B0 (2a + 3b) O &% &ge (3a + 4b) &° wdtro. BV HErseE e TFEDoH BHEFAOD
SBRER08° BoBHEN0H V1Y STERe $T FHoBHE.
(3a +4b) x (2a + 3b) = 3a x (2a + 3b) + 4b x (2a + 3b)
a8 Bd doF) B8 dorY[— = (3a x 2a) + (3a x 3b) + (4b x 2a) + (4b x 3b)
B8 BHH TwE) (8 Hos® = 6a? + 9ab + 8ba + 12b?

$HBoBEeR) K$%Q0B0d. = 6a2 + 17ab + 12h? (ba = ab seH%)

BEE e HesPEo BEHE0 B @a@aoé’s 2% 2= 45tren Gotrdhd @B0ero. ©ond a8 3o
Ber® Horen GIPE B SoHEo $9 B0 3 Do APothero. aEwBHes aFwste Hhrsdos®
B8 Jorod K09, wiRY S8 T Ermed.




22 B MATHEMATICS ALGEBRAIC EXPRESSIONS AND |DENTITIES

Example 8: Multiply
() (x—4)and (2x +3) (i) (x-y)and (3x + 5y)
Solution:

) (X=4)x(2x+3)=x%x(2x+3)—4x(2x+3)
Z(XX2X)+(xx3)—(4%x2X)—(4x3)=2x>+3x—8x—12
=2x? - 5x - 12 (Adding like terms)

(i) (x—y)x(3x+5y)=xx (3x +5y) —y x (3x + 5)
= (xx3x) + (xx 5y) - (y x 3x) - (y x 5Y)
= 3x? + bxy — 3yx — 5y? = 3x? + 2xy — 5y? (Adding like terms)

Example 9: Multiply

() (@a+7)and(b-5) (i) (a+ 2b? and (5a- 3b)

Solution:

() @+7)x(b-5=ax((b-5)+7x(b-5)
—ab-5a+7b-35

Note that there are no like terms involved in this multiplication.
(i) (a+ 2b? x (5a- 3b) =a? (ba—3h) + 2b* x (5a - 3b)
= 5a® - 3a’h + 10ab? - 6b?

9.9.2 Multiplying a binomial by a trinomial
In this multiplication, we shall have to multiply each of the three terms in the trinomial by

each of the two terms in the binomial. We shall get in all 3 x 2 = 6 terms, which may
reduce to 5 or less, if the term by term multiplication results in like terms. Consider

(@+7) x (@®+3a+5) =ax (a2+3a+5)+7x(a2+3a+5)
binomial trinomial [using the distributive law]
=a’+3a?+5a+7a*+2la+ 35
=a®+ (3a?+ 7a?) + (ba + 21a) + 35
=a®+ 10a? + 26a + 35 (Whyare there only 4
terms in the final result?)

Example 10: Simplify (a+ b) (2a—3b +¢) — (2a-3b) c.

Solution: We have

(@a+b)(2a-3b+c)=a(2a-3b+c)+b(2a-3b+¢)
=2a’-3ab + ac + 2ab - 3b? + bc
=2a*’—ab-3b?+ bc + ac (Note, —3ab and 2ab
are like terms)
and (2a - 3b) c =2ac — 3bc
Therefore,
(a+b)(2a-3b+c)-(2a-3b) c=2a%-ab-3b?+ bc + ac — (2ac — 3bc)
=2a?-ab-3b*+ bc + ac — 2ac + 3bc
= 2a%-ab - 3b? + (bc + 3bc) + (ac — 2ac)
=2a?-3b*-ab + 4bc-ac
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aursren 8! vgpod EfPdod.
() (x—4) 508050 (2x + 3) (i) (x-y)odas» (3x + 5y)
PEI:

() (x=4)x(2x+3) =xx(2x+3) -4 x (2x + 3)
S(XXx2X)+(Xxx3)—(4x2X)—(4x3)=2x>+3x—8x—12
=2x? - 5x - 12 (Rerd Soredn endre)

(i) (x-y)x(3x+5y)=xx (3x +5y) —y x (3x + 5)
= (xx 3x) + (xx 5y) - (y x 3x) - (y x 5Y)
= 3x% + bxy — 3yx — 5y? = 3x2 + 2xy — 5y? (%erd Horen endrr)

S8 9: oeroH TS,
(i) (a+7)08050 (b-5) (i) (a®+ 2b?) 85w (5a — 3b)
PEI:
M (@+7)x(b-5=ax((b-5+7x(b-5=ab-5a+7b-35
B)ed 038068 58 Hreen BB K0Sk,

(i) (a®+ 2b? x (5a - 3b) = a? (5a— 3b) + 2b? x (5a — 3b)
= 5a® - 3a’h + 10ab? - 6b?

9.9.2 awad @Bas® Hhdosto
& Desesodt, BERS® Bokdmres® BHHER Hrth Hred HBoTd. BEHS N BB BHHSH,

(BDBE (58 HE550E° HBoVIHPE Ingo 3 X 2 = 6 Heren IO, WS e HeSEE® Kerd
Heen G608 & 606623065 Sere Sogg b B woBETY) S5)H 575N, (Bod oePRY 58890308,

2
@i7) @349 cax@r3arHTx@ SR
856 26

=a’+3a’+5a+7a’+2la+ 35

=a®+ (3a®+ 7a%) + (ba + 21a) + 35

- a.3 + 10a2 + 263. + 35 (53366 é@éo@’s 4 Heen 53"@53) So%ePQ8
880 A?)

&mededes 10: (a+h) (2a—3b +c) - (2a - 3b) ¢ 5 $r§ssos08.

5 (a+b)(2a-3b+c)=a(2a-3b+c)+b(2a-3b+¢)

=2a’-3ab + ac + 2ab - 3b? + bc
=2a’—ab-3b*+bc+ac (—3ab, 2abe» Kerd Sored K0E08)
So8oso (2a—3b) ¢ = 2ac — 3bc
=5, (@a+b) (2a—-3b +¢) - (2a-3b)c = 2a? — ab — 3b? + bc + ac — (2ac — 3bc)
=2a’-ab - 3b*+ bc + ac - 2ac + 3bc
= 2a%-ab - 3b?+ (bc + 3bc) + (ac — 2ac)
=2a’-3b*—ab +4bc-ac
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B EXERCISE 9.4

1. Multiply the binomials.
(i) (2x +5) and (4x —3) (i) (y-8)and (3y-4)
(i) (2.51-0.5m)and (2.51+0.5m)  (iv) (a+ 3b)and (x+5)
(v) (2pq+39?) and (3pq - 29°%)
(Vi) (3 a’ +3b2) and 4(a2— gsz
4 3

2. Find the product.

() (5-2x) (3+Xx) (i) (x+7y) (7x-y)
(i) (a?+b)(a+b? (v) (p*-0”) (2p+0q)
3. Simplify.
() (x*=5)(x+5)+25 (i) (@+5)(P*+3)+5

(i) (t+57) (*-59)

(iv) (a+b)(c-d)+(a-b)(c+d)+2(ac+bd)

V) X+y)@x+y)+x+2y)(x=-y) M) (X+Y)-xy+y?)
(vii) (1.5x —4y)(1.5x + 4y + 3) — 4.5x + 12y
(vi) (a+b+c)a+b-c)

9.10 What is an ldentity?

Consider the equality (@+l)(a+2)=a*+3a+2
We shall evaluate both sides of this equality for some value of a, say a = 10.
Fora =10, LHS=(a+1)(a+2)=(10+1) (10+2)=11%x12=132
RHS=a?+3a+2=10*+3x10+2=100+30+2=132
Thus, the values of the two sides of the equality are equal for a = 10.
Let us now takea=-5
LHS=(a+1)(@a+2)=(-5+1)(-5+2)=(-4) x (-3)=12
RHS=a’+3a+2=(-5)?+3(-5) +2
=25-15+2=10+2=12
Thus, for a =-5, also LHS = RHS.
We shall find that for any value of a, LHS = RHS. Such an equality, true for every
value of the variable in it, is called an identity. Thus,
(a+1)(a+2)= a’+3a+2 isanidentity.
An equation is true for only certain values of the variable in it. It is not true for
all values of the variable. For example, consider the equation
a’+3a+2=132
Itistrue for a =10, as seen above, but it is not true for a = -5 or for a =0 etc.
Try it: Show that a? + 3a + 2 = 132 is not true fora=-5and fora =0.

9.11 Standard ldentities

We shall now study three identities which are very useful in our work. These identities are
obtained by multiplying a binomial by another binomial.
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_@aﬁgéo 9.4

1. &g ool
() (2x+5) odasw (4x —3) @i (y-—8)ndcsm (3y—4)
@iy (2.51 - 0.5m) 83w (2.51+0.5m) (iv) (a+ 3b) Hodasw (X + 5)
(v) (2pq + 3q°) 00 (3pq - 20°)

(vi) (a +3b ] $oB050 4(a2_§b2]

2. @a)(;e)é) BERPK0&.

() (5-2x) (3+Xx) (i) (x+7y) (7x-y)
(i) (a*+b) (a+hb? V) (p*-0?) (2p+0q)
3. Srfs8osod.
(i) (-5)(x+5)+25 (i) (a®+5)(b*+3)+5

(ii) (t+s?) (F-5)
(V) (a+b)(c—d)+(a-b)(c+d)+2 (ac+bd)

(V) (x+y)@x+y)+(x+2y)(x=-y) (M) (X+y)(x*—xy+y?)
(i) (1.5x —4y)(1.5x + 4y + 3) — 4.5x + 12y
(vi) (a+b+c)(a+b-c)
9.10 2655 B&0EGeadn OSPIN?
D& (a+ 1) (@+2)=a*+3a+2% &ndooro.
a Q) £°Q) Do JrdexI8 s 6J) e ?ﬁs%csgo. a =10 % oo
a=10%, LHS=(a+1)(a+2)=(10+1)(10+2)=11x12=132
RHS=a?+3a+2=10°+3x10+2=100+30+2=132
a = 10 e003ypth, $rda08 adhIHer Denden Jrdore &aom.
a=-5% LHS=(@+1)(@a+2)=(-5+1)(-5+2)=(-4)x(-3)=12
RHS=a’+3a+2=(-5)2?+3(-5) +2
=25-15+2=10+2=12

8ore, a = -5 eondHped &ree LHS = RHS.

a @BwE) @ Denssgae LHS = RHS erheo 00 e5iisded). Ssgore 8078 Gwd) (58 Dendsd d&sord
JErSERY S8 &880 wotrd. 5059,

(a+1)(@a+2)= a®+3a+2 & H8RHDESe0.

2.8 S&088e0 S50°8 ag) 8 X)@oq DevddesHd aiJv@fi déﬁé‘é)@eﬁ)o@ 38 3608 @) DewsdeH
550 seeh. SO a2 +3a+ 2 = 132 $888m0 Sossm
28 S0y a = 10 ewond $EHEHos. 529, a=-5 T a= 0 IEBED wond B8 DD 5.
Bhosod: a2+ 3a + 2 = 1325808800 a=-5 dcw a=0% 050 58 BB,
9.11 (rSreds 26255265):5589‘@»
AP 0 SIDNEEDE LKoo éé‘s‘éﬁbéée@@& @9(55053260 365;0. &3 éé‘séﬁbééwozéa 2.8 DO
B8 &5663 10ed0SE0 TTe SR




26 B MATHEMATICS ALGEBRAIC EXPRESSIONS AND IDENTITIES

Let us first consider the product (a +b) (a +b) or (a + b)2
(a+b)=(a+b)(a+b)

=za(@a+hb)+b(a+h)

=a’+ab+ba+b?

=a?+ 2ab+b? (since ab =ha)
Thus (a+b)>=a2+ 2ab + b? "

Clearly, thisis an identity, since the expression on the RHS is obtained fromthe LHS by
actual multiplication. One may verify that for any value ofa and any value of b, the values of

the two sides are equal.
e Nextwe consider (a—b)?=(a-b)(a-b)=a(a-b)-b(a-h)
We have =a’—ab-ba+b?=a*-2ab + b?
or (a-b)?=a?-2ab + b? (n

e Finally, consider (a+b) (a—b). We have (a+b) (a—b)=a(a-b)+b(a-b)
=a?-ab + ba - b? = a2 - b’(since ab = ba)
or (@a+b)(a-b)=a*-b? (1)
The identities (1), (11) and (I11) are known as standard identities.

TRY THESE

1. Put-Dbinplace ofbinIdentity (I). Do you get Identity (11)?

e e shallnow work out one more useful identity.
(x+a)(x+b)=x(x+b)+a((x+Dhb)
=x*+bx+ax+ab
or (x+a)(x+b)=x*+(a+b)x+ab (V)

TRY THESE

1. Verify Identity (1V), fora=2,b=3,x=5.

2. Consider, the special case of Identity (IV) with a = b, what do you get? Is it
related to Identity (1)?

3. Consider, the special case of Identity (IVV) witha =-cand b =—c. What do you
get? Is it related to Identity (11)?

4. Consider the special case of Identity (IVV) with b =—a. What do you get? Is it
related to Identity (111)?

We can see that Identity (I'V) is the general form of the other three identities also.

9.12 Applying Identities
We shall now see how, for many problems on multiplication of binomial expressions and
also of numbers, use of the identities gives a simple alternative method of solving them.
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s (a+b) (a+b)Boe (a+b) wapd) H688Tro.
(@a+b)*=(a+h)(a+b)

=za(a+b)+b(a+h)

=a’+ab+ba+b?

=a’+ 2ab + b? (ab = ba sea8)

D (a+b)>=a2+ 2ab + b? ()]

éo)gom 26 2.8 éé&éﬁbéée@o. DonEs LHS &% $8mdred Hdosme RHS 55y,
adHd» b o) @ DeNROST® YIS HXPRDYE0B BeHoBa&oR.

* Joxg S0 (a—b)?=(a-b) (@a-b)=a(a-b)—b (a—b) &vHowro.
=a’-ab-ba+b*=a%*-2ab + b?

Sae (a-b)?=a?-2ab + b? (D)
o I%8me, (a+h)(@a-b)d K)é%é)csgo. (a+b)(a-b)=a(a-b)+b(a-h)
S =a’-ab+ba-b?=a?-b?(ab=basag)
(a+b)(a—b)=a-b? (1)

(1), (1) 28050 (1) S8 $SoEseres (FSrds S8HdEsere ©2 voird.

(Bch&ohol

1. 385 38088800 (1) 8° b athenre — b & (FHSTRODS B> $BWESEasd (1)
roBieTe?
® SHIQYPE> TG SHRRHEETH L SQELeaQ FBTro.
(x+a)(x+b)=x(x+b)+a(x+hb)
=x*+bx+ax+ab

Sae |(x+a)(x+b):x2+(a+b)x+ab (V)

1. a=2,b=3,x=5 0% 35xDs8m0 (IV) & 388rEod.

2. a=beond @3§§ @06663)068 8 D8BEa0 (IV) wogoe Qoth D FPothzeds?
®8 $85EBEa0 (1) & Po05oRIT°?

3. $85&u8Be0 (V) & @é S cooééa)oé’s a=—C00a» b =—cre HBKBoso’.
% o FroHad? 8k wérs(oﬁ)aééseo (1) & So0hodIT®?

4. 555808880 (V) & @%é cooééa)oé’s b =—-arm $880005&° He HW

PotHzE? 26 V&R0 (1) & Voaofodswe?
BB DEBe0 (V) DADD K BERLESETe Ferdes ErnorT KAoSHD).

9.12 % Sga‘ozbaéessavo DAISR=HK0
&‘SOJCSOQ) 38B 30 coosp © $00a5Pord8 $020509D8 ©IE SESUESI(S) Joes $°

coé‘gcoﬁbééwozéa t%o)CBI"ﬁO@ Qo0gIS, @@éﬁ:&dﬁa oacge‘éwé‘s Qe® FHoSKeoRT KHdo
BPE iﬁ;vcsgo.
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Example 11: Using the Identity (1), find (i) (2x + 3y)? (if) 1032
Solution:
(i) (2x + 3y)? = (2x)* + 2(2x) (3y) + (3y)? [Using the Identity (1)]

= 4x2 + 12xy + 9y?

We may work out (2x + 3y)? directly.
(2x + 3y)? = (2x + 3y) (2x + 3y)

= (2x) (2x) + (2x) (3y) + (3y) (2x) + (3y) (3y)

= 4x2 + 6Xy + 6 yX + 9y? (as xy = yx)

= 4x2 + 12xy + 9y?
Using Identity (I) gave us an alternative method of squaring (2x + 3y). Do you notice that
the Identity method required fewer steps than the above direct method? You will realise
the simplicity of this method even more if you try to square more complicated binomial
expressions than (2x + 3y).

(i) (103)2 = (100 + 3)?

=1002+2x 100 x 3+ 3 (Using Identity I)

=10000 + 600 + 9 = 10609
We may also directly multiply 103 by 103 and get the answer. Do you see that Identity (1)
has given us a less tedious method than the direct method of squaring 103? Try squaring
1013. You will find in this case, the method of using identities even more attractive than the
direct multiplication method.

Example 12: Using Identity (I1), find (i) (4p—3q)? (ii) (4.9)
Solution:

(i) (4p—30g)>=(4p)>-2 (4p) (3q) + (3q)> [Using the Identity (11)]
=16p® - 24pq + 9¢°
Do you agree that for squaring (4p — 3q)? the method of identities is quicker than the
direct method?
(i) (4.9)2=(5.0-0.1)>=(5.0>-2(5.0) (0.1) + (0.1)?
=25.00-1.00 + 0.01 =24.01
Is it not that, squaring 4.9 using Identity (11) is much less tedious than squaring it by
direct multiplication?

Example 13: Using Identity (I11), find

0] (Em + zn) [Em - gn] i)  9832-172 (i) 194 x 206

Solution:
2 2
() (E m + Z n) [E m — E nj = [E m] _ (3 n) Try doing this directly.
2 3 2 3 2 3 You will realise how easy
9 4 our method of using
= Zm2 —§n2 Identity (111) is.

(i) 9832-172=(983 +17) (983 -17)
[Here a =983, b=17,a>-b*>=(a+b) (a-Db)]
Therefore, 9832 - 172 =1000 x 966 = 966000
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amesrde 11 38wdEsemo (1) & edd@rnod (i) (2x+3y)? (i) 10320 EfPdod.
PEI:
()] (2x + 3y)? = (2x)*+ 2(2x) (3y) + (3y)? [ 58580880 (1) &0@PACD ]
= 4x2 + 12xy + 9y?
(2x + 3y)* %o (B8 HEB wooe BoHHEYo.
(2x + 3y)? = (2x + 3y) (2x + 3y)
= (2x) (2x) + (2x) (3y) + (3y) (2x) + (3y) (3y)
= 4x2 + 6Xy + 6 yx + 9y? ( Xy = yx 8508)
= 4x2 + 12xy + 9y?
(2% + 3y) oS0 SBo BoHeeR8 $8RMEBea0 (1) (BTG DEBI IEYED0B. B (58, 058 Eo& 88
$&EBes LB B Rbrro DA oo D Kodoerar? (2X + 3y) Som £33508 BB Jewed
é:éaﬁ"%éaéyéﬁa ééséglaééee écg@ 008800 SenDEIDE).
(i) (103)2= (100 + 3)?
=1002+2x 100 x 3+ 3 (3880 (1) DTN
=10000 + 600 + 9 = 10609
5050 1035 1038° Iore 10B0D esaran EPOBHEND. 103 Ewd) SP0 ST $8Ees0 (1)

oo°, @/)é%é_ écg@ Bo8 Drodforr JBS &5 Kdomear? 10135 :szgo BohEo e @égé

S0 Eods pSley 3808Bes DedEm BN @ééﬂz%o‘éaom 60K 0 BenE N,
amesren 12: $8ssno (11)% eddrhod 8iPsod. (i) (4p—30)> (i) (4.9)°
PEI:
() (4p—309)*>=(4p)>- 2 (4p) (30) + (30)* [$F8Lea0 (I1) &DdTrACN]
= 16p? - 24pq + 902
(4p —30)? & EHIPIT8 (HE5E, HES Eo& $ERWEBe HLB SDB5 b 2.5pEoeroe?
(i) (4.9)2=(5.0-0.1)>=(5.0)2-2(5.0) (0.1) + (0.1)?
=25.00-1.00 + 0.01 =24.01
4.9 BwE) o EFPSTe8 81880 (1) K ed@rA0SEo, (BDS5E HK8 E08 Degio sooe?

amrsden 13 $8wssno (1) ebd@rhod

3 2 3 2
@) (Em + gn) [Em - §nj (ii) 9832—- 172 (i) 194 x 206 o> ELAK08.

PEI:

o (3 20)(3n-20) - (30) (&) - 3wt

(i) 9832—172=(983 +17) (983 - 17)
[ a=983, b =17, H&cio a*—-b*= (a+b) (a—-b)]
0B, 9832 - 172=1000 x 966 = 966000

B0 g HeS®
BB0oSmA8 (Hh oS0k,
BSgdnsseo ()8 80

Dod wegorr BaHHad
B0,
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(i) 194 x 206 = (200 — 6) x (200 + 6) = 200° — 62
= 40000 - 36 = 39964
Example 14: Use the Identity (x + a) (x + b) = x2 + (a + b) x + ab to find the
following:
() 501 x 502 (i) 95x 103
Solution:
(i) 501 x 502 = (500 + 1) x (500 +2) =500+ (1 +2) x 500 + 1 x 2
= 250000 + 1500 + 2 = 251502
(i) 95 x 103 = (100 - 5) x (100 + 3) = 100% + (-5 + 3) x 100 + (-5) x 3
=10000 - 200 — 15 = 9785

B £ XERCISE 9.5

1. Use asuitable identity to get each of the following products. K
() x+3)(x+3) (i) (2y+5)(2y +5) (i) (2a-7)(2a-7) ¢

(V) (3a- %) (3a— %) ) (1.1m-0.4) (1.1m +0.4)
Vi) (@+b)(-a2+b?) (vi) (6x—7)(6x+7) (i) (~a+c)(-a+c)

(iX) e - %y) G - 3%] (X) (7a-9b) (7a—9b)

2. Usetheidentity (x +a) (x + b) =x?+ (a + b) x + ab to find the following products.

) (x+3)(x+7) (i) (4x+5) (4x+1)
(i) (4x-5) (4x - 1) (V) (4x +5) (4x—1)
(V) (2x+5y) (2x + 3y) (vi) (2a*+9) (2a°+5)

(vii) (xyz—-4) (xyz-2)
3. Find the following squares by using the identities.

) (b-7) (i) (xy + 3z)? (i) (6x* - 5y)?
2
(iv) [%m +%n] (V) (0.4p-0.50)> (vi) (2xy + 5y)?
4. Simplify.
() (a*-Db%)? (i) (2x +5)* - (2x - 5)°
@iy (7m—8n)%+ (7m + 8n)? (v) (4m +5n)? + (5m + 4n)?
(v) (2.5p-1.5q0)>- (1.5p — 2.50)?
(vi) (ab+ bc)? - 2ab%* (vii) (m?-n?m)? + 2m3n?
5. Showthat.
() (Bx+7)?—84x=(3x-7)? (i) (9p-50q)*+180pq = (9p + 59)°
(i) | =m—-=nl| +2mn= e, 22
9 16

(V) (4pg + 30)° - (4pq - 30)° = 48pg?
(v) (a-b)(@+b)+(-c)(b+c)+(c-a)(c+a)=0
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(i) 194 x 206 = (200 — 6) x (200 + 6) = 2007 — 62
= 40000 — 36 = 39964

&mesSeald: (x +a) (X +b) = X2+ (a+ b) x + ab $BRDHEBerR) &DDrA0D (Bod B ELPSod.

(i) 501 x 502 (i) 95 x 103
PEI:
(i) 501 x 502 = (500 + 1) x (500 + 2) = 5002 + (1 + 2) x 500 + 1 x 2
= 250000 + 1500 + 2 = 251502
(ii) 95 x 103 = (100 — 5) x (100 + 3) = 1002 + (=5 + 3) x 100 + (5) x 3

= 10000 - 200 - 15=9785
B oo 9.5
1. $B D83 3080 GHBrA0D Bod Lerod E"H0s.
M (x+3)(x+3) @ (2y+5)(2y+5) (i) (2a—-7)(2a-7)

(V) (3a- %) (3a— %) ) (1.1m-0.4) (1.1m +0.4)
Vi) (@+b)(-a2+b?) (i) (6x—7)(6x+7) (Vi) (~a+c)(—a+c)

(iX) e - %y) G - 3%] (X) (7a—9b) (7a—9b)

2. (x+a) (x+hb)=x2+ (a+h)x+ab 5 sw88wo eH5TPA0D (Bod oapeD

BOIPI0&.

() x+3)(x+7) (i) (4x+5) (4x+1)
(i) (4x-5) (4x-1) (v) (4x+5) (4x-1)
(V) (2x +5y) (2x + 3y) (Vi) (2a2+9) (2a+5)

(vii) (xyz—-4) (xyz-2)
3. Bod Srodd éé‘séﬁbééww &I@PN0D) B0,
) (b-7)? (i) (xy + 32)° (iii) (6x* - 5y)?

(2 3 .
(v) [5 m -+ ] n] (V) (0.4p-0.5q)> (vi) (2xy + 5y)?
4. rgsoosod:

() (a*-Db%)? (i) (2x+5)*-(2x - 5)*
@iy (7m—8n)%+ (7m + 8n)? (v) (4m +5n)? + (5m + 4n)?

(v) (2.5p-1.50)>- (1.5p - 2.50)?
(vi) (ab + bc)? - 2ab%* (vii) (m? = n’m)? + 2m?3n?

5. JérhoPol.
() (Bx+7)2—84x=(3x-7)? (i) (9p — 5q)? + 180pq = (9p + 50)?
i) | =m—Znl| +2mn= e, 22
9 16

(V) (4pg + 30)° - (4pq - 30)° = 48pg?
(v) (a-b)(@a+h)+(b-c)y(b+c)+(c-a)(c+a)=0
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6. Using identities, evaluate.

(i) 712 (i) 992 (i) 1022 (iv) 9982
(v) 5.2 (vi) 297 x 303 (i) 78 x 82 (vii) 8.92
(X) 10.5x95
7. Usinga?-b?=(a+b)(a-b), find
(i) 51%-49? (i) (1.02)%>-(0.98)2(jii) 153%— 1472

(iv) 12.12-7.9
8. Using (x +a) (x+b) =x*+ (a+ b) x + ab, find
() 103 x 104 (i) 5.1x5.2 (ii) 103 x 98 (iv) 9.7x9.8

— WHAT HAVE WE DISCUSSED? _

1. Expressions are formed from variables and constants.
2. Terms are added to form expressions. Terms themselves are formed as product of factors.

3. Expressions that contain exactly one, two and three terms are called monomials, binomials and
trinomials respectively. In general, any expression containing one or more terms with non-zero
coefficients (and with variables having non- negative integers as exponents) is called apolynomial.

4. Like termsare formed from the same variables and the powers of these variables are the same,
too. Coefficients of like terms need not be the same.

5. While adding (or subtracting) polynomials, first look for like terms and add (or subtract) them;
then handle the unlike terms.

6. There are number of situations inwhich we need to multiply algebraic expressions: for example, in
finding area of a rectangle, the sides of which are given as expressions.

7. Amonomial multiplied by a monomial always gives a monomial.

8. While multiplying a polynomial by a monomial, we multiply every term in the polynomial by the
monomial.

9. Incarrying out the multiplication of a polynomial by a binomial (or trinomial), we multiply term by
term, i.e., every term of the polynomial is multiplied by every term in the binomial (or trinomial).
Note that in such multiplication, we may get terms in the product which are like and have to be
combined.

10. Anidentity isan equality, which is true for all values of the variables in the equality.
On the other hand, an equation is true only for certain values of its variables. An equation is not an

identity.

11. The following are the standard identities:
(a+b)?=a*+ 2ab + b? ()
(a—b)?=a%?-2ab + b? ()}
(a+b)(a-b)=a2-b? (1)

12. Another useful identity is (x +a) (x + b) =x2+ (a+ b) x + ab (V)

13. The above four identities are useful in carrying out squares and products of algebraic expressions.
They also allow easy alternative methods to calculate products of numbers and so on.
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6. 353 BEEBererd SHRrR0D), KBOD0R.
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I CHAPTER

Visualising Solid |
Shapes

[=] 5T [m]
e

10.1 Introduction [=]
In Class VI, you have learnt about plane shapes and solid shapes. Plane shapes have two
measurements like length and breadth and therefore they are called two-dimensional shapes
whereas a solid object has three measurements like length, breadth, height or depth. Hence,

they are called three-dimensional shapes. Also, a solid object occupies some space.
Two-dimensional and three-dimensional figures can also be briefly named as 2-D and 3-

D figures. You may recall that triangle, rectangle, circle etc., are 2-D figures while cubes,
cylinders, cones, spheres etc. are three-dimensional figures.

DO THIS

Match the following: (First one is done for you)

0852CH10

\

( Shape Type of Shape Name of the shape

/\\\

3-dimensional Sphere

2-Dimensional Cylinder

Sy
- I

3-dimensional Square

2-dimensional Circle
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3-dimensional Cuboid
3- dimensional Cube
2-dimensional Cone
3-dimensional Triangle

N J

Note that all the above shapes are single. However, inour practical life, many a times, we
come across combinations of different shapes. For example, look at the following objects.

A tent Atin Softy (ice-cream)
A cone surmounted A cylinderical shell A cone surmounted by a

on a cylinder hemisphere

A photoframe A bowl Tomb on a pillar
A rectangular path A hemispherical shell Cylinder surmounted
by a hemisphere

DO THIS Match the following pictures (objects) with their shapes:

Picture (object) Shape

(1) Anagricultural field Two rectangular cross paths inside a
rectangular park.
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A circular patharound a circular ground.

(i) Agroove
(i) Atoy A triangular field adjoining a square field.
(v) Acircular park Acone taken out of a cylinder.

(V) Acrosspath w A hemisphere surmounted on a cone.

10.2 Views of 3D-Shapes
You have learnt that a 3-dimensional object can look differently from different positions so
they can be drawn from different perspectives. For example, a given hut can have the

following views.
Top
% 4+ | Yots et o/
z -,.;‘\ — -
e
+ ==
Front A hut Side Front view Side view Top view

similarly, a glass can have the following views.

. ,
Dt

Side view Top view

Why is the top view of the glass a pair of concentric circles? Will the side view appear different if taken from
some other direction? Think about this! Now look at the different views of a brick.
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A brick Front view Side view Top view

We can also get different views of figures made by joining cubes. For example.

Top

/! Side

Front Solid Side view Front view Top view
made of three cubes

Top

b Side

/
Front Solid Top view Front view Side view

made of four cubes
Top

—

Front Side

Solid Side view Front view Top view
made of four cubes

DO THIS

Observe different things around you from different positions. Discuss with your friends
their various views.




Ked&o prgdo Gissn 41 B

S0 - B
Qens S0otH H0d FrRHHPE (%) So0& SRRSZPeDd 2 008 SRRSHPE
B0 Eebdio Txoe Ho DY) eeéae‘éoeazéa EPOBH). GTPPEE
%
i~ %S
S0
St Hodsmes® (98) S00& SRIIPE S0oth Ho& ErRIPEd 2 008 ERRSHPE
DEES oD
%
Loty 7 4 e

oo PEes DA
WTHs P 08 SRIHPL  TwoB> 08 IFVIHPL> (B W08 SERSHP

2!

S0 B
TentH $oHS0OS NGBS L‘g’)é& D008 SrRdpE 300t DHo& IrRNHPE P DOE SERBHPE

t{»a"ég)é’é

& aﬁ:e:am BBS Ko DG SHe DG @(;mo 08 KHV0B08k. ©d EIHE QYY) eseore HO0N a8
%&%éaogs $Byosod.




42 B MATHEMATICS VISUALISING SOLID SHAPES

B £ <XERCISE 10.1

1. For each of the given solid, the two views are given. Match for each solid the

corresponding top and front views. The first one is done for you.
Object Side view Top view

(i)

@)

(i)

A weight

(iif

v)

Container
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2. Foreach of the given solid, the three views are given. Identify for each solid the corresponding top,
front and side views.

@ Object 0] (i) (i)

Top

Side

An almirah
(b) To

%’@% L. 1,

Front
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3. Foreachgiven solid, identify the top view, front view and side view.

(@)
I)/
0] (i) (iii)
®) i
Side
Frm{, (') ('D (iiD
©
<— Side
A
0] (i) (iii)
(d) Ti
a
/ : ) -
f () (ii) (iii)
(e) Tc
VN
Side

0 (i) (iii)

-
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4. Draw the front view, side view and top view of the given objects.
(@ Amilitarytent (b) Atable Top

Side

(d) A hexagonal block

Side }/ﬁ%_ Side

Front k Front

(e) Adice (f) A solid Top

Side | (_‘

10.3 Mapping Space Around Us

You have been dealing with maps since you were in primary, classes. In Geography, you
have been asked to locate a particular State, a particular river, a mountain etc., on a map.
In History, you might have been asked to locate a particular place where some event had
occured long back. You have traced routes of rivers, roads, railwaylines, traders and
many others.

How do we read maps? What can we conclude and understand while reading a map?
What information does a map have and what it does not have? Is it any different from a
picture? In this section, we will try to find answers to some of these questions. Look at the
map of ahouse whose picture is given alongside (Fig 10.1).

q4—

Front

b
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What can we conclude from the above illustration? \When we draw a picture, we attempt
to represent reality as it is seen with all its details, whereas, a map depicts only the location of
an object, inrelation to other objects. Secondly, different persons can give descriptions of
pictures completely different from one another, depending upon the position fromwhich they
are looking at the house. But, this is not true in the case of a map. The map of the house
remains the same irrespective of the position of the observer. In other words, perspective
is very important for drawing a picture but it is not relevant for a map.

Now, look at the map (Fig 10.2), which has been drawn by My house
seven year old Raghav, as the route from his house to his school: | ’J/ o

My sister’s school

From this map, can you tell -
() how far is Raghav’s school from his house?

(i) would every circle in the map depict a round about?
(i) whose school is nearer to the house, Raghav’s or his sister’s?

It is very difficult to answer the above questions on the basis of
the given map. Can you tell why? My school

The reason is that we do not know if the distances have been Fig 10.2
drawn properly or whether the circles drawn are roundabouts or
represent something else.

Now look at another map drawn by his sister,
ten year old Meena, to show the route from her
house to her school (Fig 10.3).

This map is different from the earlier maps. Here,
Meena has used different symbols for different
landmarks. Secondly, longer line segments have
been drawn for longer distances and shorter line
segments have been drawn for shorter distances,
I.e., she has drawn the map to a scale.

Now, you cananswer the following questions:

e How far is Raghav’s school from his Fig 10.3
residence?

e \Whose school is nearer to the house, Raghav’s or Meena’s?
e \Which are the important landmarks onthe route?

Thus we realise that, use of certain symbols and mentioning of distances has helped us
read the map easily. Observe that the distances shown on the map are proportional to the
actual distances on the ground. This is done by considering a proper scale. While drawing
(or reading) a map, one must know, to what scale it has to be drawn (or has been drawn),
.., how much of actual distance is denoted by Immor 1cmin the map. This means, that if
one draws a map, he/she has to decide that 1cm of space in that map shows a certain fixed
distance of say 1 km or 10 km. This scale can vary from map to map but not within a map.
For instance, look at the map of India alongside the map of Delhi.
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You will find that when the maps are drawn of same size, scales and the distances in
the two maps will vary. That is 1 cm of space in the map of Delhi will represent smaller
distances as compared to the distances in the map of India.

The larger the place and smaller the size of the map drawn, the greater is the distance
represented by 1 cm.

Thus, we can summarise that:
1. Amap depictsthe location of a particular object/place in relation to other objecty/places.
2. Symbols are used to depict the different objects/places.
3. There is no reference or perspective in map, i.e., objects that are closer to the
observer are shown to be of the same size as those that are farther away. For
example, look at the following illustration (Fig 10.4).

Fig 10.4

4. Maps use a scale which is fixed for a particular map. It reduces the real distances
proportionately to distances on the paper.

DO THIS

1. Look at the following map of a city (Fig 10.5).

Ll 1 T
CEMET/ L COURT, POLICE | j | LAKE
EnETARy N SR H : STATION] |
} i N - e — =
- 'E;— .- _:%MMNSTREET.ET- E# _
2 ] FIRe  [2) | PRIMARY [ Baryl@) [HOSPITAL,
grmoul;: Statiow. |5 | Serooc ;: RSy E'
g syt P —— Y 1SS ———— ; _____ ]
: ! - = =
f P, 1 \
,\"_\l '@l coLLESE | 1 | PoST : COMMUNITY
N ' |orrce.| | | centre.
| wareR - B
ANt | | paric VER T
R

(@ Colour the map as follows: Blue-water, Red-fire station, Orange-Library,
Yellow-schools, Green-Parks, Pink-Community Centre, Purple-Hospital,
Brown-Cemetry.
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(b) Mark a Green “X’ at the intersection of 2nd street and Danim street. A Black
“Y’where the river meets the third street. Ared ‘Z’ at the intersection of main
street and 1st street.

(c) Inmagenta colour, draw a short street route fromthe college to the lake.

2. Draw a map of the route from your house to your school showing important
landmarks.

B £ <XERCISE 10.2

1. Look at the given map ofa city.

COLLEGE |

L

Answer the following.
(@ Colour the map as follows: Blue-water, red-fire station, orange-library, yellow
- schools, Green - park, Pink - College, Purple - Hospital, Brown - Cemetery:.
(b) Mark agreen ‘X’ at the intersection of Road “‘C’ and Nehru Road, Green “Y”
at the intersection of Gandhi Road and Road A.
(c) Inred, draw ashort street route from Library to the bus depot.
(d) Which is further east, the city park or the market?
(e) Whichisfurther south, the primary school or the Sr. Secondary School?
2. Draw a map of your class room using proper scale and symbols for different objects.
3. Draw a map of your school compound using proper scale and symbols for various
features like play ground main building, garden etc.
4. Draw amap giving instructions to your friend so that she reaches your house without
any difficulty.

10.4 Faces, Edges and Vertices
Look at the following solids!

& Vertex
Riddle
| have no vertices.
ﬁ—Face
I have no flat
faces. Who am 1?

)

Edge
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—

Each of these solids is made up of polygonal regions which are called its faces;
these faces meet at edges which are line segments; and the edges meet at vertices which
are points. Such solids are called polyhedrons.

'
4 \\/ s 1 - |
These are polyhedrons These are not polyhedrons

How are the polyhedrons different from the non-polyhedrons? Study the figures
carefully. You know three other types of common solids.

Base

Lateral Base

surface Lateral surface
Sphere Cone Cylinder
Convex polyhedrons: You will recall the concept of convex polygons. The idea of
convex polyhedron is similar.
i S« DY
| N s
These are convex polyhedrons These are not convex polyhedrons

Regular polyhedrons: A polyhedron is said to be regular if its faces are made up of
regular polygons and the same number of faces meet at each vertex.
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A
A
. \%
This polyhedron is regular. This polyhedon is not regular. All the sides
Its faces are congruent, regular are congruent; but the vertices are not
polygons. Vertices are formed by the formed by the same number of faces.
same number of faces 3 faces meet at A but

4 faces meet at B.
Two important members of polyhedron family around are prisms and pyramids.

NN ‘ AN AN
| | | ~ | ~ VAR YR VAN
These are prisms These are pyramids

We say that a prism is a polyhedron whose base and top are congruent polygons
and whose other faces, i.e., lateral faces are parallelograms in shape.

On the other hand, a pyramid is a polyhedron whose base is a polygon (of any
number of sides) and whose lateral faces are triangles witha common vertex. (If you join
all the corners of a polygon to a point not in its plane, you get a model for pyramid).

A prismor a pyramid is named after its base. Thus a hexagonal prism has a hexagon
as its base; and a triangular pyramid has a triangle as its base. What, then, is a rectangular
prism? What is a square pyramid? Clearly their bases are rectangle and square respectively.

DO THIS

Tabulate the number of faces, edges and vertices for the following polyhedrons:
(Here “V’ stands for number of vertices, ‘F’ stands for number of faces and ‘E’ stands
for number of edges).

i Solid F \% E F+V E+2
Cuboid

Triangular pyramid
Triangular prism

Pyramid with square base

\_ Prismwith square base )
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What do you infer from the last two columns? In each case, do you find
F+V =E+2,ie,F+V —E=2?Thisrelationship is called Euler’s formula.
In fact this formula is true for any polyhedron.

B HINK, DISCUSS AND WRITE Ul

What happens to F, V and E if some parts are sliced off from a solid? (To start with,
you may take a plasticine cube, cut a corner offand investigate).

B - <XERCISE 10.3

1. Cana polyhedron have for its faces
(i) 3triangles? (i) 4triangles?
(i) asquare and four triangles?
2. Isitpossible to have a polyhedron with any given number of faces? (Hint: Think of

a pyramid).
3. Which are prisms among the following?
() (i)
M
A nail Unsharpened pencil
(i) N (i)
A table weight A box

4. (1) Howare prismsand cylinders alike?
(i) How are pyramids and cones alike?
Is a square prism same as a cube? Explain.
6. \erify Euler’s formula for these solids.

o1

(i) (i)
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7. Using Euler’s formula find the unknown.

( Faces ? 5 20 R
Vertices 6 ? 12
2

N Edges 12 9 > )

8. Canapolyhedron have 10 faces, 20 edges and 15 vertices?

_WHAT HAVE WE DISCUSSED?_

© o N Ok wDd

Recognising 2D and 3D objects.
Recognising different shapes in nested objects.
3D objects have different views from different positions.
A map is different from a picture.
A map depicts the location of a particular object/place in relation to other objects/places.
Symbols are used to depict the different objects/places.
There is no reference or perspective in a map.
Maps involve a scale which is fixed for a particular map.
For any polyhedron,
F+V-E=2
where ‘F’ stands for number of faces, V stands for number of vertices and E stands for number of
edges. This relationship is called Euler’s formula.
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Mensuration

11.1 Introduction

We have learnt that for a closed plane figure, the perimeter is the distance around its
boundary and its area is the region covered by it. We found the area and perimeter of
various plane figures such as triangles, rectangles, circles etc. We have also learnt to find
the area of pathways or borders in rectangular shapes.

In this chapter, we will try to solve problems related to perimeter and area of other
plane closed figures like quadrilaterals.

We will also learn about surface area and volume of solids such as cube, cuboid and
cylinder.

11.2 Let us Recall
Let us take an example to review our previous knowledge.
This isa figure of a rectangular park (Fig 11.1) whose length is 30 m and width is 20 m.
(i) What is the total length of the fence surrounding it? To find the length of the fence we
need to find the perimeter of this park, which is 100 m.

MENSURATION

CHAPTER

0852CH11

(Check it)

(i) How much land is occupied by the park? To find the
land occupied by this park we need to find the area of
this park which is 600 square meters (m?) (How?).

(if) There is apath of one metre width running inside along 5, | _,[
the perimeter of the park that has to be cemented. ——

1 m —

3

If 1 bag of cement is required to cement 4 m? area, how m | 30m

many bags of cement would be required to construct the
cemented path?

area of the path

area cemented by 1 bag
Area of cemented path = Area of park — Area of park not cemented.
Path is 1 m wide, so the rectangular area not cemented is (30 — 2) x (20 —2) m2.
That is 28 x 18 m?,
Hence number of cement bags used = ------------------

(v) There are two rectangular flower beds of size 1.5 m x 2 m each in the park as
shown in the diagram (Fig 11.1) and the rest has grass on it. Find the area covered
by grass.

We can say that the number of cement bags used =

Fig 11.1
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Area of rectangular beds = ------------------
Area of park left after cementing the path = ------------------
Area covered by the grass = ------------------
We can find areas of geometrical shapes other than rectangles also if certain
measurements are given to us . Tryto recall and match the following:

f Diagram Shape Area b
a rectangle axa
b
a
square b xh

triangle nh?

parallelogram —bxh

b S
b
{ E ) circle axb

Can you write an expression for the perimeter of each of the above shapes?

TRY THESE

(@ Matchthe following figures with their respective areas in the box.

i i 7 cm ° 49 cm?
— N\

&\

D

F— 14 em — — 77 cm?
71-m 71-111 98 cnv?
1 1

(b) Write the perimeter of each shape. —— 14 em —— —7 em—|
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B £ <XERCISE 11.1

1. A square and a rectangular field with
measurements as given in the figure have the same
perimeter. Which field has a larger area?

2. Mrs. Kaushik has a square plot with the @) (b)
measurement as shown in the figure. She wants to
construct a house in the middle of the plot. Agarden is developed T
around the house. Find the total cost of developing a garden around
the house at the rate of ~ 55 per n?2,

3. The shape ofa garden is rectangular in the middle and semi circular
at the ends as shown in the diagram. Find the area and the perimeter

of this garden [Length of rectangle is

T 20 - (3.5 + 3.5) metres]. 1

Ll

25m

[ 20 m |
4. A flooring tile has the shape of a parallelogram whose base is 24 cm and the
corresponding height is 10 cm. How many such tiles are required to cover a floor of
area 1080 m?? (Ifrequired you can split the tiles in whatever way you want to fill up

the corners).

5. Anantis moving around a few food pieces of different shapes scattered on the floor.
For which food-piece would the ant have to take a longer round? Remember,
circumference of a circle can be obtained by using the expressionc = 2xr, where r
is the radius of the circle. \K\

@) (©)

)
—_— -« -T
£ = [

11.3 Area of Trapezium

Nazma owns a plot near a main road / D TTT
(Fig 11.2). Unlike some other rectangular /j T e
plots in her neighbourhood, the plot has - - o1
only one pair of parallel opposite sides. ,/

So, itis nearly a trapeziumin shape. Can ,-’ b
you find out its area? : Y | )
Let us name the vertices of this plot as

showninFig 11.3. E

By drawing EC || AB, we can divide it A e T T
into two parts, one of rectangular shape H u —h—

and the other of triangular shape, (which —12m—i Fig 11.3

is right angled at C), as shown in Fig 11.3. Fig 11.2 (b=c+a=30m)
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1 1
Area of AECD = Ehxc: 5X12><10 =60 m2.

Area of rectangle ABCE =h x a =12 x 20 = 240 m?.
Area of trapezium ABDE = area of A ECD + Area of rectangle ABCE = 60 + 240 = 300 n2.

We can write the area by combining the two areas and write the area of trapezium as

1 c
area of ABDE = Eh xc+hxa=h (§+a)

(c+2a) (c+a+a)
-h —h| /=22
2 2

(sum of parallelsides)

2
. N . . (b+a)
By substituting the values of h, b and a in this expression, we find h — =300 m%

TRY THESE

1. Nazma’ssister also has a trapezium shaped plot. Divide it into three parts as shown

_ h(bLza) _ height

(Fig 11.4). Show that the area of trapeziumWXYZ =h (a+b) .
R I_ _____________ b _______

z M= " 2. Ifh=10cm,c=6cm,b=12cm,
d =4 cm, find the values of each of
h its parts separetely and add to find
the area WXYZ. \erify it by putting
the values of h, a and b in the

expression e+, .

Fig 11.4

DO THIS b

1. Draw anytrapeziumWXYZ ona piece
of graph paper as shown in the figure
and cut it out (Fig 11.5).

T’

*

2. Find the mid point of XY by folding /
the side and name it A (Fig 11.6).

Fig 11.6
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3. CuttrapeziumWXYZ into two pieces by cutting along ZA. Place A ZYAas shown
in Fig 11.7, where AY is placed on AX.

What is the length of the base of the larger "h \A

MENSURATION

triangle? Write an expression for the area of I—I >
: B

this triangle (Fig 11.7). W Fig 11.7

4. Theareaofthistriangle and the area of the trapezium WXYZ are same (How?).
Get the expression for the area of trapezium by using the expression for the area
oftriangle.

So to find the area of a trapezium we need to know the length of the parallel sides and the
perpendicular distance between these two parallel sides. Half the product of the sum of
the lengths of parallel sides and the perpendicular distance between them gives the area of

trapezium.

TRY THESE

Find the area of the following trapeziums (Fig 11.8).
() (i)

—7 em—

7
3cm \
9 cm —

DO THIS

In Class V11 we learnt to draw parallelograms of equal areas with different perimeters.
Can it be done for trapezium? Check if the following trapeziums are of equal areas but
have different perimeters (Fig 11.9).

Fig 11.8

Fig 11.9
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We know that all congruent figures are equal in area. Can we say figures equal in area
need to be congruent too? Are these figures congruent?

Draw at least three trapeziums which have different areas but equal perimeters ona
squared sheet.

11.4 Area of a General Quadrilateral

A general quadrilateral can be split into two triangles by drawing one of its diagonals. This
“triangulation” helps us to find a formula for any general quadrilateral. Study the Fig 11.10.

Avrea of quadrilateral ABCD
= (area of AABC) + (area of AADC)

. . PR —¢
=(§AC><h1)+(EAC><h2) LN N
A= Vp
= 2aCx(h+ h) Fig 11.10

2

1
=5 d (h,+ h,) where d denotes the length of diagonal AC.

Example 1: Find the area of quadrilateral PQRS shownin Fig 11.11.

Solution: Inthiscase,d=5.5cm, h1: 2.5cm, h2 =1.5cm,

1
R Area:Ed(h1+ h,)
E
i 1
- ie =5 % 55x(2.5+1.5) cm?
=" 1
\‘P/Flg 11.11 = —x55x4cm? =11 cm?

N

TRY THESE

We know that parallelogramis also a quadrilateral. Let us E—
also split such a quadrilateral into two triangles, find their ~
areas and hence that of the parallelogram. Does this agree

with the formula that you know already? (Fig 11.12) b
Fig 11.12

11.4.1 Area of special quadrilaterals

We can use the same method of splitting into triangles (which we called “triangulation™) to
find a formula for the area of arhombus. In Fig 11.13 ABCD is a rhombus. Therefore, its
diagonals are perpendicular bisectors of each other.

Area of rhombus ABCD = (area of A ACD) + (area of A ABC)
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1 1 1
:(EXACXOD)+(ExACxOB): EACX(OD+OB)

1 1
= EAC x BD = Edl xd, where AC=d andBD =d,
In other words, area of a rhombus is half the product of its diagonals.

Example 2: Findthe area of a rhombus whose diagonals are of lengths 10 cmand 8.2 cm.

1
Solution: Areaoftherhombus= - d, d, whered,, d, are lengths of diagonals.

2 172
1
= Ex 10 x 8.2 cm?=41 cn?

EEE THINK, DISCUSS AND WRITE "l

A parallelogram s divided into two congruent triangles by drawing a diagonal across
it. Can we divide a trapezium into two congruent triangles?

TRY THESE

Find the area

of these .
quadrilaterals / 7\
(Fig 11.14).

\
0]

11.5 Area of a Polygon

4 cm 5

L

3 5 cm
cm -
0] ()
Fig 11.14

We split a quadrilateral into triangles and find its area. Similar methods can be used to find

the area of a polygon. Observe the following for a pentagon: (Fig 11.15, 11.16)

B C

Fig 11.15
By constructing two diagonals AC and AD the
pentagon ABCDE is divided into three parts.
So, area ABCDE = area of A ABC + area of
A ACD + area of A AED.

_C
h
3

Fig 11.16

By constructing one diagonal AD and two perpendiculars BF
and CG on it, pentagon ABCDE is divided into four parts. So,
area of ABCDE = area of right angled A AFB + area of
trapezium BFGC + area of right angled A CGD + area of
A AED. (ldentify the parallel sides of trapezium BFGC.)
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TRY THESE

() Divide the following polygons (Fig 11.17) into parts (triangles and trapezium) to
find out its area.

E Fig 11.17
FI is a diagonal of polygon EFGHI NQ is a diagonal of polygon MNOPQR

(i) Polygon ABCDE isdivided into parts as shown below (Fig 11.18). Find its area if
AD =8cm, AH =6 cm, AG =4 cm, AF = 3 cm and perpendiculars BF =2 cm,
CH=3cm,EG=25cm.

Area of Polygon ABCDE =area of AAFB + ...

P
1 1 /
Areaof AAFB= - xAFxBF=—-x3x2=... . G D
2 2 F :
\ I

. (BF+CH)

Area of trapezium FBCH = FH x T
243 Fig 11.18
=3x(J2”) [FH = AH - AF] ’
1 1
Area of ACHD = > x HDx CH =....; Areaof AADE = > xAD xGE =....
So, the area of polygon ABCDE =.....
(i) Find the area of polygon MNOPQR (Fig 11.19) if !

MP =9 cm, MD =7 cm, MC =6 cm, MB =4 cm, / "\
MA=2cm “
NA, OC, QD and RB are perpendicularsto -
diagonal MP. N

Fig 11.19

Example 1: The area of a trapezium shaped field is 480 m?, the distance between two
parallel sides is 15 m and one of the parallel side is 20 m. Find the other parallel side.

Solution: One of the parallel sides of the trapezium is a = 20 m, let another parallel
side be b, height h=15m.
The given area of trapezium = 480 m?.

1
Area ofatrapezium = 5 h(a+Db)

480 x 2
15

1
So 480=_-x15x(20+b) or =20+Db

2
or 64=20+b or b=44m
Hence the other parallel side of the trapezium is 44 m.
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Example 2: The area of arhombus is 240 cm? and one of the diagonals is 16 cm. Find

the other diagonal.
Solution: Let length of one diagonal d, = 16 cm
and length of the other diagonal = d,
1
Avrea of the rhombus = 5 d, . d, =240
1
So, Elﬁ-dz =240
Therefore, d,=30cm

Hence the length of the second diagonal is 30 cm.

Example 3: There is a hexagon MNOPQR of side 5 cm (Fig 11.20). Aman and
Ridhima divided it in two different ways (Fig 11.21).

Find the area of this hexagon using both ways.

N N
[ PN N ~
| | lVl{ E WU
~" 7
Q
Fig 11.20 Ridhima’s method Aman’s method
Fig 11.21

Solution: Aman’s method:
Since it is a hexagon so NQ divides the hexagon into two congruent trapeziums. You can

verify it by paper folding (Fig 11.22).
. (11+5) ;
Now area of trapezium MNQR = 4 x 5 = 2x16=32cm )
N - So the area of hexagon MNOPQR =2 x 32 = 64 cn?.
Ridhima’s method: _ _ _ Fig 11.22
| 5cm A MNO and A RPQ are congruent triangles with altitude
3cm (Fig 11.23).
You can verify this by cutting off these two triangles and
N 1 .
Q placing them on one another.
Fig 11.23 1
Area of A MNO = > x 8 x 3=12 cm?=Area of A RPQ
Area of rectangle MOPR =8 x 5 =40 cm?
Now, area of hexagon MNOPQR =40 + 12 + 12 = 64 cm?.
—1m —
B EXERCISE 11.2 S \.

1. The shape of the top surface of a table is a trapezium. Find its area i i E
if its parallel sides are 1 mand 1.2 m and perpendicular distance . oa '
between themis 0.8 m. (N -
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2. The area of a trapezium is 34 cm? and the length of one of the parallel sides is
D 10 cmand its height is 4 cm. Find the length of the other parallel side.

BC=48m,CD =17 mand AD =40 m, find the area of this field. Side

\\ 3. Length of the fence of a trapezium shaped field ABCD is 120 m. If
C AB is perpendicular to the parallel sides AD and BC.

4. The diagonal of a quadrilateral shaped field is 24 m
and the perpendiculars dropped on it from the /]\

remaining opposite verticesare 8mand 13 m. Find 7/ | - o~

the area of the field. r/
5. The diagonals of arhombus are 7.5 cmand 12 cm. Find o

its area. \l/

6. Find the area of a rhombus whose side is 5 cm and whose altitude is 4.8 cm.
If one of its diagonals is 8 cm long, find the length of the other diagonal.

7. The floor of a building consists of 3000 tiles which are rhombus shaped and each of
its diagonals are 45 cm and 30 cmin length. Find the total cost of polishing the floor,

if the cost per m?is ~ 4. Road

8. Mohanwants to buy a trapeziumshaped field. - —-—-—-—-— - — -
Its side along the river is parallel to and twice
the side along the road. If the area of this field is I?L“ m

10500 m? and the perpendicular distance
between the two parallel sides is 100 m, find the
length of the side along the river. River

9. Topsurface of a raised platform s in the shape of a regular octagon as shown in

g the figure. Find the area of the octagonal surface.
10. There is a pentagonal shaped park as shown in the figure.

16 cm|)

For finding its area Jyoti and Kavita divided it in two different ways.

N ‘ ‘
| - ]

Find the area of this park using both ways. Can you suggest some other way
of finding its area?

11. Diagram of the adjacent picture frame has outer dimensions=24 cmx 28 cm
and inner dimensions 16 cm x 20 cm. Find the area of each section of
the frame, if the width of each section is same.

11.6 Solid Shapes

Inyour earlier classes you have studied that two dimensional figures can be identified as
the faces of three dimensional shapes. Observe the solids which we have discussed so far
(Fig 11.24).
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Fig 11.24

Observe that some shapes have two or more than two identical (congruent) faces.
Name them. Which solid has all congruent faces?

DO THIS

Soaps, toys, pastes, snacks etc. often come in the packing of cuboidal, cubical or
cylindrical boxes. Collect, such boxes (Fig 11.25).

Fig 11.25

Cuboidal Box Cubical Box

All six faces are rectangular,
and opposites faces are
identical. Sothere are three J = -

pairs of identical faces.

A ~N
~—

.

All six faces
are squares
and identical.

Cylindrical Box

— N\

One curved surface
and two circular
faces which are

identical.

A ~N
— = | |

I Vo LU I T

rf

Now take one type of box at a time. Cut out all the faces it has. Observe the shape of
each face and find the number of faces of the box that are identical by placing them on
each other. Write down your observations.
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Did you notice the following:

The cylinder has congruent circular faces that are parallel

‘ ‘ ‘ to each other (Fig 11.26). Observe that the line segment joining
the center of circular faces is perpendicular to the base. Such

cylinders are known as right circular cylinders. We are only
going to study this type of cylinders, though there are other

F!g_11.2_6 types of cylinders as well (Fig 11.27). F'g 11.27 .
(This is a right (This is not a right
circular cylinder) circular cylinder)

B THINK, DISCUSS AND WRITE "l
/< >\ Why is it incorrect to call the solid shown here a cylinder?

11.7 Surface Area of Cube, Cuboid and Cylinder

Imran, Monica and Jaspal are painting a cuboidal, cubical and a cylindrical box respectively
of same height (Fig 11.28).

N~ I~
I ~ ~

Fig 11.28

They try to determine who has painted more area. Hari suggested that finding the
surface area of each box would help them find it out.

To find the total surface area, find the area of each face and then add. The surface
area of a solid is the sum of the areas of its faces. To clarify further, we take each shape

one by one.
——
11.7.1 Cuboid \ \ HE

Suppose you cut open a cuboidal box T
and lay it flat (Fig 11.29). We can see [
a net as shown below (Fig 11.30). g ) R (R R

Write the dimension of each side. =
You know that a cuboid has three | &
pairs of identical faces. What | Pt B
expression can you use to find the +—/—wv" #1
area of each face? i

Find the total area of all the faces
of the box. We see that the total surface area of a cuboid isarea | + area Il + area Il +
area IV +area V + area VI

=hxl+bxl+bxh+Ixh+bxh+IxDb
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So total surfacearea=2 (hxl1+bxh+bx1)=2(Ib + bh +hl)
where h, | and b are the height, length and width of the cuboid respectively.

Suppose the height, length and width of the box shown above are 20 cm, 15 cmand
10 cmrespectively.
Then the total surface area=2 (20 x 15 + 20 x 10 + 10 x 15)

=2 (300 + 200 + 150) = 1300 1.

TRY THESE

Find the total surface area of the following '|-
cuboids (Fig 11.31): Jlo em
— — Fig 11.31
e The side walls (the faces excluding the top and Roof

bottom) make the lateral surface area of the
cuboid. For example, the total area of all the four
walls of the cuboidal room in which you are sitting
is the lateral surface area of this room (Fig 11.32).
Hence, the lateral surface area of a cuboid is given
by 2(h x 1+ b x h) or 2h (I + b). Fig 11.32

DO THIS

(i) Cover the lateral surface of a cuboidal duster (which your teacher uses in the
class room) using a strip of brown sheet of paper, such that it just fits around the
surface. Remove the paper. Measure the area of the paper. Is it the lateral surface
area of the duster?

(i) Measure length, width and height of your classroom and find
(@) the total surface area of the room, ignoring the area of windows and doors.
(b) the lateral surface area of this room.

(c) thetotalarea of the roomwhich is to be white washed.

— —

————p—

Base

B THINK, DISCUSS AND WRITE i

1. Canwe saythat the total surface area of cuboid = | i
lateral surface area + 2 x area of base?

2. Ifwe interchange the lengths of the base and the height )
of a cuboid (Fig 11.33(i)) to get another cuboid —I— ;b
(Fig 11.33(ii)), will its lateral surface area change? 0 Fig 11.33 (i)
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11.7.2 Cube

DO THIS

Draw the pattern shown on a squared paper and cut it out [Fig 11.34(i)]. (You
know that this pattern is a net of a cube. Fold it along the lines [Fig 11.34(ii)] and
tape the edges to forma cube [Fig 11.34(iii)].

|
4 49 - i il
N
N
Fig 11.34 l
l
[ [
l [
l
! ! ;
0 (ii)
Fig 11.35

(@ What is the length, width and height of the cube? Observe that all the faces of a

cube are square in shape. This makes length, height and width of a cube equal
(Fig 11.35(i)).

(b) Write the area of each of the faces. Are they equal?
(c) Write the total surface area of this cube.

(d) Ifeachside ofthe cube is |, what will be the area of each face? (Fig 11.35(ii)).
Can we say that the total surface area of a cube of side | is 612?

TRY THESE
iy

Find the surface area of cube Aand lateral surface area of cube B (Fig 11.36).

Fig 11.36
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EEE THINK, DISCUSS AND WRITE Wl 3 &~~~

(i) Two cubes each with side b are joined to form a cuboid (Fig 11.37). What is the
surface area of this cuboid? Is it 12b?? Is the surface area of cuboid formed by
joining three such cubes, 18b%? Why?

—

ad
L L

T
b
|

—bh—i—b—i

!

— b——p——b—

Fig 11.37

(i) How willyou arrange 12 cubes of equal length to forma
cuboid of smallest surface area?

(i)  After the surface area of a cube is painted, the cube is cut
into 64 smaller cubes of same dimensions (Fig 11.38).
How many have no face painted? 1 face painted? 2 faces
painted? 3 faces painted? Fig 11.38

11.7.3 Cylinders

Most of the cylinders we observe are right circular cylinders. For example, a tin, round
pillars, tube lights, water pipes etc.

DO THIS

(i) Take acylindrical can or box and trace the base of the can on graph paper and cut
it [Fig 11.39(i)]. Take another graph paper in such a way that its width is equal to
the height of the can. Wrap the strip around the can such that it just fits around the
can (remove the excess paper) [Fig 11.39(ii)].

Tape the pieces [Fig 11.39(iii)] together to forma cylinder [Fig 11.39(iv)]. What is
the shape of the paper that goes around the can?

N

) (i) (iif . (v)

Fig 11.39
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Of course it is rectangular inshape. When you tape the parts of this cylinder together,
the length of the rectangular strip is equal to the circumference of the circle. Record
the radius (r) of the circular base, length (I') and width (h) of the rectangular strip.
Is 2rtr = length of the strip. Check if the area of rectangular strip is 2rcrh. Count
how many square units of the squared paper are used to form the cylinder.
Check if this count is approximately equal to 2zr (r + h).

(i) We can deduce the relation 2xr (r + h) as the surface area of a cylinder in another
way. Imagine cutting up a cylinder as shown below (Fig 11.40).

< — =Tr

= LTr
- J_ -

N

Fig 11.40
The lateral (or curved) surface area of a cylinder is 2rrh.

22
Note: We take & to be 7
unless otherwise stated.

TRY THESE

Find total surface area of the following cylinders (Fig 11.41)

The total surface area of a cylinder = nr? + 2nrh + wr?
= 2nr? + 2nrh or 2zr (r + h)

T

@J U /1

Fig 11.41 —2m—A

B THINK, DISCUSS AND WRITE Gl

Note that lateral surface area of a cylinder is the circumference of base x height of
cylinder. Can we write lateral surface area of a cuboid as perimeter of base x height

of cuboid?

Example 4: Anaquarium is in the form of a cuboid whose external measures are
80 cm x 30 cm x 40 cm. The base, side faces and back face are to be covered with a
coloured paper. Find the area of the paper needed?

Solution: Thelength ofthe aquarium=1=80cm
Width of the aquarium="b =30 cm
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Height of the aquarium = h = 40 cm Dy :
Area of the base =1 x b = 80 x 30 = 2400 cm? L l 4 Ve o T ;%
Area of the side face =b x h = 30 x 40 = 1200 cnm?
Area of the back face = | x h =80 x 40 = 3200 cm?
Required area = Area of the base + area of the back face

+ (2 x area of a side face)
= 2400 + 3200 + (2 x 1200) = 8000 cm?

Hence the area of the coloured paper required is 8000 cm?,

Example 5: The internal measures of a cuboidal roomare 12 m x 8 m x 4 m. Find
the total cost of whitewashing all four walls of a room, if the cost of white washing is ~ 5
per m?. What will be the cost of white washing if the ceiling of the room s also whitewashed.

Solution: Letthelengthoftheroom =1=12m
Width oftheroom=b =8 m
Height oftheroom=h=4m
Avrea of the four walls of the room = Perimeter of the base x Height of the room
=2(l+b)xh=2(12+8)x4
=2x20x4=160 n?.
Cost of white washing per m?*="5

Hence the total cost of white washing four walls of the room =" (160 x 5) =~ 800
Area of ceiling is 12 x 8 =96 m?
Cost of white washing the ceiling =~ (96 x 5) =~ 480
So the total cost of white washing =~ (800 + 480) =~ 1280

Example 6: Inabuilding there are 24 cylindrical pillars. The radius of each pillar g3
is 28 cmand height is 4 m. Find the total cost of painting the curved surface area of
all pillars at the rate of ~ 8 per m%
Solution: Radius of cylindrical pillar, r=28 cm=0.28 m
height, h=4m
curved surface area of a cylinder = 2zrh

. 22
curved surface area of a pillar = 2 x - x0.28x4 =7.04 m?

curved surface area of 24 such pillar = 7.04 x 24 = 168.96 m?
cost of painting anareaof L m>=" 8
Therefore, cost of painting 168.96 n?=168.96 x 8 = ~ 1351.68

Example 7: Find the height of a cylinder whose radius is 7 cm and
the total surface area is 968 cm?.

Solution: Let height of the cylinder = h, radius=r=7cm
Total surface area = 2xnr (h +r)
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. 22
ie., 2x —x7x(7+h)=968

7
h=15cm
Hence, the height of the cylinder is 15 cm.

B FXERCISE 11.3

1. There are two cuboidal boxes as

shown in the adjoining figure. Which / AT
box requires the lesser amount of — |

material to make? |—| Jj" o | i );l

2. A suitcase with measures 80 cm x
48 cm x 24 cmisto be covered with ~ “(@) “(b)
a tarpaulin cloth. How many metres of tarpaulin of width 96 cm is required to cover
100 such suitcases?

3. Find the side of a cube whose surface area is
600 cm?.

4. Rukhsar painted the outside of the cabinet of
measure 1 m x 2 m x 1.5 m. How much - zm
surface area did she cover if she painted all except the bottom of the cabinet.

5. Daniel is painting the walls and ceiling of a
cuboidal hall with length, breadth and height
of 15 m, 10 m and 7 m respectively. From 4 em o
each can of paint 100 m? of area is painted. | | ‘ )/l

How many cans of paint will she need to paint
the room?

6. Describe how the two figures at the right are alike and how they are different. Which
box has larger lateral surface area?

7. Aclosed cylindrical tank of radius 7 m and height 3 mis
made froma sheet of metal. How much sheet of metal is
required?

8. The lateral surface area of a hollow cylinder is 4224 cn.
It is cut along its height and formed a rectangular sheet
of width 33 cm. Find the perimeter of rectangular sheet?

9. Aroadroller takes 750 complete revolutions to move
once over to level aroad. Find the area of the road if the
diameter ofaroad roller is 84 cmand lengthis 1 m.

10. A company packages its milk powder in cylindrical | |
container whose base has a diameter of 14 cmand height | MILK | |
20 cm. Company places a label around the surface of
the container (as shown inthe figure). If the label is placed
2 cmfrom top and bottom, what is the area of the label.

14 CMm—
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11.8 Volume of Cube, Cuboid and Cylinder

Amount of space occupied by a three dimensional object is called its volume. Try to
compare the volume of objects surrounding you. For example, volume of aroom is greater
than the volume of an almirah kept inside it. Similarly, volume of your pencil box is greater
than the volume of the pen and the eraser kept inside it.
Can you measure volume of either of these objects?
Remember, we use square units to find the area of a ®>\
region. Here we will use cubic units to find the volume ofa ~ T~ o~ a0
solid, as cube is the most convenient solid shape (just as

square is the most convenient shape to measure area of a \m ()

region). I<ﬁ @
For finding the area we divide the region into square P

units, similarly, to find the volume of a solid we need to

divide it into cubical units.

Observe that the volume of each of the adjoining solids is N NN

8 cubic units (Fig 11.42).

We can say that the volume of a solid is measured by
counting the number of unit cubes it contains. Cubic units which we generally use to measure
volume are

Fig 11.42

lcubiccm=1cmxlcmxlcm=1cm?
=10mmx10mmx10mm=.............. mm?®
lcubicm=ImxImx1im=1mi

lcubicmm=1mmx1mmx1mm=1mm
=0.1cmx0.1cmx0.1em=.....ccovvrrrenenn. cm?
We now find some expressions to find volume of a cuboid, cube and cylinder. Let us
take each solid one by one.

11.8.1 Cuboid

Take 36 cubes of equal size (i.e., length of each cube is same). Arrange them to forma cuboid.
You can arrange them in many ways. Observe the following table and fill in the blanks.

( cuboid length | breadth | height | Ixbxh=V)

0] 12 3 1 |12x3x1=36
— —V

(i)
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(i)
I 9 I
“ = _
N Y I B
' 6 il
- J

What do you observe?
Since we have used 36 cubes to form these cuboids, volume of each cuboid
is 36 cubic units. Also volume of each cuboid is equal to the product of length,
breadth and height of the cuboid. From the above example we can say volume of cuboid
=IxDbxh. Sincel x b is the area of its base we can also say that,

Volume of cuboid = area of the base x height

DO THIS

Take a sheet of paper. Measure its

area. Pile up such sheets of paper

of same size to make a cuboid

(Fig 11.43). Measure the height of — /
this pile. Find the volume of the

cuboid by finding the product of - v
the area of the sheet and the height

of this pile of sheets. Fig 11.43

This activity illustrates the idea
that volume of a solid can be deduced by this method also (if the base and top of the
solid are congruent and parallel to each other and its edges are perpendicular to the
base). Canyou think of such objects whose volume can be found by using this method?

TRY THESE

Find the volume of the following cuboids (Fig 11.44).

—
()

D - I
- sz

Fig 11.44
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11.8.2 Cube

The cube is a special case of a cuboid, where | =b =h.
Hence, volume of cube=IxIx =13

TRY THESE

Find the volume of the following cubes
(@ withaside4cm (b) withaside1.5m

DO THIS

Arrange 64 cubes of equal size in as many ways as you can to form a cuboid.
Find the surface area of each arrangement. Can solid shapes of same volume have
same surface area?

B THINK, DISCUSS AND WRITE "l

A company sells biscuits. For packing purpose they are using cuboidal boxes:
box A—3cmx 8cmx 20 cm, box B — 4 cm x 12 cm x 10 cm. What size of the box
will be economical for the company? Why? Can you suggest any other size (dimensions)
which has the same volume but is more economical than these?

11.8.3 Cylinder

We know that volume of a cuboid can be found by finding the .
product of area of base and its height. Can we find the volume of | | h
a cylinder in the same way?

Just like cuboid, cylinder has got a top and a base which are
congruent and parallel to each other. Its lateral surface is also
perpendicular to the base, just like cuboid.

So the Volume of a cuboid = area of base x height ‘
=l xbxh=1Ibh
\Volume of cylinder = area of base x height

=nr? x h = nr*h

TRY THESE

Find the volume of the following cylinders.

0) ) (i) |
| 2m

—_— -

n—i
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11.9 Volume and Capacity

There isnot much difference between these two words.
(@ Volume refers to the amount of space occupied by an object.
(b) Capacity refers to the quantity that a container holds.

Note: Ifawater tin holds 100 cm?® of water then the capacity of the water tin is 100 cn.

Capacity is also measured in terms of litres. The relation between litre and cm? is,
1mL=1cm?1L=1000cm? Thus, 1 m*=1000000 cm®=1000 L.

Example 8: Find the height of a cuboid whose volume is 275 cm?® and base area

is 25 cm?.
Solution: \Volume ofa cuboid = Base area x Height
. ., Volume of cuboid
Hence height of the cuboid =
Base area
=g =1lcm

Height of the cuboid is 11 cm.

Example 9: Agodown is in the form of a cuboid of measures 60 m x 40 m x 30 m.
How many cuboidal boxes can be stored in it if the volume of one box is 0.8 m®?

Solution: \Volume of one box=0.8 m*
\Volume of godown = 60 x 40 x 30 = 72000 m*
Volume of the godown
Volume of one box
_ 60x40x30
- 0.8
Hence the number of cuboidal boxes that can be stored in the godown is 90,000.

Example 10: Arectangular paper of width 14 cmis rolled along its width and a cylinder
22
of radius 20 cm is formed. Find the volume of the cylinder (Fig 11.45). (Take Ea for )

Number of boxes that can be stored in the godown =

=90,000

Solution: Acylinder is formed by rolling a rectangle about its width. Hence the width
of the paper becomes height and radius of the cylinder is 20 cm.

20 cm

[ [

Ll
Fig 11.45

Height of the cylinder =h =14 cm
Radius=r=20cm
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\Volume of the cylinder =V =t r2h

:§x20x20x14 = 17600 cm®

Hence, the volume of the cylinder is 17600 cm?.

Example 11: Arectangular piece of paper 11 cm x 4 cm is folded without overlapping
to make a cylinder of height 4 cm. Find the volume of the cylinder.

Solution: Length of the paper becomes the perimeter of the base of the cylinder and
width becomes height.

Let radius of the cylinder =r and height = h
Perimeter of the base of the cylinder = 2ntr = 11

22
or 2x—xXxr =11
7
7
Therefore, r= 1 cm
\olume of the cylinder = V = ntr*h
_gxzxzx4 3—385 3
=X cm?® = 38.5 cm?.

Hence the volume of the cylinder is 38.5 cm®.

B EXERCISE 11.4

1. Givena cylindrical tank, in which situation will you find surface area and in
which situation volume.
(@ To find how much it can hold.
(b) Number of cement bags required to plaster it.
(c) To find the number of smaller tanks that can be filled with water fromit.

2. Diameter of cylinder Ais 7 cm, and the height is 14 cm. Diameter of Q T
cylinder B is 14 cmand height is 7 cm. Without doing any calculations
can you suggest whose volume is greater? Verify it by finding the |
volume of both the cylinders. Check whether the cylinder with greater
volume also has greater surface area?

3. Find the height of a cuboid whose base area is 180 cn? and volume A
is 900 cm??

4. A cuboid is of dimensions 60 cm x 54 cm x 30 cm. How many small cubes with side
6 cm can be placed in the given cuboid?

5. Find the height of the cylinder whose volume is 1.54 m* and diameter of the base is
140cm ?

6. Amilk tank is in the form of cylinder whose radius is 1.5 mand
length is 7 m. Find the quantity of milk in litres that can be stored
in the tank?

7. Ifeachedge of acube is doubled,
(i) how many times will its surface area increase?
(i) how many times will its volume increase?
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8. Water is pouring into a cubiodal reservoir at the rate of 60 litres per
minute. If the volume of reservoir is 108 m?, find the number of hours it
will take to fill the reservoir.

_ WHAT HAVE WE DISCUSSED’?—

1. Areaof
() atrapezium= half of the sum of the lengths of parallel sides % perpendicular distance between
them.
(i) arhombus = half the product of its diagonals.
2. Surface area ofa solid is the sum of the areas of its faces. /

3. Surface area of
a cuboid = 2(Ib + bh + hl)
a cube = 6l°

. —_y

a cylinder = 2xr(r + h)

4. Amount of region occupied by a solid is called its volume.

5. VWolume of
acuboid=1xbxh =

v

acube = I3 ——
a cylinder = r*h

6. (i) 1cm*=1mL |
(i) 1L=1000cm?
(ii) 1 m?3=1000000 cm®=1000L

~\

—= —

IV
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CHAPTER

Exponents and Powers ]2

12.1 Introduction

Do you know? : ¢ :
Mass of earth is 5,970,000,000,000, 000, 000, 000, 000 kg. We have ! AR
already learnt in earlier class how to write such large numbers more /

conveniently using exponents, as, 5.97 x 10* kg. 1 024

We read 10%* as 10 raised to the power 24.

We know 2°=2X2x%X2%X2x2 M

and 2M=2X2x2x2% ... x2%x2.. (mtimes) —

Let us now find what is 2-2_is equal to? W s

12.2 Powers with Negative Exponents

Exponentisa

You know that, 102=10 x 10 =100 negative integer.
10'=10= 100
10
10
10°=1=—
10 As the exponent decreases byl, the
10-1=2 value becomes one-tenth of the

previous value.

- 1
Continuing the above pattern we get,10-* = —

10
Simil 1022 210ttt 1
imilarly 10 10 10 100 102
10_3_L_10=LXL=L=L3
100 100 10 1000 10

What is 10-*° equal to?
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Now consider the following.
3PF=3x3x3=27

The previous number is
32=3x3= divided by the base 3.

siogs?
~ 3
3°=1= 3
T3
So looking at the above pattern, we say
1
-1 = - = —
3 1+3 3
1 1 1
-2 = — = 3 = = —
3 3 3x3 3
1 1 1 1
EgitErgty
You can now find the value of 2-2in a similar manner.
1 1
-2 — — 2 -
We have, 10 102 or 10 102
103 = i or 108 = i
- 10° ~ 1078
— 2 l 2 l
3= 7 or 3= 32 etc.

. 1 .
In general, we can say that for any non-zero integera, a ™= " where m is a
positive integer. a™ is the multiplicative inverse of a™.

TRY THESE

Find the multiplicative inverse of the following.
@M 2¢ (i) 10°° (i) 7-2 (iv) 53 (v) 10-1%©

We learnt how to write numbers like 1425 in expanded form using exponents as
1x10°+4 x 10%+ 2 x 10* + 5 x 10°.
Let us see how to express 1425.36 in expanded form in a similar way.

3 6
= _+_
We have 1425.36 =1 x 1000 +4 x100+2x10+5x 1 + 10 100

=1x108+4x10°+2x10+5%x1+3x10*+6x10°?

/’N’—\—’—\
1 1

1
10t ==, 102 =

= y = 2 = —
TRY THESE w

Expand the following numbers using exponents.
() 1025.63 (i) 1256.249
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P 0B85 a8, HiSo 31= 1+3= 3
1 1 1
-2 =— = 3 = = —
373 3x3 3
1 1 1 1
3‘3=3—2+3 =g X33 @ LK.
AP B> 27 Fog) Dendsin B8 HEBS® EHFSHB.
1
2 — 2 _—
ORJBOMT, 10 107 Sow 10 102
10—3 — i é 103 — L
~10° & " 10°
1 1
32= 2 Sor 3= 32 o8BI
1

& H0& a B &l LB g Sogg wod a ™= o @ PLETAEB0SBL.

S M a8 &3 Kgyg éospg, a" BoE) Heased DSEHEm a™

(BH& B0l

8oB T Heased SEHEMOB ELFTKsm.
i 24 (i) 105 (i) 7-2 (V) 53 (V) 10-1®

1425 $50& Sogges 1x 10°+4 x 107+ 2 x 10+ 5 x 10° re grarosreid ¢H@rA0D

AJGes ErHENSE DYGore orasrest 3&3&@0.
a0 DS 1425.36 Des Erssns” Fraroseeid $H@EPN0D QGO TEbSSY drtro.

3
= _t —
1425.36 1><1OOO+4x100+2x10+5><1+10 100
=1x10°+4x10°+2%x10+5x1+3x10'+6x 10?2
—_ "  —

1 1 1

DS &oNol 1o P
S 107=10 » 107107 " 100
K__’/\_’/\_

Bod oo HrErostod aH@TN0D YOO o000,
()] 1025.63 (i) 1256.249
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12.3 Laws of Exponents

We have learnt that for any non-zero integer a, a™ x a"=a™" *", where m and n are natural
numbers. Does this law also hold if the exponents are negative? Let us explore.

1 1 _ 1
() We know that 2 3= >3 and2-2= 2 a "= an for any non-zero integer a. 5
1 1 1 1

Therefore, 273 x27% = B E T, T =27

(i) Take (=3)*x (=3)2 @he sum of two exponents — 3 and - 2 5

3) *x(=3)7*= . -
(3 X3 = g oy

1 1 <& (—4>+(—3):—775
773 = (3)7 ‘ '

T (3)'x(-3° (-9

(i) Now consider 52 x 54 In Class VII, you have learnt that for any
1, 5 £ a"

52x 54= ke 54 = e 542 =50 non-zero integer a, PO a™ ", where
(iv) Now consider (-5)~* x (-5)? m and n are natural numbers and m > n.
1 , (-5)? 1
—5_4X —52=—X -5 = =
( ) ( ) (_5)4 ( ) (_5)4 (_5)4 x (_5)—2

1
= G52 = (-5)®@

In general, we can say that for any non-zero integer a,
a"x a"=a™*" where mand n are integers.

TRY THESE

Simplify and write in exponential form.
() =2°x (2" (i) p*xp™ (ii) 32 x 3% x 3°

On the same lines you can verify the following laws of exponents, where a and b are non
zero integers and m, n are any integers.

m

0 S=a" @ @y=ar @) @ xbo=(@by

These laws you have studied
in Class V11 for positive
exponents only.

W) z—zz[%)m V) a°=1

Let us solve some examples using the above Laws of Exponents.
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12.3 Sor@ros Jrycsren

lahve &Dﬁgéé Kgyg éoaég a®arxa=ant" (28X m, nen dre Hogyen) HID
S0 JgnHare. wond S IcHHE e FrErosteh Erwe $KoS%owe? B
@935%15580.
1 \a_m=iaéaabaa°%ﬁ3é§6@°6éoaa\'
7 R I Be 7 gn P ETETERIRIRRR S5
_ _ 1 1 1 1 )
@othHded 27 %27 = AT, T =27

(i) (£3)%x (3) %% &osiol. %’-‘f"o@w—&ﬁoﬁoﬁn—%mﬁo 5 3

3) * x(=3)7*= . -
(3 X3 = g oy

. . BS (—4>f(—3):—775

1
() 2°°= = Sbckw2-2=

2

= = = (=3)7
(_3)4 % (_3)3 (_3)4+3 ( 3)
NIatvg é)v'&";ééé ?’.gygéoaaé a%

(ii)) = 57%x 54 % $680aro i
g a _
1 5 e —=a"""afH8 m, new

52x 5i= — x 5% == =52 a
> e o 2
. y E\-h s (_E\2e Dres Dogyyen HOA» M>ne
(V) =i (B)* x (5)* $oddezo TS S5K86° SdpSHamo.

L e (5 1
(-5)" (o) = (-5)*  (-5)" x (-5)?

1
= o = (-5 @

B0, P eSS g Sogg a &,

amxat=a™", 858 m, nen Kg)vg Qdogyen
(BH&oHol

$85600, Frarol ErHos® ToeHod.
() (2y°x(=2y* (i) p*xp™ (i) 32x3°x3°

(-5)*x (-5)*=

SBQGore ([8od Hrerod TgoSrod e a , b en &vﬁgéé Kgyg Ddoggen HBA
m, Nev AIJT° ?’.g)vg D0g5e0 @oNSIPE SO

Loa” _ : .
O —F=a"" @ @)=av (i) a"xb"=(ab)" e mmyuireiss 75 ssK8S* 5
$raroseod) S

S oo,

am™ (a\"
™) n = [B) v) a’=1
28 BOBY Hr@r08 TYAreD SHTPAODHER B°Q) GIrirsneld 5 me;o.
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Example 1: Find the value of

1
M 2° @ 32
Solution:
< a3 1 1 i 1
(|) 232525 (|i) 3T2:32:3X3:9
Example 2: Simplify s
() (4P (40 (i) 2-2° Q\é
Solution:

w1
() X OO = (4t s @xa=aal =)

(i) 25+26=25-60=211 (gn+a"=a""")
Example 3: Express 4-2 as a power with the base 2.
Solution: We have, 4 =2 x 2 =22
Therefore, (4)3=(2x2)3=(22)3=22* =26 [(@™"=a™]
Example 4: Simplify and write the answer in the exponential form.
() (2°+29)°x2° (i) (-4)°x(5)°x(-5)?

4
(i) %x © V) (-3)* x @

Solution:

1
() (25+28)5x2°5=(25-8)5x 2-5=(2°3)5x 2-5=2-15-5=020= =

@) (~4)7x (8)x (-5)° =[(-4) x5 x (-5)]* = [100]°= -5

1
[using the law a™ x b™ = (ab)", a™™= a_m]
(i) % x (3)7° = —213 x(3)2=23x3%=(2x3)%=60= 6_13

(v) (-3)*x [§)4 = (-1x3)* x 5 = (-1)* x 3*x &
3 3* 3
=(-1)*x5* =5 [(-1)*=1]
Example 5: Find m so that (-3)"*! x (-3)° = (-3)’
Solution: (=3)™*"!x (=3)* = (-3)’
(=3)"*#*5=(=3)"  On both the sides powers have the same
(=3)"*6=(=3)"  base different from 1 and — 1, so their
exponents must be equal.
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amrsrden 1: (8od Jendedn Edirdn.

1
@ 27 @i 32
PEI:
3 1 1 1
i) 2 3:§:§ (i 3T2=32:3><3=9
Gt 2! dr§ssohisn. =
() apx(aye @) 22 E\
PEI:
1 m 1
O COP XA 0= (D = (= s @xa=ara” =)

(i) 25+2°6=2-CO =21 (an-a=an)
STERE 31 470 2 4D 1 Ko SrssrHind® KESES08.
TS 4=2%x2=2

wothSes (4)°=(2x2) %= ()3 =229 =25 [(am" = a™]
SRS 4 (Bob D $rg)EB00, emraed SrEtrhEne® Tedahod.
) (=20 x2° (i) 4)7x @) (97
4
(i %x 3~ ) (3" x @
PBR:
(i) (25 = 28)5 X 2-5= (25 —8)5 X 2-5= (2—3)5 X 2-5=2-15-5 = 2-20 = 2%

@) (~4)7x (8)x (-5)° =[(-4) x5 x (-5)]* = [100]°= -5

1
[a™ x b™ = (ab)™, a‘m=a—mw°§ciij°e>:63 =rsleveiatela] |

i) L x (3) 3= RN (3)3=23x37=(2x3)°=6°= 1
3 3
8 2 6
. 5)* 54 54
v) (-3)*x [5) = (-1x3)* x Fa = (-1)* x 3*x P
=(-1)*x5* =5* [(-1)*=1]
amrsedes 51 (=3)"* 1 x (=3)° = (-3)"@ond M Dend EdFPLosm.
) MLy (_2)5 — ()7 BBOIDer Foeaeed 1 D0 -1 se8enHod
P (=3)m x 51525:( 3)7 2.8 ged BOA Gamom. @orHHes o8
(—(3)3)m+6 : 2_257 Soe@roseen DSRKoNT SoePan.
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Therefore, m+6=7 a" =1 only if n = 0. This will work for any a.
or m=7-6 =1 Fora=1,1'=1?2=13=1"?%=_..=1or(1)"=
1 for infinitely many n.
2\ 2 For a=-1,
Example 6: Find the value of [— : (-1)°=(-1)*= (-1)'= (-1)*=..=1or
3 (=1)? =1 for any even integer p.
2\ 2?7 3
wions (37222
Solution 3 32 2

Example 7: Simplify (i) {[%

_(5)”
o (5]
Solution:

o (-7 - B

32 23 42 1
= = —-——7r+—={9-8}+16=—

1?2 1
o (5)7 (85" 8 57 8° (59 g9
U [5) x [E) g7 55 5s g7 0 8
—52,g? 8’ _ 64
- 52 25
H £ <XCRCISE 12.1
1. Evaluate.
N g2 S ay2 o (1)
(i 3 (i) (-4 (iii) [E)

2. Simplify and express the result in power notation with positive exponent.

) C4°=C4° @ [zi)

4

(i) (-3)* x [g) (V) (37+3 1) x35 (v)23x(-7)3
3. Findthe value of.

-2 -2 -2

() (+4YHx22 (i) (27'x4H+=272 (i) [%) + (%) + Gj




K30 Hoesromeen - Hreacen M 121

SCIASEVSIY m+6=7 N = 0 wonspsd SHED a" = 1 0HEos.
Soe m=7-6 =1 56 A Gn¥) o) e JBVEHG.

, a=1% N G ©6WEPS Dende

2\~ 1'=12=13=17?= .. =18 (1)"= 1.
S8 6 3 QenH EoPoKm. a=-1%
(-1)°=(1y=(-1)'=(-1)*=..=1
_2 _
sws (2 27 3 9 S D a8 ¥OT™E vopg P (-1)P = 1.
é - 3 - 3—2 - 22 - 4 =

STEESn 7 drg)soi (i) {(—

o (3

32 23 42 1
= = —-——7r+—={9-8}+16=—

(ii) [E) - " [g) _5= i X g = i X : — 5(—7) -(-5) % 8(_5) -(-7)

8 5 8—7 5—5 5—5 8—7
= 5_2 X 82 82 = %
52 25
N oo 12.1
1. XHoBSod.
-5
Q) 3 i) (-4) (i) @

2. (8o D wg&éaoi’b PO, émé&é $rErodo Ko $08 ErHost Trobod.

0 4+ @) [zi)

4
(i) (-3)* x [g) (V) (37+3 %35 (v)23x(-7)3
3. () (3°+4Y)x2 (i) (2tx4YH=:2?

(iin) [%) ; + (%)_2 + (%j ; © Dendodn EPdn
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(V) 3*+41+51)°

8—1>< 3
4. Evaluate (i) >

EXPONENTS AND POWERS

o {27

(ii) (5 x 2-1) x 61

5. Find the value of m for which 5™ =+ 5-3 = 5%,

e s - ('} oy (3]

7. Simplify.

. 25 x t~*
) ————— (t#0
0 53x10xt"® ( )

3°x10°°x125

(i)

57 x

6—5

12.4 Use of Exponents to Express Small Numbers in

Standard Form
Observe the following facts.

1. Thedistance fromthe Earth to the Sunis 149,600,000,000 m.

©ooNo Ok~ WDN

e =
NP O

The speed of light is 300,000,000 m/sec.

Thickness of Class V11 Mathematics book is 20 mm.
The average diameter of a Red Blood Cell is 0.000007 mm.

The thickness of human hair is in the range of 0.005 cmto 0.01 cm.
The distance of moon from the Earth is 384, 467, 000 m (approx).

The size ofa plant cell is 0.00001275 m.
Average radius of the Sun is 695000 km.
Mass of propellant in a space shuttle solid rocket booster is 503600 kg.
Thickness of a piece of paper is 0.0016 cm.

Diameter of awire on a computer chip is 0.000003 m.
The height of Mount Everest is 8848 m.

Observe that there are few numbers which we can read like 2 cm, 8848 m,

Very large numbers | Very small numbers

6,95,000 km. There are some large
numbers like 150,000,000,000 m and
some very small numbers like
0.000007 m.

Identify very large and very small
numbers from the above facts and
write them inthe adjacent table:

We have learnt how to express
very large numbers in standard form
in the previous class.

150,000,000,000 m

0.000007 m

For example: 150,000,000,000 = 1.5 x 10
Now, let ustry to express 0.000007 min standard form.
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2|
(V) (3-1+4-1+51) v) {[‘?] }

gt 53 N
4. KBoSod (i) —= (i) (57 x 2%) x 61

5. 5" +53=5wond m 3)0326263 SRRV

-1 -1t -7 —4
6. KABosSol (i) {[3] - (3) } (ii) (2) y (§)
3 4 8 5
7. Sre&sBoHEm.
: 25xt* . 37 x107° x 125
0 5°x10xt~® (t=0) ) 57x67°

12.4 Q) Vogged (PSS SreHdns® éﬂg_éoéézﬁéaoés PBPOTO SRR
Bod e H$08D0Has.

1. ¢ Hod drdyd drdo 149,600,000,000 .
5208 5o 300,000,000 &o/85.
DEB BBNKB KBS HXEo ToE) KrodEw 20 . 8.
B BESezre HoeRH0 &350 0.000007 ..
5003 FooE), Foende Soodsin 0.005 20.&0. %08 0.01 20.80.55% éotnod.
Q0 08 HoHI8 Ke o 384, 467, 000 & (Kokwdore).
a8 HE Sevo Gog) HoKeeso 0.00001275 .
Qe8050 TR0 a‘gﬁﬁéo 695000 &. .
©0B0E LS 0 T3S 200 Kotd edTrAoD (B0 (5508 503600 &. .
a8 '§3§35 S08) Srossmw 0. 0016 20. 8.
. Bosrgd 956° &1 gk 0.000003 .
DSTY BpBo Gw¥) N 8848 So.

P e o B5000DJYPes & Qdoggeds 2 20.9. 8848 &n.
695000 &.80., erod redorre BEIHE,. B 08 ?ocg éospéen
150,000,000,000 . 0B HrB%H @& 5)26&

Soggen 0.000007 . erod Eree ©8 ¢ Homgen ©8 0% Sopge
GI)O.

E) 65°S°§€>€38 08 P Soggen HOAH ©8 150,000,000,000 . 0.000007 &.
AN éospgen 00D @’Jé& éegéé‘s oocodo®. | TTTmmmmmmmmmmss ) mmmmmmmmmmomoes

S0 Bod 88KHeS® o8 DE Dogger> | T T
(EraseeBE Graime® $E00T FerR) HKpHamo.

&eeSeas: 150,000,000,000 = 1.5 x 10*

BYpi ©8 DY) Sogg 0.000007 . L (FLTBE Erdins® $EHBSERS (BSHBTTEm.

©ooNoOr WD

e =
N = o
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B 7 s . I ™
0.000007 = 1000000 ~ 10° =7x10
0.000007m=7x10"°m — - >
Similarly, consider the thickness of a piece of paper
which is0.0016 cm. - >
16 1.6x10 _

0.0016 = 10000~ 10° =1.6x10x10"* —_ 5

=1.6x103 — ]

Therefore, we can say thickness of paper is 1.6 x 10-3cm. = I

TRY THESE e !

1. Write the following numbers in standard form.

() 0.000000564 (i) 0.0000021 (i) 21600000 (iv) 15240000
2. Write all the facts given in the standard form.

12.4.1 Comparing very large and very small numbers
The diameter of the Sun is 1.4 x 10° mand the diameter of the Earth is 1.2756 x 10" m
Suppose you want to compare the diameter of the Earth, with the diameter of the Sun.
Diameter ofthe Sun=1.4 x 10°m
Diameter of the earth=1.2756 x 10" m

14x10°  1.4x107 1.4x100

1.2756x10° ~ 12756 ~ 1.2756

So, the diameter of the Sun is about 100 times the diameter of the earth.
Let us compare the size of a Red Blood cell which is 0.000007 mto that ofa plant cell which
i50.00001275 m.

Therefore which is approximately 100

Size of Red Blood cell = 0.000007 m=7 x 10-%m
Size of plant cell = 0.00001275 = 1.275 x 10-°m

x107° _7X10—6—(—5> 7x10" _ 07 07 1(a rox)
1275x10° 1275 1275 1275 13 2 PP

So ared blood cell is half of plant cell in size.
Mass of earth is 5.97 x 10?*kg and mass of moon is 7.35 x 10% kg. What is the
total mass?
Total mass = 5.97 x 10% kg + 7.35 x 10% Kkg.
=5.97 x 100 x 102 + 7.35 x 10%
=597 x 10% + 7.35 x 10%
= (597 + 7.35) x 10%
= 604.35 x 10%2Kg.
The distance between Sun and Earth is 1.496 x 10''m and the distance between
Earth and Moonis 3.84 x 10®m.
During solar eclipse moon comes in between Earth and Sun.
At that time what is the distance between Moon and Sun.

Therefore,

When we have to add numbers in
standard form, we convert them into
numbers with the same exponents.
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0.000007 _r 1 7x10¢ oo ToooTo B0l Dothrd am; %
' — - = - Fod o
1000000 ~ 10° 11 Svaren es&ﬁog.@
0.000007 & =7 x 108 &.. — ® >
0adSore 0.0016 0.5, HHodo Ko e RSN
8> HB80Tzo. Sao¥ Dot SETHS
16 1.6 x10 _ 6 een 2BA0R.
= = =1.6x10x10"* ®
0.0016 = 75000 ~ 107 St T — ’
=16x10°

| 1
©othHBes, NS H0t50 1.6 X 102 20.8 © DS, prooseiesim et S05
o)

L?.’st;@&oiso& | - 3 paren 23BN0B.,

1. (8ob Qoggess (@rsrds Brdsne® oooHod.

() 0.000000564 (i) 0.0000021 (i) 21600000  (iv) 15240000
2. (S8 Er08° TrabEod® @kbomrd)d earareooBd TeaHod.

12.4.1 ©8 Y, ©8 DY) Soxgo Bendo

BoeogR) amgdan 1.4x 10, 5Bk 45ee aegdan 1.2756X1078).
o8 &g Krdgd) 5kng” DemeRd (HAL&)R,

Boo05Q) &egds0 = 1.4 X 103D,

& a5k = 1.2756X107 &b,

14x10°  1.4x10°7 1.4x100
1.2756x10" ~ 1.2756  1.2756

@08, K78y TR0, §edh RgRKNHL KErd) 100 Bey Bedb.
Sod0 mxype> 0.000007 . Ko B B8 Sezro HBmeasins 0.00001275 . e N, Bea
HBLreang” Meyyaro.
B 8E Bewro HOSreasm = 0.000007 m=7 x 107 &».
58, Seo HOFeeoso = 0.00001275 = 1.275 x 10-° .

_7x10° _7x10°° €9 7x10" _ 07 07 1
1.275x 107 1275 1275 1275 13 2

I B B Bewrer HOPEID, é@é Beo HBSeeasns® Hiso &H0.
g (B5oed = 5.97 % 10%8. (v, Ho8a%n SoEdl (Bg0°8 = 7.35 X 10% &. (.
©ANY & (B550°He InBo dod?

Swdo (5028 = 5.97 x 10* kg + 7.35 x 10% &.(rv.
5.97 x 100 x 102 + 7.35 x 10%
597 x 10 + 7.35 x 10%

= (597 + 7.35) x 10%
=604.35 x 10?28, rv.
e85t 0800 g SoekKirs0l.496 x 10180, £8c5n e S8 HSoRH
Sogs o 3.84 % 108%.
Qg ((fseea0 606525?)0@35 g0 SO0 ety 9GS So(Ehed SIe.
&3 6065623068 B[00 B Kmdaég)% é)iﬁ?s Ko 88008 ?

@oHdd 238 oS 1005 $eh0

oI, (RoXore)

(S5reBE Er008® Ko Doggedd
SoBodo BeP Hvo A &8
PrEroseR) EOA Gothidey SrEyzeo.
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Distance between Sun and Earth=1.496 x 10"m
Distance between Earth and Moon = 3.84 x 108m
Distance between Sunand Moon=1.496 x 10* —3.84 x 108
=1.496 x 1000 x 108 —3.84 x 108
= (1496 - 3.84) x 10® m = 1492.16 x 108 m

Example 8: Express the following numbers in standard form.
() 0.000035 (i) 4050000
Solution: (i) 0.000035=3.5x10"° (i) 4050000 =4.05 x 10°

Example 9: Express the following numbers in usual form.
() 3.52x10° (i) 7.54x10°* (i) 3x10°°

Solution:
() 3.52x10°= 37525 : 109050‘? = 352000 Again we need to convert
i 4 ST YT numbers in standard forminto
() 7.54x107= 10* 10000 0.000754 a numbers with the same
~ ] 3 B exponents.
(i) 3x10°= F ~ 100000 =0.00003

B - <ERCISE 12.2
1. Express the following numbers in standard form.
() 0.0000000000085 (i) 0.00000000000942
(i) 6020000000000000 (iv) 0.00000000837
(v) 31860000000
2. Expressthe following numbers in usual form.
() 3.02x10°°¢ (i) 4.5x 10 (i) 3 x10°¢®
(v) 1.0001 x 10° (v) 5.8 x 10% (vi) 3.61492 x 10¢
3. Express the number appearing in the following statements in standard form.

() 1micronisequal to 1000000 m.

(i) Charge ofanelectron is 0.000,000,000,000,000,000,16 coulomb.
(i) Size of abacteria is 0.0000005 m
(iv) Size ofaplant cell is0.00001275 m
(v) Thickness of a thick paper is 0.07 mm
4. Inastack there are 5 books each of thickness 20mm and 5 paper sheets each of
thickness 0.016 mm. What is the total thickness of the stack.

—WHAT HAVE WE DISCUSSED?_

1. Numbers with negative exponents obey the following laws of exponents.
(a) am X arl = aITH'rI (b) am - arl = am—n (C) (am)n = amn

a”™ (a)"
@ @xr=@r @ @=1 o &)

2. Very small numbers can be expressed in standard form using negative exponents.
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KomSogtto o8BS0 8D Fotsy et = 1.496 x 1014,
el LBk HoEdA gy o = 3.84 x 108%.

Kiage £0BA0 SolEHR e B = 1.496 x 10 — 3.84 x 10°
= 1.496 x 1000 x 10° — 3.84 x 10°
= (1496 — 3.84) x 10° m = 1492.16 x 10%.

SRS 8! (8o Soggid ((PErBs Erkod® $EHES0d.
() 0.000035 (i) 4050000
FES: () 0.000035=35x10"° (i) 4050000 =4.05 x 10°

et 9: (Bob Soggolh Jeedes ErHos® i tletleln
(i) 3.52 x10° (i) 7.54x10* (i) 3x10°°

FES:
() 3.52 x 10°= 3.52 x 100000 = 352000 RS driod” tie
. » 7.54 _ 7.54 Sogges, Hde )
(i) 7.54x107= - =7-000 =0.000754 rerommen Ko somgenrs
3
- -5 — —— — - SrBDORS @B3B0 aHH
(i) 3x10°= o5 =750000 =0.00003
ogrgdo 12.2
1. (8ob Soggeld (Perds Srdos® 5EBBLos.
(i) 0.0000000000085 (i) 0.00000000000942
(i) 6020000000000000 (iv) 0.00000000837

(v) 31860000000
2. (8ob Sogged JeSes ErHost 5EBBB08.
() 3.02x10° (i) 4.5x10 (i) 3 x10°8
(v) 1.0001 x10° (v) 5.8 x 10% (vi) 3.61492 x 10°
3. Bob J&raeEost Dogge (@Psrds B0 TeeHos.

() 8 DS Tooooos . & o
(i) o8 doEeS dkgmado 0.000,000,000,000,000,000,16 Sresoen.

(i) o8 emgE0ose 865w 0.0000005 2.
(V) &8 588 908 0.00001275 &,
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Direct and Inverse
Proportions

13.1 Introduction

Mohan prepares tea for himself and his sister. He uses 300 mL of
water, 2 spoons of sugar, 1 spoon of tea leaves and 50 mL of milk.
How much quantity of each item will he need, if he has to make tea
for five persons?

If two students take 20 minutes to arrange chairs for an assembly,
then how much time would five students take to do the same job?

We come across many such situations in our day-to-day life, where we
need to see variation in one quantity bringing in variation in the other

quantity.
For example:
(i) 1fthe number of articles purchased increases, the total cost also increases.

(i) More the money deposited in a bank, more is the interest earned.

(i) As the speed of a vehicle increases, the time taken to cover the same distance
decreases.

(iv) Foragiven job, more the number of workers, less will be the time taken to complete
the work.

Observe that change in one quantity leads to change in the other quantity.

Write five more such situations where change in one quantity leads to change in
another quantity.

How do we find out the quantity of each item needed by Mohan? Or, the time five
students take to complete the job?

To answer such questions, we now study some concepts of variation.
13.2 Direct Proportion
Ifthe cost of 1 kg of sugar is ~ 36, then what would be the cost of 3 kg sugar? It is ~ 108.

CHAPTER

0852CH13
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Similarly, we can find the cost of 5 kg or 8 kg of sugar. Study the following table.

............

Observe that as weight of sugar increases, cost also increases in such a manner that
their ratio remains constant.

Take one more example. Suppose a car uses 4 litres of petrol to travel a distance of
60 km. How far will it travel using 12 litres? The answer is 180 km. How did we calculate
it? Since petrol consumed in the second instance is 12 litres, i.e., three times of 4 litres, the
distance travelled will also be three times of 60 km. In other words, when the petrol
consumption becomes three-fold, the distance travelled is also three fold the previous
one. Let the consumption of petrol be x litres and the corresponding distance travelled be
y km . Now, complete the following table:

(Petrol in litres (x)| 4 8 12 15 20 25\

)

We find that as the value of x increases, value ofy also increases in such a way that the

LDistance in km (y)| 60 180

ratio 2 does not change; it remains constant (say k). In this case, it is % (checkit!).
y

We say that x and y are in direct proportion, if X k orx=Ky.
y

4 12
In this example, 50 180" where 4 and 12 are the quantities of petrol consumed in

litres (x) and 60 and 180 are the distances (y) in km. So when x and y are in direct

. X X i
proportion, we canwrite =L = =2 [y , y, are values of y corresponding to the values x,

y
X, of x respectively] b

The consumption of petrol and the distance travelled by a car is a case of direct
proportion. Similarly, the total amount spent and the number of articles purchased is also
an example of direct proportion.
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Think of a few more examples for direct proportion. Check whether Mohan [in the initial example] will

1
take 750 mL of water, 5 spoons of sugar, 2 > spoons of tea leaves and 125 mL of milk to prepare tea for
five persons! Let us try to understand further the concept of direct proportion through the following activities.

DO THIS

(i) e Takeaclockand fix its minute hand at 12.

e Record the angle turned through by the minute hand from its original position
and the time that has passed, in the following table:

(" Time Passed (T) (T) (T) (T,) T
(inminutes) 15 30 45 60
Angle turned (A) (A) (A) (A) (A)

(in degree) 90

T
What do you observe about T and A? Do they increase together?
Is % same every time?

Isthe angle turned through by the minute hand directly proportional
to the time that has passed? Yes!
From the above table, you can also see
T,:T,=A:A,, because
T,:T,=15:30 =12
A A,=90:180 =1:2
Check if T,:T,=A:A,and T, T, =A, 1A,
You can repeat this activity by choosing your own time interval.
(@) Ask your friend to fill the following table and find the ratio of his age to the
corresponding age of his mother.

( Age Present Age )
five years ago age after five years
Friend’s age (F)
Mother’s age (M)
i
M J

What do you observe?

F
Do Fand M increase (or decrease) together? Is ™M same every time? No!
You can repeat this activity with other friends and write down your observations.
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Thus, variables increasing (or decreasing) together need not always be in direct
proportion. For example:

(i) physical changes in human beings occur with time but not necessarily in a predeter-
mined ratio.

(i) changes in weight and height among individuals are not in any known proportion and

(i) there is no direct relationship or ratio between the height of a tree and the number
of leaves growing on its branches. Think of some more similar examples.

’ TRY THESE

1. Observe the following tables and find if x and y are directly proportional.
A

i) (x| 20|17 |14 | 8| 5| 2
(y | 40 | 34 | 28| 22| 16 | 10 | 4

@) (x| 6 | 10 | 14| 18| 22| 26| 30)

LY 4 8 12 | 16 20 | 24 | 28 )

Giy (x| 5| 8 |12 15| 18 | 20)
Ly | 15| 24| 36| 60 | 72 | 100)

2. Principal =~ 1000, Rate = 8% per annum. Fill in the following table and find
which type of interest (simple or compound) changes in direct proportion with
time period.

(Time period lyear | 2years| 3 years\
Simple Interest (in °)

t
) -P kCompound Interest (in °)

J

B HINK, DISCUSS AND WRITE Ul

If we fix time period and the rate of interest, simple interest changes proportionally
with principal. Would there be a similar relationship for compound interest? Why?

Let us consider some solved examples where we would use the concept of
direct proportion.

Example 1: The cost of 5 metres ofa particular quality of cloth is ~ 210. Tabulate the
cost of 2, 4, 10 and 13 metres of cloth of the same type.

Solution: Suppose the length of cloth is x metres and its cost, in ~, is y.
( X 2 4 5 | 10 | 13

W
Ly Y, | Y, | 210 | vy, ysj
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As the length of cloth increases, cost of the cloth also increases in the same ratio. It is
a case of direct proportion.

. X X
We make use of the relation of type =+ = =%

Yi. Yo
() Herex =5, y,=210and x,=2
Therefore, 2 =22 gives S5 2 orby =2x210o0r Y, = 2> 210 =84
Y - Yo : 210y, Y2 2 5
- _ S 4 4x210
(i) Ifx, =4, then 210y, or5y,=4x2100r Y3 = 5 - 168
X2 X
[Canweuse —~ =~ here? Try!]
Yo Y3
, _ Y _10x210
(i) Ifx,=10, then 210y, or Y, —T—420
(V) 1fx =13 then — =23 or y; =210 _ gy
\Y) X. = , —_— = = =
5 210 vy, 5

[Note that here we can also use 2 or 4 or 10 in the place of i}
84 168 420 210

Example 2: Anelectric pole, 14 metres high, casts a shadow of 10 metres. Find the
height of a tree that casts a shadow of 15 metres under similar conditions.

Solution: Letthe height of the tree be x metres. We form a table as shown below:

( height of the object (in metres) 14 X w
klength of the shadow (in metres)| 10 15 J

Note that more the height of an object, the more would be the length of its shadow.

X, X
Hence, this is a case of direct proportion. That is, - y—2
1 2
We h M_oX wh =
¢ have 10 15 Wh?)

14

—x15 =
or 10 X

14x3
or 5 =X
So 21 =X

Thus, height of the tree is 21 metres.

X X X
Alternately, we can write =L = =2 as -1 = Y
Yi Y X Y
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S0 X DX, =Y, 0,
or 14:x=10:15
Therefore, 10xx=15x14
_15><14_2
or X= 10 =21

Example 3: Ifthe weight of 12 sheets of thick paper is 40 grams, how many sheets of

1
the same paper would weigh 2 > kilograms?

Solution:
Let the number of sheets which weigh 2 % kg be x. We put the above information in
the form of a table as shown below:
(Number of sheets 12 X w
kWeight of sheets (in grams) 40 2500 J

More the number of sheets, the more would their
weight be. So, the number of sheetsand their weights
are directly proportional to each other.

1kilogram = 1000 grams

1
2 5 kilograms = 2500 grams

S 2_ x
o 40 ~ 2500
12 x 2500
or a0 X
or 750 = x . W
Thus, the required number of sheets of paper =750.
Alternate method:

X
Two quantities x and y which vary in direct proportion have the relationx=kyor — = k
number of sheets 12 3 y

weight of sheets in grams 40 10

Here, k=

1
Now x is the number of sheets of the paper which weigh 2 > kg [2500 g].

3
Using the relation x =ky, x = 0 x 2500 =750

1
Thus, 750 sheets of paper would weigh 2 > kg.

Example 4: Atrain ismoving at a uniform speed of 75 km/hour.

(i) How far will it travel in 20 minutes?
(i) Find the time required to cover a distance of 250 km.

Solution: Let the distance travelled (in km) in 20 minutes be x and time taken
(inminutes) to cover 250 kmbey.

N i ( Distance travelled (in km) | 75 X 250 w
1 hour = 60 minutes : : :
leme taken (in minutes) 60 20 y J
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Since the speed is uniform, therefore, the distance covered would be directly
proportional to time.

) We have — = —
(i) We have 50 20

75
— X 20 =
or 50 X
or x=25
So, the train will cover a distance of 25 km in 20 minutes.
75250
(i) Also, 60 y < )
250 x 60 e -
or == = 200 minutes or 3 hours 20 minutes. TR,
Therefore, 3 hours 20 minutes will be required to cover a distance of 250 kilometres.

Alternatively, when x is known, then one can determine y from the relation 2—);) = 250 .
y

You know that a map isa miniature representation of a very large region. Ascale is
usually given at the bottom of the map. The scale shows a relationship between
actual length and the length represented on the map. The scale of the map is thus the
ratio of the distance between two points on the map to the actual distance between
two points on the large region.

For example, if 1 cm on the map represents 8 km of actual distance [i.e., the scale is
1cm: 8 kmor 1:800,000] then 2 cm on the same map will represent 16 km.
Hence, we can say that scale ofa map is based on the concept of direct proportion.

Example 5: The scale of a map is given as 1:30000000. Two cities are 4 cmapart on
the map. Find the actual distance between them.

& MAP
Solution: Let the map distance be x cm and actual distance be y cm, then |* s I POLTICAL
1:30000000=x:y k . "3,,“/\\,’
1 X T T
or = \:g'k"\‘ . (, . "
3x10" y v, "rf\kf VLS
{ , . S =
. 1 4 AV SN e i
Since x=4 o, 7= Y A Y,
X
-1CM= 300K
or y=4x3x 10" =12 x 10’ cm= 1200 km. SCALE -1¢H® 390
Thus, two cities, which are 4 cm apart on the map, are actually 1200 km away from

each other.

DO THIS

Take a map of your State. Note the scale used there. Using a ruler, measure the “map
distance” between any two cities. Calculate the actual distance between them.
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B EXERCISE 13.1
1.

10.

Following are the car parking charges near a railway station upto

4 hours > 60

8 hours > 100
12 hours > 140
24 hours 180

Check if the parking charges are in direct proportion to the parking time.

A mixture of paint is prepared by mixing 1 part of red pigments with 8 parts of base.
In the following table, find the parts of base that need to be added.

( Parts of red pigment | 1 4 7 12 20]
LParts of base 8

In Question 2 above, if 1 part of a red pigment requires 75 mL of base, how much
red pigment should we mix with 1800 mL of base?
A machine ina soft drink factory fills 840 bottles in six hours. How many bottles will
it fill in five hours? ,

A photograph of a bacteria enlarged 50,000 times
attains a length of 5 cmas shown in the diagram.
What is the actual length of the bacteria? If the
photograph is enlarged 20,000 times only, what
would be its enlarged length?

Inamodel of a ship, the mast is 9 cm high, while
the mast of the actual ship is 12 m high. Ifthe length
of the ship is 28 m, how long is the model ship?
Suppose 2 kg of sugar contains 9 x 10° crystals.
How many sugar crystals are there in (i) 5 kg of sugar? (ii) 1.2 kg of sugar?
Rashmi has a road map with a scale of 1 cm representing 18 km. She drives on a
road for 72 km. What would be her distance covered in the map?

A5m 60 cm high vertical pole casts a shadow 3 m 20 cm long. Find at the same time
(i) the length of the shadow cast by another pole 10 m 50 cm high (ii) the height ofa
pole which casts a shadow 5m long.

A loaded truck travels 14 kmin 25 minutes. Ifthe speed remains the same, how far
canit travel in5 hours?

DO THIS 1. Onasquared paper, draw five squares of different sides.

Write the following information in a tabular form.

(

Square-1 | Square-2 | Square-3 | Square-4 Square-5\

Length of a side (L)

Perimeter (P)
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| Area (A)

L
A
Find whether the length ofaside is in direct proportion to:
(@) the perimeter of the square.

(b) the area of the square.

2. The following ingredients are required to make halwa for 5
persons: W) W)
Suji/Rawa =250 g, Sugar =300 g, — ]
Ghee =200 g, Water =500 mL. | |
Using the concept of proportion, estimate the
changes in the quantity of ingredients, to
prepare halwa for your class. | | Y m

3. Choose a scale and make a map of your
classroom, showing windows, doors, L —
blackboard etc. (Anexample is given here). <« - _

HEE THINK, DISCUSS AND WRITE Ul

Take a few problems discussed so far under “direct variation’. Do you think that
they can be solved by ‘unitary method’?

13.3 Inverse Proportion

Two quantities may change in such a manner that if one quantity increases, the other
quantity decreases and vice versa. For example, as the number of workers increases, time
taken to finish the job decreases. Similarly, if we increase the speed, the time taken to
cover agiven distance decreases.
To understand this, let us look into the following situation.

Zaheeda can go to her school in four different ways. She can walk, run, cycle or go by

car. Study the following table.

1
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Observe that as the speed increases, time taken to cover the same distance decreases.

As Zaheeda doubles her speed by running, time
reduces to half. As she increases her speed to three | Multiplicative inverse of a number
times by cycling, time decreases to one third. | | . 1 .
Similarly, as she increases her speed to 15 times, | 'S IS reciprocal. Thus, = is the
time decreases to one fifteenth. (Or, in other words | inverse of 2 and vice versa. (Note
the ratio by which time decreases is inverse of the
ratio by which the corresponding speed increases).
Can we say that speed and time change inversely
in proportion?

Let us consider another example. A school wants to spend ~ 6000 on mathematics
textbooks. How many books could be bought at ~ 40 each? Clearly 150 books can be
bought. If the price of a textbook is more than ~ 40, then the number of books which
could be purchased with the same amount of money would be less than 150. Observe the
following table.

1 1
2x—="x2=1
that 5= 5 ).

( Price of each book (in ) 40 50 60 75 80 100 w

Number of books that 150 120 100 80 75 60
can be bought

What do you observe? You will appreciate that as the price of the books increases,
the number of books that can be bought, keeping the fund constant, will decrease.

Ratio by which the price of books increases when going from40to 50is 4 : 5, and the
ratio by which the corresponding number of books decreases from 150 to 120 is5: 4.
This means that the two ratios are inverses of each other.

Notice that the product of the corresponding values of the two quantities is constant;
that is, 40 x 150 = 50 x 120 = 6000.

If we represent the price of one book as x and the number of books bought asy, then
as x increases y decreases and vice-versa. It is important to note that the product xy
remains constant. e say that x varies inversely withy and y varies inversely with x. Thus
two quantities x and y are said to vary in inverse proportion, if there exists a relation
of the type xy = k between them, k being a constant. If y, y, are the values of y

corresponding to the values x,, x, of x respectively then x y, = x,y, (= k), or 5_Ya
X N

We say that x and y are in inverse proportion.

Hence, in this example, cost of a book and number of books purchased in a fixed
amount are inversely proportional. Similarly, speed of a vehicle and the time taken to
cover afixed distance changes in inverse proportion.

Think of more such examples of pairs of quantities that vary in inverse proportion. You
may now have a look at the furniture —arranging problem, stated in the introductory part
of this chapter.

Here is anactivity for better understanding of the inverse proportion.
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DO THIS

Take a squared paper and arrange 48 counters on it in different number of rows as

shown below. %

Number of R) | R) R) | R) (R
Rows (R) 2 3 4 6 8
Number of C) | ) C) | () <)
Columns (C) 12 8

What do you observe? As R increases, C decreases.
@) IsR:R,=C,:C? (i) IsR,:R,=C,:C?
(i) Are Rand C inversely proportional to each other?
Try this activity with 36 counters.

TRY THESE

Observe the following tables and find which pair of variables (here x and y) are in

inverse proportion.
M x 50| 40] 30| 20) @) ( x |100|200| 300 | 400)
vy |5]|6| 7] 8) Ly |60 30| 20| 15)

iy [ x | 90|60 45| 30 | 20| 5 )

W 10 | 15| 20 [ 25 30 35)

Let us consider some examples where we use the concept of inverse proportion.

When two quantities xand y are indirect proportion (or vary directly) they are also writtenas x oc y.

1
When two quantities xand y are in inverse proportion (or vary inversely) they are also writtenas X oc E
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Example 7: 6 pipes are required to filla tank in 1 hour 20 minutes. How long will it
take if only 5 pipes of the same type are used?

Solution:

Let the desired time to fill the tank be x minutes. Thus, we have
the following table.

(Number of pipes 6 5 w
kTime (in minutes) | 80 X J

Lesser the number of pipes, more will be the time required by
it to fill the tank. So, this is a case of inverse proportion.
Hence, 80x6=xx5 X, y, = %V,]
80x 6
=X

5
or X =96
Thus, time taken to fill the tank by 5 pipes is 96 minutes or 1 hour 36 minutes.

Example 8: There are 100 students in a hostel. Food provision for them is for 20
days. How long will these provisions last, if 25 more students join the group?

or

Solution: Suppose the provisions last for y days when the number of students is 125.
We have the following table.

( Number of students| 100 125\
kNumber of days 20 y J

Note that more the number of students, the sooner would
the provisions exhaust. Therefore this is a case of inverse

proportion.
So, 100 x 20 =125 x y
or 100x20 _ or  16=
125 -y
Thus, the provisions will last for 16 days, if 25 more students join the hostel.
Alternately, we canwrite X, y, =X,y, as % = % .
That is, X DX, =Y, 0, 0
or 100:125=y:20
100 x 20

=—=16

or Y= 125

Example 9: If 15 workers can build a wall in 48 hours, how many workers will be
required to do the same work in 30 hours?

Solution:
Let the number of workers employed to build the wall in 30 hours be y.
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We have the following table.
(Number of hours 48 30 w
kNumber of workers 15 y J

Obviously more the number of workers, faster will they build the wall.
S0, the number of hours and number of workers vary in inverse proportion.
So 48 x 15=30xy
48x15

30 Y
I.e., to finish the work in 30 hours, 24 workers are required.

B - <XERCISE 13.2

1. Which ofthe following are in inverse proportion?
(i) The number of workers on a job and the time to complete the job.
(i) The time taken for a journey and the distance travelled in a uniform speed.
(i) Area of cultivated land and the crop harvested.
(iv) The time taken for a fixed journey and the speed of the vehicle.
(v) The population of a country and the area of land per person.

2. InaTelevision game show, the prize money of ~ 1,00,000 is to be divided equally
amongst the winners. Complete the following table and find whether the prize money
given to an individual winner is directly or inversely proportional to the number

Therefore, or y=24

of winners?
(Number of winners 1 2 41 5 (8 |10 20\
LPrize for each winner (in ) | 1,00,000{ 50,000 J

3. Rehman is making a wheel using spokes. He wants to fix equal spokes in such a way
that the angles between any pair of consecutive spokes are equal. Help him by
completing the following table.

(Number of spokes 4 6 8 10 12 w

Angle between
a pair of consecutive | 90° 60°
spokes
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10.

11.

(i) Are the number of spokes and the angles formed between the pairs of
consecutive spokes ininverse proportion?

(i) Calculate the angle between a pair of consecutive spokes on a wheel with 15
spokes.

(i) How many spokes would be needed, if the angle between a pair of consecutive
spokes is 40°?

If a box of sweets is divided among 24 children, they will get 5 sweets each. How

many would each get, if the number of the children is reduced by 4?

A farmer has enough food to feed 20 animals in his cattle for 6 days. How long

would the food last if there were 10 more animals in his cattle?

A contractor estimates that 3 persons could rewire Jasminder’s house in 4 days. If,

he uses 4 persons instead of three, how long should they take to complete the job?

A batch of bottles were packed in 25 boxes with 12 bottles in each box. I1fthe same

batch is packed using 20 bottles in each box, how many boxes would be filled?

A factory requires 42 machines to produce a given number of articles in 63 days.
How many machines would be required to produce the same number of articles in
54 days?

A car takes 2 hours to reach a destination by travelling at the speed of 60 km/h. How
long will it take when the car travels at the speed of 80 km/h?

Two persons could fit new windows in a house in 3 days.

(i) One of the persons fell ill before the work started. How long would the job
take now?

(i) How many persons would be needed to fit the windows in one day?

A school has 8 periods a day each of 45 minutes duration. How long would each
period be, if the school has 9 periods a day, assuming the number of school hours to
be the same?
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DO THIS

1. Take asheet of paper. Fold it as shown in the figure. Count the number of partsand
the area of a part in each case.

o N .

Tabulate your observations and discuss with your friends. Is it a case of inverse proportion? Why?

( Number of parts 1 2 4 8 16}

2

1
L Area of each part| area ofthe paper | = theareaofthe paper| ... J

2. Take afew containers of different sizes with circular bases. Fill the same amount of
water in each container. Note the diameter of each container and the respective
height at which the water level stands. Tabulate your observations. Is it a case of

inverse proportion?
M~————
T
: e —
0 -’I— _ »—«
1
: 2 ——
J \J 1 gl
—d,— b d, | [ d, |
(Diameter of container (in cm) w
LHeight of water level (in cm) J

_WHAT HAVE WE DISCUSSED? _

1. Two quantities x and y are said to be in direct proportion if they increase (decrease) together in

such a manner that the ratio of their corresponding values remains constant. That is if — =k [Kis
. . . . y
a positive number], then xand y are said to vary directly. Insuch acase ify,, y, are the values of

y corresponding to the values x,, x, of x respectively then A _%
i Y.
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2. Two quantities x and y are said to be in inverse proportion if an increase inx causes a proportional
decrease iny (and vice-versa) in such a manner that the product of their corresponding values
remains constant. That is, if xy =k, then xand y are said to vary inversely. In this case if y,, y, are

the values of y corresponding to the values x,, x, of x respectively thenx, y, =X, y, or 4_Ye,
X2 N

\ A .&\\\\i\\\\\
|

Z\

7 L VL LT Y TR gl A

—z /‘/UF] _.») >
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14.1 Introduction

14.1.1 Factors of natural numbers

Factorisation

FACTORISATION

CHAPTER

0852CH14

You will remember what you learnt about factors in Class V1. Let us take a natural number,

say 30, and write it as a product of other natural numbers, say

30=2x15
=3x10=5%6
Thus, 1, 2, 3,5, 6, 10, 15 and 30 are the factors of 30.
Of these, 2, 3 and 5 are the prime factors of 30 (Why?)

A number written as a product of prime factors is said to
be in the prime factor form; for example, 30 written as

2 x 3 x5 is in the prime factor form.
The prime factor formof70is2 x5x 7,
The prime factor formof90is2 x 3 x 3 x 5, and so on.

We know that 30 can also be written as
30=1x30
Thus, 1 and 30 are also factors of 30.
You will notice that 1 is a factor of any
number. For example, 101 = 1 x 101.
However, when we write a number as a
product of factors, we shall not write 1 as
a factor, unless it is specially required.

Similarly, we can express algebraic expressions as products of their factors. This is

what we shall learn to do in this chapter.

14.1.2 Factors of algebraic expressions

We have seen in Class V11 that in algebraic expressions, terms are formed as products of
factors. For example, in the algebraic expression 5xy + 3x the term 5xy has been formed

by the factors 5, xand y, i.e.,
OXy = 5xXxYy
Observe that the factors 5, x and y of 5xy cannot further
be expressed as a product of factors. We may say that 5,
xandy are “‘prime’factors of 5xy. In algebraic expressions,
we use the word “irreducible’ in place of “prime’. We say that
5 x x x yisthe irreducible form of 5xy. Note 5 x (xy) is not

Note 1 is a factor of 5xy, since

5xy = Ix5xXxy
In fact, 1 is a factor of every term. As
in the case of natural numbers, unless

it is specially required, we do not show
1 as a separate factor of any term.

an irreducible form of 5xy, since the factor xy can be further
expressed as a product of xand y, i.e., Xy =x xy.
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Next consider the expression 3x (x + 2). It can be written as a product of factors.
3, xand (x + 2)
3X(X +2) =3x xx(x+2)
The factors 3, x and (x +2) are irreducible factors of 3x (x + 2).
Similarly, the expression 10x (x +2) (y + 3) is expressed in its irreducible factor form

as 10x (x +2) (y +3) = 2x5xxx(x+2)x(y+3).

14.2 What is Factorisation?

When we factorise an algebraic expression, we write it as a product of factors. These
factors may be numbers, algebraic variables or algebraic expressions.

Expressions like 3xy, 5x%y , 2x (y +2), 5 (y + 1) (x + 2) are already in factor form.
Their factors can be just read off from them, as we already know.

On the other hand consider expressions like 2x + 4, 3x + 3y, x? + 5x, X2 + 5X + 6.

It isnot obvious what their factors are. VWe need to develop systematic methods to factorise
these expressions, i.e., to find their factors. This is what we shall do now.

14.2.1 Method of common factors

® \\e begin with asimple example: Factorise 2x + 4.

We shall write each term as a product of irreducible factors;
2X =2 X X
4=2x%x2
Hence 2X+4=(2%xx)+(2x2)
Notice that factor 2 is common to both the terms.
Observe, by distributive law
2%x(x+2)=(2x%x)+(2x2)
Therefore, we can write
2X+4=2x(x+2)=2(x+2)
Thus, the expression 2x + 4 isthe same as 2 (x + 2). Now we can read off its factors:
they are 2 and (x + 2). These factors are irreducible.

Next, factorise 5xy + 10x.
The irreducible factor forms of 5xy and 10x are respectively,

OXy =5 xx Xy

10x =2 %x5%xX
Observe that the two terms have 5 and x as common factors. Now,

5y + 10x = (5xxxy) + (5% x % 2)
=(5x xy) +(5x % 2)
We combine the two terms using the distributive law,
(5xx y) + (5xx 2) =5x x (y + 2)

Therefore, 5xy + 10x =5 x (y + 2). (This is the desired factor form.)
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Example 1: Factorise 12a%h + 15ab?

Solution: We have 12ah=2x2x3xaxaxhb

15ab?=3 x5xaxbxb

The two terms have 3, a and b as common factors.

Therefore, 12a’h + 15ab?=(3xaxhbx2x2xa)+(3xaxhbx5xh)
=3xaxbx[(2x2xa)+(5xb)] (combining the terms)
= 3ab x (4a + 5b)
= 3ab (4a + 5b) (required factor form)

Example 2: Factorise 10x? — 18x3 + 14x*
Solution: 10x2=2 x5 x x x X

18X =2x3 X3 XXXXXX

TAX* =2 X 7T X X X X X X X X
The common factors of the three terms are 2, x and x.
Therefore, 10x? — 18x3 + 14x* = (2 X X X X X 5) = (2 Xx X X X X 3 X 3 X X)

+(2xxxxx7xxxx)
=2 xxxxXX[(5-(3x3x%xx)+ (7 xxxx)] (combining the three terms)

=2¢ x (5—=9x + 7x8) = 2x?(7x* —9x +5)

g

~—

TRY THESE Do you notice that the factor

Factorise: (i) 12x+36 (i) 22y—33z (iii) 14pq+35pgr < form ofan expression has only

one term?

- ~

14.2.2 Factorisation by regrouping terms

Look at the expression 2xy + 2y + 3x + 3. You will notice that the first two terms have
common factors 2 and y and the last two terms have a common factor 3. But there is no
single factor common to all the terms. How shall we proceed?

Let us write (2xy + 2y) in the factor form:
2xy +2y = (2x xxy) +(2xy)

=(2xyxx)+(2xyx1)
Note, dt
:(ZyXX)+(2yx1):2y(XF ote, we need to

showl as a factor

Similarly, 3X+3=(3xX)+(3x1) —=————"1 here. Why?
=3x(x+1)=3(x+1)
Hence, 2Xy +2y +3x +3 =2y (x +1) + 3 (x +1)

Observe, now we have a common factor (x + 1) in both the terms on the right hand
side. Combining the two terms,
2Xy +2y+3x+3=2y (x+1)+3(x+1)=(x+1) 2y +3)
The expression 2xy + 2y + 3x + 3 is now in the form of a product of factors. Its
factors are (x + 1) and (2y + 3). Note, these factors are irreducible.
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What is regrouping?

Suppose, the above expression was given as 2xy + 3 + 2y + 3x; then it will not be easy to
see the factorisation. Rearranging the expression, as 2xy + 2y + 3x + 3, allows us to form
groups (2xy + 2y) and (3x + 3) leading to factorisation. This is regrouping.

Regrouping may be possible in more than one ways. Suppose, we regroup the
expression as: 2xy + 3x + 2y + 3. This will also lead to factors. Let us try:

2Xy +3X+2y +3=2xXXy+3xX+2xy+3
=xx(2y+3)+1x(2y+3)
=(@2y+3) (x+1)
The factors are the same (as they have to be), although they appear in different order.
Example 3: Factorise 6xy — 4y + 6 — 9x.

Solution:
Stepl  Check if there isa common factor among all terms. There is none.
Step2  Think of grouping. Notice that first two terms have acommon factor 2y;
6xy —4y =2y (3x - 2) @)
What about the last two terms? Observe them. If you change their order to
—9x + 6, the factor ( 3x — 2) will come out;
-9x+6=-3(3x) +3(2)
=-3(3x-2) (b)
Step3  Putting (a) and (b) together,
6Xy —4y + 6 — 9X =6xy — 4y —9x + 6
=2y (3x-2)-3(3x-2)
=(3x-2) (2y-23)
The factors of (6xy —4y + 6 — 9 x) are (3x — 2) and (2y — 3).

HEE £ XERCISE 14.1

1. Find the common factors of the given terms.

(i) 12x, 36 (i) 2y, 22xy (i) 14 pq, 28p°g?
(v) 2x, 3x3 4 (v) 6 abc, 24ab? 12 a’b
(Vi) 16 x3, — 4x?3, 32x (vii) 10 pq, 20qr, 30rp

(viii) 3x?y?, 10x® y%,6 x? y’z
2. Factorise the following expressions.

(i) 7x-42 (i) 6p-12q (i) 7a%+ 14a
(iv) —16z+202 (v) 20°m+30alm
(Vi) 5x?y—15xy? (vi) 10a’>-15b?+20c¢?
(vii) —4a*+4ab-4ca (X) x*yz+ xyz+xy?z
(X) ax*y+bxy*+cxyz
3. Factorise.

() x*+ xy+8x+8y (i) 15xy—6x+5y-2
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(viii) —4a2+4ab-4ca (X) x*yz+ xy2z+xy?z

(X) ax*y+bxy*+cxyz
3. o8eod Diesd DOHo&.
() x*+ xy+8x+8y (i) 15xy—6x+5y-2
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(i) ax + bx—ay - by (v) 15pq+ 15+ 9q+ 25p
V) z=7+7xy-xyz

14.2.3 Factorisation using identities

We know that (a+b)? =az+ 2ab + b? ()
(a-Db)? =a2-2ab + b? (I
(@+b)(a-b) =a*-b? (1)

The following solved examples illustrate how to use these identities for factorisation. What
we do is to observe the given expression. If it has a form that fits the right hand side of one
of the identities, then the expression corresponding to the left hand side of the identity
gives the desired factorisation.

Example 4: Factorise x*+ 8x + 16

Solution: Observe the expression; it has three terms. Therefore, it does not fit
Identity I11. Also, it’s first and third terms are perfect squares with a positive sign before
the middle term. So, it is of the form a? + 2ab + b>wherea=xand b =4

such that a’+2ab+b%= x2+2(x) (4) +4° _
) Observe here the given
=x*+8x+16 expression is of the form
Since a2+ 2ab + b? = (a + b)?, &= 2ab+ b7,

. ] L Wherea=2y,andb=3
by comparison X2+ 8x + 16 = (x +4)? (the required factorisation) with 2ab =2 x 2y x 3= 12y.

Example 5: Factorise 4y>— 12y + 9 “ ~
SN——
Solution: Observe 4y? = (2y)%, 9 = 3?and 12y = 2 x 3 x (2y)
Therefore, 4y?— 12y + 9 = (2y)? -2 x 3 x (2y) + (3)?
=(2y-3)? (required factorisation)

Example 6: Factorise 49p* — 36

Solution: There are two terms; both are squares and the second is negative. The
expression is of the form (a?—b?). Identity I11 is applicable here;
49p* —36 = (7p)*-(6)?
=(7p-6) (7p +6) (required factorisation)
Example 7: Factorise a?— 2ab + b* - ¢?

Solution: The first three terms of the given expression form (a—b)?. The fourth term
isasquare. So the expression can be reduced to a difference of two squares.

Thus, a’-—2ab + b?-c? = (a - b)*>- c? (Applying Identity I1)
=[(a-b)-c) ((a-b)+c)] (Applying Identity I11)
=(a-b-c)(a-b+c) (required factorisation)

Notice, how we applied two identities one after the other to obtain the required factorisation.
Example 8: Factorise m*— 256
Solution: We note m* = (m?)? and 256 = (16)?
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(i) ax + bx—ay - by (v) 15pq+ 15+ 9q+ 25p
V) z=7+7xy-xyz

14.2.3 :655:65:5589‘&» SIRPA0D SP8erol D= Bohdo

(a+Db)? =a2+2ab +b? (I)

(a—hb)? =a2—2ab +b? (II)

(a+b) (a—h) =a2—h? (I1) en 55 BORS W VAEGeaven.
5008 DesS® & W DB er SHTRACERE (B0 STRERSe DHOTOD.
S50 BD)S DB BSPFR) DBV, B VEPETD0, P VBT &8 DBHDESe0
BBPrPIS HODBoSS® RS ©drdeEd KEESw0 dEHerio Hch Bsrvo EnY)
SPTPORD So8er08 Qi @iHld.

S8 4 X2+ 8X + 16 & so8eod Défesd B[oHod.

TPED: 58 DR $508000%; @0 3 Hrrend. woBeN, Bd I BHEBLo
HT & 5888 208050 el I, SoeisS Hreen é@é}"g Eﬁcgeé)éﬁ o‘ﬁ)(ﬁé DKo Pd
éog:& SO God. o9 w9d a2+ 2ab + b? ErHost &ob. Byt @ = X Hdakw b =4

D a’+2ab+b%= x2+2(x) (4) +4° KD 58 Bk
=x*+8x+16 a?— 2ab + b?
a’+ 2ab + b?*= (a + b)? ®ondotd ErHoS® Sob.

X2+ 8x+ 16 =(X+4) (550 se8erol Defesd) a=2y, b=3%0cm

STt 51 AyP— 12y + 9 % sorol D Sabhod. 2ab= 2x2yx3=12y

RS B DR HO8DoDS 4y = (2y)?, 9 = 32 Hdasn 12y =2 x 3 x (2y) E /
©OLDIOD 4y?— 12y + 9 = (2y)? - 2 x 3 x (2y) + (3)?

= (2y — 3)? (P50 so8erol Defed)
&S 6: 49p? — 36 & se8erod Dfesd BoHos.

PBI: BENS $5d08® Both SePenD. Bokr HOHFRY SPwen KBS BoK:s HKo
2nes Hogrdd BOA 60d. &8 JLedsm (8% - b?) Erhos® Gob. 5% B8R HEaLESER0
11 & &5@RoS5S),

49p* - 36 = (7p)* - (6)?
=(7p-6)(7p+6) (5P808 se8erod Defess)
&S 7 a?— 2ab + b? — 2% so8e08 ¥ BOHoA.
P oS $5rvos” Wsd Setd duren (8 - h)? ErHos® eTmon. Tres HKo
éa@vg égo. 529N &8 D&oeIeR) Bokd Kaat’.g)ﬁg S Bore TP

a’—2ab + b?-c¢? = (a—b)>-¢? ( 38&088e0 |l ed@BrAD)
=[(a-b)-c)((@a-b)+c)]  (%&R&ESemo Il adIrAOD)
=(a-b-c)(a-b+c) (5P508 se8egrol Dggexd)

SO SoBeTP0E Defesd VAW Bo BB BLEBETD 8Pl SoxE a8d e
&IFPACTIT KJoLol.

&8s 8 m* = 256 5 sedearol Difesd [oHod.
PEI: m*= (m?)? £8c5n 256 = (16)2




170 WM MATHEMATICS FACTORISATION

Thus, the given expression fits Identity I11.
Therefore, m*— 256 = (m?)? - (16)?
= (m?-16) (m?+16) [(using Identity (111)]
Now, (m?+ 16) cannot be factorised further, but (m?—16) is factorisable again as per

Identity I11.
m’—16 = m? — 42
=(m-4) (m+4)
Therefore, m*—256 = (m—-4) (m+4) (m?+16)

14.2.4 Factors of the form ( x + a) ( x + b)

Let us now discuss how we can factorise expressions in one variable, like x> + 5x + 6,
y>—7y+ 12, 722-4z-12, 3m?+ 9m + 6, etc. Observe that these expressions are not
of the type (a + b)2 or (a —b)?, i.e., they are not perfect squares. For example, in
X2+ 5x + 6, the term 6 is not a perfect square. These expressions obviously also do not
fit the type (a? - b?) either.

They, however, seem to be of the type x> + (a + b) x + a b. We may therefore, try to
use Identity IV studied in the last chapter to factorise these expressions:

(x+a)(x+b)y=x*+(a+b)x+ab (V)
For that we have to look at the coefficients of x and the constant term. Let us see how
it is done in the following example.
Example 9: Factorise X+ 5x + 6

Solution: Ifwe compare the R.H.S. of Identity (IV) with x>+ 5x + 6, we find ab =
6, and a + b = 5. From this, we must obtain a and b. The factors then will be
(x+a)and (x + b).

If ab =6, it meansthat aand b are factors of 6. Let ustry a=6, b =1. For these
valuesa + b =7, and not 5, So this choice is not right.
Letustry a=2,b=3. Forthisa+ b =5 exactly as required.

The factorised form of this given expression is then (x +2) (x + 3).

In general, for factorising an algebraic expression of the type x? + px + g, we find two
factors a and b of q (i.e., the constant term) such that

ab=qgq and a+b=p
Then, the expression becomes x? + (a + b) x + ab

or X2+ ax + bx + ab
or X(x +a) + b(x + a)
or (x+a) (x+b) which are the required factors.

Example 10: Find the factors of y2—7y +12.
Solution: We note 12=3 x4 and 3 + 4 = 7. Therefore,
y2—Ty+12=y* -3y -4y + 12
=y(y-3)-4(y-3) =(y-3) (y-4)
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B0, ¥ 88Be0 111 SFDGob.
woHhded, m*-256 = (m?)?-(16)2
= (m?-16) (M2 +16) [((I11) & $BRDE8e0 eH5TPAoD]
BP0, (M?+ 16) % Her s°8eol Hgfessd BohBo. 20 (M? —16) o VERLESea0
1% 65&BeRod se8esrod ifesd 365)26{533.
m’-16 = m? — 42
=(m-4) (m+4)
©OHIOD, m*—256 = (m-4) (m+4) (m?+16)

14.2.4 (x+ a) ( x + b) 8rHos® Ko se8eromen

X2+5x+6, Y2 —Ty+12, 22—4z7-12,3m? + 9m + 6 I058S a8 38 008 Ko
Dedadh Ssrdre sedmrol Dk der Bars® Sgyro. & KEren (a+b)? Sz
(a—b)? 808 85D KHV0Bod. VBT © HBF#Y STen 5. STHBHL
XX+5x+6¢&° 6 DOIPY HBe0 B, L DD (a2 b2) Sr08° Erae 8.

oond, a9 X2+ (a+ b) X + a b 8r08® sokdEy) @ Benknod. WoHHOd 9B
@qsgciiaoés 3633@26&&65&@%65@0 IV 5 &5@eA0d so8er08 Dfesd DoHme Eewtlel
dero. (x+a)(x+b)=x+(@+b)x+ab (1V)

SO X T 1HeseR), JE DY K0T, Jee Toire® Bod sweirdes To°
SeTo.

Q

&8s 9 X2+ 5X + 6 K o808 Défesd BoHo&.

PBI: I 380880 (1V) Go8) H& grred)) X2+ 5x + 6 &t )$HeH ab =6
8050 a+ b =5 09 E5HRP0ero. OB Hrod, a8aim b e Denden TP, OHD
(X + @) 83w (X + b) en seerosten eyHaeom.

ab =6, odre adain b en 6 BwE) sederoseen. a=6,h =1 o @cﬁa@&w;o. &
DendeH a+ b =7 9908, =20 5 2. woHded & JodE $BIS =0
a=2,bh=3 o HhTro. & e a+h=5eHHob. 53 3B DO HNS
Denden. Y YD St D560 BP0 B0 (X +2) (X + 3) ©H&0d.

FgeSeaore X2 + px +  ErH08° 6 Ddoh BErdo S8 D
ah=q 8aw a+b=pedgiey g (O3 JB H0) E0E) o Serose
2 580 b o EHFotrsn. ©Ht Ddash $5m0 X + (a + b) X + ab 0508,

Sae X2 + ax + bx + ab
ol x(x + a) + b(x + a)
ol (x+a) (X +b) en SPHeRRS SeBesroseen erdid.

&esdes 10y’ =7y +12 Gwd) sederoseen RPS0d.
FED: 12=3x 4508050 3+ 4 =7 0@ H50 KIPE0. ©oHHes,
Y —Ty+ 12=y?-3y -4y + 12
=y(y-3)-4(y-3) =(y-3)(y-4)
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Note, thistime we did not compare the expression with that in Identity (V) to identify
aandb. After sufficient practice you may not need to compare the given expressions for
their factorisation with the expressions in the identities; instead you can proceed directly
as we did above.

Example 11: Obtain the factors of 22— 4z — 12.

Solution: Hereab=-12;this means one of a and b is negative. Further,a + b=-4,
this means the one with larger numerical value is negative. We trya =—4, b = 3; but
this will not work, since a + b =—-1. Next possible values are a =-6, b = 2, so that
a+b=-4asrequired.

Hence, 22 -47-12=7> -6z +22-12
=2(z-6)+2(z-6)
=(z-6)(z+2)

Example 12: Find the factors of 3m?+ 9m + 6.
Solution: We notice that 3 is a common factor of all the terms.

Therefore, 3m?+9m + 6 = 3(m?+ 3m + 2)

Now, m2+3m+2=m?+m+2m+2 (as2=1x2)
=m(m+1)+2(m+1)
=(m+1)(m+2)

Therefore, 3M’+9m +6=3(m+1) (m+2)

B - <XERCISE 14.2
1. Factorise the following expressions.
() a®+8a+16 (i) p>’-10p+25 (i) 25m?+ 30m +9
(iv) 49y? + 84yz + 362* (V) 4x*-8x+4
(vi) 121b2-88hc + 16¢2
(vi) (I+m)2—4lm  (Hint: Expand (| + m)? first)
(vii) a*+ 2a%?+ b* M/
2. Factorise. /
(i) 4p>-9q? (i) 63a%-112b* (i) 49x> - 36
(iv) 16x°—144x¢ (V) (I+m)?>—(l—m)?
(M) 9x*y?—16  (vii) (X*—2xy +y?) -2
(viii) 25a% - 4b? + 28bc — 49c¢?
3. Factorise the expressions.

() ax®+ bx (i) 7p*+21¢? (i) 2x3 + 2xy? + 2xz?
(v) am?+ bm? + bn? + an? V) (Im+h)+ m+1
M) y(y+z)+9(y+2) (vii) 5y?— 20y — 8z + 2yz

(viii) 10ab +4a +5b +2 (iX) 6xy—4y+ 6 —9x
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&0 a, b HhoHes Hdadh WsrrQ) BEiEseso (1V) & DeensdiHend
KoQood. §08 PES SHard BN JLPIR) s°8eros Dfesd BS0er ESio
BDBBeros® eSS0 S, EeOrT PP BOD DForP IBre FHOBDHE).

eesde 11: 22—4z7-12 Fo¥) seesroseen TR0l

PED T wSe ab =-12 ; &9 ©go a, b of® 288 awerdBo. e a+b=-4, ©o&
HB8Srea0st ‘:;3%3 Ddogy amerdSo. B9 o L}édﬁ)@&w;o. a=-4,b=3s 1 IBID
%, doEod a + b = =1 E5Haess @°C§§:§ao'§:>§ Qenvden a =—-6, b = 2 ®ond
a+th=-4, a8 H55 se508 Jend.

0D, 22 -47-12=7> -62+22-12
=2(z-6)+2(z-6)
=(z-6)(z+2)

&esde 12: 3m2+9m + 6 Go¥), sedesroseen S0k,

PED: o) Surod® 3 ey sPderodo ©d Kidro.

©ODHIOD, 3m?+9m + 6 = 3(m?+ 3m + 2)

BPED, m2+3m+2=m?+m+2m+2 (2=1x% 22%H%)
=m(m+1)+2(m+1)
=(m+1)(m+2)

©0LHIOD, 3M’+9Im+6=3(m+1)(m+2)

B o 142
1. & (ob JdSrared sederol Jifed BaHod.

() a®+8a+16 (i) p>?—10p+25 (i) 25m?>+ 30m +9
(iv) 49y? + 84yz + 362* (V) 4x*-8x+4
(vi) 121b?-88hc + 16¢2
(i) (I+m)2=4Im  (Be$S: Swotd (1 +m)?d3BoKod)
(viii) a*+ 2a%b? + b* M/
2. oS0l Difess Baod. /
(i) 4p*>-9¢? (i) 63a2—112b> (i) 49x* - 36
(iv) 16x°—144x® (v) (I+m)?>=(I-m)?
(M) 9x*y?—-16  (vi) (X*—2xy+y?)-2°
(viii) 25a% - 4b? + 28bc — 49c¢?
3. Dfoh BErBEnes 8ol Dged SoDos.

() ax?+ bx (i) 7p*+ 210? (i) 2x3 + 2xy? + 2xz°
(v) am? + bm? + bn? + an? V) (Im+)+ m+1
M) y(y+2)+9(y+2) (vii) 5y?— 20y — 8z + 2yz

(vii) 10ab +4a +5b +2 (iX) 6xy—4y+ 6 —9x
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4. Factorise.
(i) a*-b* (i) p*-81 (i) x*—(y+2)*
(iv) x*—(x-2)* (v) a*-2a%’+b*
5. Factorise the following expressions.
() p>+6p+8 (i) g°-10g+21 (i) p?+6p—16

14.3 Division of Algebraic Expressions

We have learnt how to add and subtract algebraic expressions. We also know how to
multiply two expressions. We have not however, looked at division of one algebraic
expression by another. This is what we wish to do in this section.

We recall that division is the inverse operation of multiplication. Thus, 7 x 8 = 56 gives
56+8=70r56+7=8.
We may similarly follow the division of algebraic expressions. For example,

()] 2X x 3x2 = 6x3
Therefore, 6x® + 2x = 3x2
and also, 6x® + 3x2 = 2X.

(i) 5x (x + 4) =5x2 + 20x
Therefore, (5% + 20x) + bx =x + 4

and also (5%% + 20x) + (x + 4) =5x.
We shall now look closely at how the division of one expression by another can be
carried out. To begin with we shall consider the division of a monomial by another monomial.

14.3.1 Division of a monomial by another monomial
Consider 6x3 + 2x
We may write 2x and 6x2 in irreducible factor forms,
2X =2 X X
X3 =2 X3 XXXXXX
Now we group factors of 6x3 to separate 2,
6x3 =2 x X % (3 xXxxX)=(2x) x (3x?)

Therefore, 6x® + 2x = 3x2
A shorter way to depict cancellation of common factors is as we do in division of numbers:
o771 7x11
77+7= 7= Z =
- 3. gy = X
Similarly, 6x3 + 2x = P
2X3XXXXXX
= =3 xxxx=3x
2% X
Example 13: Do the following divisions.
() —20x* + 10x® (i) 7x%y%z% + 14xyz

Solution:
() -20x*=-2%X2X5XXXXXXXX
10x°=2x5x%x X XX
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4. =o8er08 Defesd BOHoA.
@ a*-b* (i) p*-81 @iy x*—(y+2)*
(iv) x*—(x-2)* (v) a*-2a%’+b*
5. 8ob $&rarod sederos Dgfad BoHod.
() p>+6p+38 (i) g°-10g+21 (i) p?>+6p—16

14.3 DEch ddrre PRSE80

DEchH HEePo ErlE, VIS der Bosst Koo JBy)a0. Bok JEPFOD dee
HBoTPE® Erte HH$EH Beodd. 529 28 géo‘ﬁa DR 20878 HchH BEmdos®
ePAOSEO 00 SrESE. & Derpisos® HHdo Bendrowro.

S0 OB DeeseTeRE DEH (DB o gy Biyorro. wor,
7x8=56wo0556+8=7S>56+7= 8e—92§)e‘§>o&
Ddch BsrRre grPEod® sBATRR) BHVBOSEHD). TSR,

()] 2x x 3x2 = 6x3
0D, 6x3 + 2x = 3x?
B, 6x® + 3x2 = 2X.

(i) 5x (x + 4) =5x2 + 20x
©OLHIOD, (5% + 20x) + bx =x + 4

HoBcsw, (5%% + 20x) + (x + 4) =5x.
B B0 a8 DEPRR) HEE B8 Jer grhomed ABBorr K&ro.
oty el DE HO Bo8° DE HHE® grRoSERY a@%@wo

14.3.1 2.8 D8 502 8% D8 H68° grhAosdo

BX3 + 2X % $68905084.
2X 5oB0s0 6X° 0 ©dgray SPBEETOSTR EFDOTP TPADHHL).
2X =2 X X
6Xx3 =2 X3 XXXXXX
63 se8erosPe 2X B BotHSE TS
6x3 =2 x X x (3 xXxxX)=(2x) x (3x?)

0RO, 6x3 + 2x = 3Xx>2
g K)Cg@eﬁs Sogge grrEos® TRy eyt s*8mroseed ?@30‘53@.
B 77 N 7x11 B
77 +7= 7 Z =
sBDGore, 6x = 2x = O
2X

_ 2x3 XXX XXX
2xX

=3 xxxx=3x
&S 13 8od grresioren Ho0od.
() —20x* + 10x? (i) 7x%y?z2 + 14xyz
Fe55: (i) —20x*=-2x2Xx5XXXXXXXX
102 =2 x5 x XXX
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—2X2X5X XX XX XXX
Therefore, (-20x*) + 10x*> = = -2 X X X X = =2x?
2x5x Xx X

TXXXXXYXYXZXZ
2XTXXXYX1Z

(i) 7x%y?z% + 14xyz =

== = Exyz
TRY THESE
Divide.
(i) 24xy?z® by 6yz? (i) 63a%’ct by 7a*h’c?

14.3.2 Division of a polynomial by a monomial
Let us consider the division of the trinomial 4y* + 5y + 6y by the monomial 2y.
Ay +0yP+ By = (2x2xyxyxy)+ (5xyxy)+(2x3xy)
(Here, we expressed each term of the polynomial in factor form) we find that 2 x y is
common in each term. Therefore, separating 2 x y from each term. We get

5
4y} +5y2+ By =2 XYy X (2XYyXy)+2xyX (Ex ] +2xyx3
5
=2y (2y?) +2y (5 y) +2y (3)

5
=2y (2 y:+ PR 3) (The common factor 2y is shown separately.

Therefore, (4y® + 5y? + By) + 2y 5 N
3 2 2y(2y*+>y+3) Here, we divide
= 4y +5y +6y: 2 =2y* + §y+3 each term of the
2y 2y 2 polynomial in the

Alternatively, we could divide each term of the trinomial by the “mug:g;ti%rl ibg’tthhee
monomial using the cancellation method.

4y3+5y2+6y denominator.
(4y*+5y* + 6y) + 2y = 2y -
3 2
:4L+5L+6_y=2y2+§y +3
2y 2y 2y 2

Example 14: Divide 24(x?yz + xy?z + xyz?) by 8xyz using both the methods.

Solution: 24 (X?yz + xy’z + xyz?)
=2x2x%x2x3x [(xxxxyxz)+(xxyxyxz)+(xxyxzxz)]
=2X2X2X3XXXYyXZx(X+y+2z)=8x3xxyzx(X+y+z) (Bytakingoutthe

Therefore, 24 (X?yz + Xy?z + xyz?) + 8xyz common factor)
_8x3xXyzx(X+Y+12)
- 8 x Xyz

=3x(Xx+y+z2)=3(x+y+2)
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—2X2XB5Xx XX XX XXX
2x5x Xx X

=2 XXXX=-=2X?

©othded, (-20x%) + 10x% =

TXXXXXYXYXZIXZ

: 2272 - =
(i) 7x?y?z* + 14xyz 2XTXXXYXZ
_xxyxz 1
2 2

(Bch&olod

(i) 24xy°Z® £ 6y728® grRoS0s. (i) 63a%h'ct % 7a?h’c’&® grAosod.

14.3.2 2.8 250500 &8 DEH0E grhode
B8 4y® + 5y? + By H IEH6 2y & grhosio HB8OTRO.

4P+ 5y2+ By =(2x2xyxyxy)+(5xyxy)+(2x3xy)

(@5 $o80 aF0HRS° (8 Sl S°Bero ErHos® K58 HBwe0) (H8 Dot 2 xy
638 58080 GoKEo BT0Ero. ©othHed (B8 HKo Dol 2 Xy ST
5
4y} +5y2+ By =2 XYy X (2XyXy)+2xyXx (Ex ] +2xyx3
S)
=2y (2y?) +2y (5 y) +2y (3)

5
=2y (2 y2 + PR 3) (65358 SoBeP0B0 255 QBT EROBERLE).

wohded, (4y®+ 5y?+ 6y) + 2y 5 —
:4y3+5y2+6y: y(2y +2y+ ) oys Oye3 B ©B508%D
2y 2y 2 ©8 SRy
BaegEimohore, (BH0S° (H8 HwrR) HEHHS® SEIw HEBS® erhoSSy), 808t DE%e &

4y° +5y° + 6y 00

(4y* + 5y + 6y) + 2y = 2y —

3 2
:4L+5L+6_y=2y2+§y +3
2y 2y 2y 2

SedSes 14: 24(x%yz + Xy?Z + Xyz?) & 8xyz & Bok Siden eB3ADAoD Frhosod.

TR 24 (Xyz + Xy?z + XyZ?)
Z2X2X2X3IX[(XXXXYyXZ)+(XXYyXYyx2)+(XXyXx2zX%X7)] (ﬁiﬁb&& Splelollels LN
S2X2X2X3XXXYXZX(X+Y+2)=8x3xxyzx (X+y+7) SHIR)

othded, 24 (X¥yz + Xy’z + Xyz?) + 8xyz
_8x3xXyZx(X+Y+12)
- 8 x Xyz

=3x(Xx+y+z2)=3(x+y+2)
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2 2 2
24x°yz N 24xy“z N 24xyz

2 2 2\ . =
Alternately,24(x?yz + xy’z + xyz?) + 8xyz 8xyz 8xyz 8xyz

=3x+3y+3z=3(x+y+2)
14.4 Division of Algebraic Expressions Continued
(Polynomial = Polynomial)

e Consider (7x? + 14x) + (x + 2)
We shall factorise (7x? + 14x) first to check and match factors with the denominator:

— TX2+ 14x = (T x XX X) + (2% 7 xX)
Will it help here to =T XXX (X+2)=7X(X + 2)
divide each term of 752 +14x
the numerator by 24 ~(x+2)= — '~
the binomial in the Now (7 +14x) = (x +2) X+ 2

denominator?

4 R TX(X+2 .
- = % = 7x (Cancelling the factor (x + 2))

Example 15: Divide 44(x* — 5x3 — 24x?) by 11x (x — 8)
Solution: Factorising 44(x* — 5x3 — 24x?), we get
44(x* — 5x3 — 24x%) =2 x 2 x 11 x x¥(x* — bx — 24)
(taking the common factor x2 out of the bracket)
=2 x2x 11 x X3(x*—8x + 3x — 24)
=2x2x11xx2[x(x-8)+3(x-8)]
=2x2x11xx(x+3)(x-8)
Therefore, 44(x* - 5x3 — 24x?) + 11x(x — 8)

2x2x11x XxXx(X+3)x(x-28)

11x X x (x—8)
_ _ We cancel the factors 11,
=2x2xx(x+3)=4x(x +3) x and (x — 8) common to
Example 16: Divide z(52% — 80) by 5z(z + 4) both the numerator and
Solution: Dividend = z(522— 80) denominator.

=z[(5% %) - (5 x 16)]

=zx5x (22-16)

=bzx(z+4)(z-4) [using the identity
a’-b?>=(a+b) (a-b)]

52(z-4)(z+4) _
52(z+4) (2-4)

Thus, z(522-80) + 5z(z + 4) =
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v % 24(x?yz + Xy?z + Xyz?) + 8xyz = 24yz + 24xy°2 + 24xy2”
[BaEegmchor, yz + Xy YE) = YL =gy 8xyz 8xyz

=3x+3y+3z=3(x+y+2)

14.4 DEchH $ErPo 8o FIPA0Y (T0H0+aT0H0)

o (7X2+14X) + (X + 2) & $6400508.
s8OSO $BE08Y KB w8 BoHTEIE Devre Swotdre  (7X2 + 14X) K
So8e0d Defesd 355;0;
X+ 14X = (T xxxX)+(2%x7xX)
=T XXX (X+2)=7x(X+ 2)

— 7N\

B8 B0’ (8
Seedy 580

~ 7x% +14x
BWOE grRoBEo st (TXe+14%) + (X +2) = ————
SEEHH o X+2
y x _TxX(x+2)
— = T x12 X (X + 2) sSerosy s&Ichrr)

S 15: 44(x* — 5x° — 24x?) % 11X (X — 8) B grhoS08.

FPK: A4(X4 — BXE — 24X se8er0s s DD
44(x* — 5x3 — 24x%) =2 x 2 x 11 x x¥(x? — bx — 24)
((%éa&& 58080 X2 (28¢5 20Dy ToRH)
=2 x2x 11 x x3(x* - 8x + 3x — 24)
=2x2x11xx2[x(x-8)+3(x-8)]
=2x2x11xx2(x+3)(x-8)
©otdd, 44(x* — 5x° — 24x%) + 11x(x — 8)

2x2x11Ix Xx Xx(X+3)x(x—28)

11xxx (x~-8) b0 0% Store
=2 %2 xx (X +3)=4x(x + 3) eyl sterosgd 11,
2085w (X — 8) o
&weddes 16: 2(522 — 80) £ 52(z + 4) B geA0S0s. ’ goagaoo e
PEI: Dgrazgsin = 2(52° - 80)

=z[(5x %) - (5% 16)]
=zx5x (2-16)
=52x(z+4)(z-4) [a2-b*=(a+Db) (a-b)
B8508088E0 GHBPACD]
52(z-4)(z+4)
52(z+4)

SEEVESE 2(52°-80) + 5z(z + 4) = =(z-4)
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B - <XERCISE 14.3
1.

14.5 Can you Find the Error?
Task 1 While solving an equation, Sarita does the following.

Task 2 Appu did the following:

Task 3

Carry out the following divisions.
(i) 28x* + 56x (i) —36y3 + 9y? (iiiy 66pg?r® + 11qr?

(iv) 34x3%y%z® + Slxy’z® (v) 12a%0® + (- 6a°b?)
Divide the given polynomial by the given monomial.
() (5% - 6x) + 3x (i) (3y®—4y°+5y%) +y*

(i) 8(x%y?z% + X222 + x2y?2%) + Ax?y%z2 (V) (X3 +2x*+3X) + 2X

M (p°° - p°g’) = P’
Work out the following divisions.

() (10x-25)+5 (i) (10x-25) = (2x-5)
(i) 10y(6y +21) =52y +7) (iv) 9x%y?(3z — 24) + 27xy(z - 8)
(v) 96abc(3a-—12) (5b-30) + 144(a—4) (b-6)
Divide as directed.

@ 5(2x+1) (3x+5)+(2x+1) (i) 26xy(x+5)(y—4)=+13x(y—-4)
(i) 52pqr (p+a) (q + 1) (r+p)+104pa(q +r) (r + p)
(V) 20(y+4) (y?+5y+3)+5(y+4) (V) X(x+1)(x+2)(x+3)+x(x+1)
Factorise the expressions and divide themas directed.

() (y*+7y+10)+(y+5) (i) (m?-14m-32) +(m+2)
(i) (5p*—25p+20)+(p-1) (iv) 4yz(z>+ 6z - 16) + 2y(z + 8)
(V) 5pa(p*—a?) +2p(p + )
(Vi) 12xy(9x* — 16y?) + 4xy(3x + 4y)  (vi) 39y3(50y? — 98) + 26y*(5y + 7)

Coefficient 1 of a
term is usually not

X +X+5x =172 shown. But while
Therefore 8x =72 adding like terms,
72 we include it in
and so, X=g= 9 the sum.

-
Where has she gone wrong? Find the correct answer. Remember to make

use of brackets,
while substituting a
negative value.

For x=-3,5x=5-3=2
Is his procedure correct? If not, correct it.

Namrata and Salma have done the
multiplication of algebraic expressions in the ! ber i .
: emember, when you multiply the
following manner. expression enclosed in a bracket by a
constant (or a variable) outside, each

Namrata Salma term of the expression has to be
multiplied by the constant

(@ 3(x-4)=3x-4 3(x—4)=3x-12 \_kﬂthda—riw
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L\ wersio 14.3

1. & (808 griisStES0ned BOHoa.
(i) 28x* + 56x (i) =36y + 9y? (iiiy 66pg?r® + 11qr?

(iv) 34x3%y%z® + Slxy’z® (v) 12a%0® + (- 6a°b?)
2. (8ot 2N 50NDHOH DS DEHOE® gA0TOA.
() (5% - 6x) + 3x (i) (3y®—4y°+5y%) +y*

(i) 8(y?z* + x?y%2% + x?y?2%) + 4Ax?y?z2 (V) (X +2x*+3X) + 2X
M (p%o® - p°’) + o
3. & (80b grSEELne BoDos.
() (10x-25)+5 (i) (10x-25) = (2x-5)
(i) 10y(6y +21) =52y +7) (iv) 9x%y?(3z — 24) + 27xy(z - 8)
(v) 96abc(3a-12) (5b-30) + 144(a—4) (b-6)
4. DoV YPEHe grriBEEsH BoHod.
() 5(2x+1) (3x+5)+(2x+ 1) (i) 26xy(x+5)(y—4)=+13x(y-4)
(i) 52par (p+q) (q+r) (r+p) +104pq(q + ) (r + p)
(V) 20(y+4) (y*+5y+3)+5(y+4) (V) Xx(x+1)(x+2)(x+3)+x(x+1)
5. Dfch Hrredh 80l Defed B KrdodKERT Rrtto FoDos.
() (y*+7y+10)=(y+5) (i) (m?-14m—32)+(m+2)
(i) (5p*—25p+20)+(p-1) (v) 4yz(z*+6z-16) +2y(z +8)
(V) 5pa(p*—a?) +2p(p +q)
(Vi) 12xy(9x* — 16y?) + 4xy(3x + 4y)  (vi) 39y3(50y? — 98) + 26y*(5y + 7)

14.5 &% &%dnd 8Srsteome?
2606690 1 28 38088 JB83S® K08 HIGorr S1ob.

3X+X+5x=72
®otHHed 8x =72 Seeeds Hosebo BRSHD
72 19 BEyzesm.
DD, X = ? =

W M B3P BR0H? JBE waran EHFKoE.
Botiio 2 elp Lo D,

X=-3, 0 5x=5-3=2

OB HLB HO@ITT? IS $OTDE.

Botg)o 3 S 0w Se Dbcdh Bisrrre HRsTTRY
53800 Dorr Faedd.

Do [HEFNODTHH
(@885 esd@rRosEo
o B8P0l

[E°84eS® ToRS &l $STRR) (@°SES
Sk " BeHE 63 a8 EE6) 088"

¢ et FoBoOsH KRS (58 ST B
(@) 3(x—4)=3x-4 3(x-4)=3x-12 Bee 58) 088" DBomeed

9%058%8.
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(b) (2x)? =2x?

© (2a-3)(a+2)

FACTORISATION

(2x)? = 4x®

Remember, when you
square a monomial, the

(2a-3) (a+2)

Make sure, numerical coefficient and
before =2a°-6 =2a’+a-6 each factor has to be
applying any squared.
formula, 2 — 2 2
whether the (d) (x+8)*=x*+64 (x +8)
formulais =x2+ 16x + 64

really
applicable.

answer.

Task 4

While dividing a
polynomial by a
monomial, we divide
each term of the
polynomial in the
numerator by the
monomial in the
denominator.

(e) (x-5)=x2-25
Is the multiplication done by both Namrata and Salma correct? Give reasons for your

(x-5)?=x>-10x + 25
s a+5b
Joseph does a division as : 5 =a+1

a+b5
=a
5

His friend Sirish has done the same division as:

. . Lo a+b
And his other friend Suman does it this way: = = T +1

Who has done the division correctly? Who has done incorrectly? Why?

Atul always thinks differently. He asks Sumathi teacher, “If what you say is true, then

64 4
why do | get the right answer for —==-=47" The teacher explains, * This is so

Some fun!

16 1
64 16x4 4

because 64 happens to be 16 x 4; 16 16x1 1 Inreality, we cancel a factor of 16

and not 6, as you can see. In fact, 6 is not a factor of either 64 or of 16.” The teacher

664 4 6664 4
adds further, “Also, = =—

0 _T 7 5 g ) -
166 1'1666 1° and so on”. Isn’t that interesting? Can you

64
help Atul to find some other examples like E?

HE - <XERCISE 14.4

Find and correct the errors in the following mathematical statements.

1. 4(x-5)=4x-5 2. X(3x+2)=3x*+2 3. 2x+ 3y =5xy

4. X+ 2x+ 3x = 5x 5 5y+2y+y—-7y=0 6. 3x + 2x = 5%

7. (2X)P+4(2x)+7=2x+8x + 7 8. (2x)* +5x =4x + 5x = 9x
9. 3x+2)2=3x*+6x+4
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(b) (2x)? =2x? (2x)? = 4x®
2.8 AEHB HYo SoosDH
© (2a-3)(a+2) (2a-3)(a+2) So8mg ForaseR) HBA) (H8
DB “rlBo =232-6 =2a2+a-=6 Se8erose) HBo TATred
R3O0 BOYPED 9805H8%08.
e & de(Eo d) (x+ 8)2 =x2+ 64 (x + 8)2
& DoKo908 o
Ssore =X*+ 16x + 64
SR eneinttastvelatd (e) (X - 5)2 =x?-25 (X - 5)2 =x2-10x+ 25

DozboHEol. |8 By Kemen BEEE VRS Hesedo KBEITT? b warad SEred B0k

a+5_

Sotiyo 4 D &l grrStorR) HBDPorr D, ! =a+1
=S. 9 =+ 4 “ . a+ 5 —
o OO B @8 IS B8R 88 FrRSETeR) () DForr Beed: s a
DEHBE PRCDSHE
oHost &) 2F0HBS
(68 HeeR) Hos® &) < B .a+s5_a
55508 oD, @8 HE° B wHS HBForr BE. ! c c +1

KPR DS DB Lorp BBr? IS BYPre Be? DokH?

Q¥ Hedso

0HS JoYPid DPHorr @S, “odh do BB ©b Jad %=%=4?

B0 I OGN aTrand de° Fomrid?” ©d HHB BSEH i, e ver
64 16x4 4

DEBoTD, “Bb JoEos 64 =16 X 4; 16 16<1 1 2% 16 ®F SPBEr0S)

E@dwo. =0 63 . Va8 6 w36 64 T 16 G sdEroo 5", B3

“BPRORAD & L L BB Erwe Desg0” 0% 8. 30 &b
= 166 1'1666 1 S T DEGO” YT TN, Y6 SIS

64
G008 B&oe? E:ﬁo& SHBER) GTesTBese) EOMITEAE 0S8 9 BBoho Bodbisesr?

. -0 14.4

Bod KBS (DSSred® e EHPY KBTBHoa.
1. 4(x-5)=4x-5 2. X(3x+2)=3x*+2 3. 2x+ 3y =5xy
4. X+ 2x+ 3x = 5x 5. 5y+2y+y—-7y=0 6. 3x + 2x = 5%
7. (2X)+4(2x)+7=2x+8x + 7 8. (2x)* +5x =4x + 5x = 9x
9. Bx+2)2=3x2+6x+4




184 W MATHEMATICS FACTORISATION

10. Substitutingx=-31n
(@ x2+5x+4gives (-3)2+5(-3)+4=9+2+4=15
(b) x*-b5x+4gives (-3)*-5(-3)+4=9-15+4=-2
() x*+5xgives(-3)’+5(-3)= -9 -15=-24

11. (y-3)?=y?-9 12. (z+5)?=22+25

13. (2a+3b) (a-b) =2a?-3b? 14. (a+4)(a+2)=a*+8
22

15. (a-4)(a—2)=a>-8 16. ﬁz

17 3):;1:1”:2 18. 3:):2 :% 19. 4:;3:4_1)(

20. 4’;:5=5 21. 7X5+5 ~7x

_WHAT HAVE WE DISCUSSED?_

1. When we factorise an expression, we write it as a product of factors. These factors may be
numbers, algebraic variables or algebraic expressions.

2. Anirreducible factor is a factor which cannot be expressed further as a product of factors.

3. Asystematic way of factorising an expression is the common factor method. It consists of three
steps: (i) Write each term of the expression as a product of irreducible factors (ii) Look for and
separate the common factors and (iif) Combine the remaining factors in each term in accordance
with the distributive law.

4. Sometimes, all the terms in a given expression do not have a common factor; but the terms can be
grouped in such a way that all the terms in each group have a common factor. When we do this,
there emerges a common factor across all the groups leading to the required factorisation of the
expression. This isthe method of regrouping.

5. Infactorisation by regrouping, we should remember that any regrouping (i.e., rearrangement) of
the terms in the given expression may not lead to factorisation. \We must observe the expression
and come out with the desired regrouping by trial and error.

6. Anumber of expressions to be factorised are of the form or can be put into the form: a2 +2 ab + b?,
a’—2ab + b2 a?-b?and x* + (a + b) + ab. These expressions can be easily factorised using
Identities I, 11, 111 and IV, given in Chapter 9,

a’+2ab +b?=(a+hb)?

a’—2ab +b*=(a-b)
a’-b?>=(a+b)(a-b)
X*+(a+b)x+ab=(x+a)(x+bh)

7. Inexpressions which have factors of the type (x + &) (x + b), remember the numerical term gives ab. Its
factors, aand b, should be so chosen that their sum, with signs taken care of, is the coefficient of x.

8. We know that in the case of numbers, division is the inverse of multiplication. This idea is applicable
also to the division of algebraic expressions.
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10. (8o& & X = — 3 (HAFHoST
(@ xX*+5x+4%08& (-3)2+5(-3)+4=9+2+4=155%00.
(b)) x*-5x+4%008& (-3)2-5(-3)+4=9-15+4=-250&.
(€) x2+5xK00& (-3)*+5(-3)= -9 —15=-24 508.

11. (y-3)?=y?-9 12. (z+5)*=22+25

13. (2a + 3b) (a—-b) = 2a%- 3b? 14. (a+4)(a+2)=a>+8
22

15. (a—4)(a-2)=a*-8 16. ﬁz

17 3):;1:1”:2 18. 3:):2 :% 19. 4x?:r3:4_1x

20. 4’;:5=5 21. 7X5+5 ~7x

- Hobo DD HyohETNo? -

1. %0 a8 DEcH H5rH0d 8ol YFmd Tt o HLsH SR se8eroste egore
TPRR0. & SPEEsPOSPen Hoggen Sue SETeHen So° DEahH HSoen SR

2. a8 ST E8eP080 WP & S°85P0s ) 80N S°8eroseY ©ZOTP DIR0SBIG.

3. 28 Ddcdh SR S°6m°08 DS BoHEDS BEHeEFHS D58 ity SeGeo8 $58. B0
Loy dearen Goerom. (i) HfadH B0t (8 Sy @8)33%5 5o8e5P05°e @aaom ToSETD.
(ii) &Xyd seBerosPe Sk TE Jh B’ Toaird. (i) (K98 HoE® WADS e el
T%505°R) ©XXB0N EOD T°AEd.

4. 8 Do e® SN Defodh $5ross ) o GG SPEero80 SOLD. 528 (58 (oHS®
308 S°Z586°OS°QZO &0tHBeR Do $5008% Hrre (rseore DFRBoBHEY). Ber BadEo
S0P BONS DIPP) o Eeos Dgesid Baswer e (TrRes® eyt s*Eerosted 60D, HA
(e enre DgFeBohd 0365@ STeThie o)

5. (IIedenre DgFBoD acﬁ@é‘s Do (ryenrr DPLBoH o) Jpearen 5080 g5esddh wed
BHEDESTR) Koo 2%607233586*@ Ho%0 DfcH DR D080 D) &% écﬁ&é’s SIeIN)
DEore (et DYPLBoLTeR Heoowed.

6. s°8er0¥ Dafed BohHedd oI Ddch srden Bod ErHos® oo woir Srdrst
oechrOReERotron. @ a%+2 ab + b? a2 - 2ab + b? a2 - b? 5o8csw X2+ (a + b)x + ab. &
DEoH BSrrod 95 @9(;?50‘53065 &) DL 3&088easoen |, 11, 1 58050 1V 0 e@rhod
Doogiorr 52808 Dgfed BEHHW).

a’+2ab +b?=(a+hb)?
—2ab + b?*= (a-b)?
-b>=(a+b)(a-h)
X+ (a+b)x+ab=(x+a)(x+h)

7. (x+a) (x+b) s*8esrosrente &) $Srared® Sogrghto ab8 ¥Ero @9EHoE KHHoHs ol
ab B8 seSeroseen a, b o HRe errdorr @ Sdkn X Fod), Headsnd Krdkod.

8. Soggod® grrBlo s oel8 265 BB 0 L5 Beokn. & grsd Ddcdh SLrdsne
as°?‘§ossc°€0§ BT @933000TBHER).
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10.

11.

12.

In the case of division of a polynomial by a monomial, we may carry out the division either by
dividing each term of the polynomial by the monomial or by the common factor method.

In the case of division of a polynomial by a polynomial, we cannot proceed by dividing each term
in the dividend polynomial by the divisor polynomial. Instead, we factorise both the polynomials
and cancel their common factors.

In the case of divisions of algebraic expressions that we studied in this chapter, we have
Dividend = Divisor x Quotient.

In general, however, the relation is

Dividend = Divisor x Quotient + Remainder

Thus, we have considered in the present chapter only those divisions in which the remainder
is zero.

There are many errors students commonly make when solving algebra exercises. You should avoid
making such errors.

é\— - i~

|
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CHAPTER

Introduction to Graphs

Oh:10

[=]yr

15.1 Introduction

Have you seen graphs in the newspapers, television, magazines, books etc.? The purpose

of the graph is to show numerical facts in visual form so that they can be understood

quickly, easily and clearly. Thus graphs are visual representations of data collected. Data

can also be presented in the form of a table; however a graphical presentation is easier to
understand. This is true in particular when there is a trend or comparison to be shown.

We have already seen some types of graphs. Let us quickly recall them here.

15.1.1 A Bar graph

A bar graph is used to show comparison among categories. It may consist of two or more
parallel vertical (or horizontal) bars (rectangles).

The bar graph in Fig 15.1 shows Anu’s mathematics marks in the three terminal
examinations. It helps you to compare her performance easily. She has shown good progress.

n
=]

>

da
<

w
=}

[Sod
=

Marks in Mathematics —

p—
=}

Ist 2nd 3rd
Term —

Fig 15.1
Bar graphs can also have double bars as in Fig 15.2. This graph gives a comparative

account of sales (in ~) of various fruits over a two-day period. How is Fig 15.2 different
from Fig 15.1? Discuss with your friends.
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AV

35

. an

vvu

— 25

20

Sales (in kg) —

— 15

—1 10

Fruits —»

Fig 15.2

15.1.2 A Pie graph (or a circle-graph)

A pie-graph is used to compare parts of a whole. The circle represents the whole. Fig 15.3
isa pie-graph. It shows the percentage of viewers watching different types of TV channels.

Informative
10%

News
15%

Entertainment
50%

25%

Fig 15.3

15.1.3 A histogram

A Histogram is a bar graph that shows data in intervals. It has adjacent bars over
the intervals.
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The histogram in Fig 15.4 illustrates the distribution of weights (in kg) of 40 persons of
a locality.

( Weights (kg) 40-45 45-50 50-55 55-60 60-65 W

L No. of persons 4 12 13 6 5 J
14
12
1 10
g 8
="
e
=]
;‘ 6 InFig 15.4 a jagged line
4 (~-) has been used along
horizontal line to indicate
that we are not showing
2 numbers between 0 and 40.
0 K-

LS PANLIN RVRVE IS PN

Fig 15.4

There are no gaps between bars, because there are no gaps between the intervals.
What is the information that you gather from this histogram? Try to list them out.

15.1.4 A line graph
A line graph displays data that changes continuously over periods of time.

When Renu fell sick, her doctor maintained a record of her body temperature, taken
every four hours. It was in the form of a graph (shown in Fig 15.5 and Fig 15.6).
We may call this a “time-temperature graph”.
It is a pictorial representation of the following data, given in tabular form.

(Time 6am. | 10am.| 2p.m. 6p.m]

LTemperature(°C) 37 40 38 35 J

The horizontal line (usually called the x-axis) shows the timings at which the temperatures
were recorded. What are labelled on the vertical line (usually called the y-axis)?
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42 2
40 L 40
T 0 7
O JuU J;
< + T om I T V7 B B O A NG B O B
2 ! S I I R O G R
: : g N
E 34 g 34
= =
32 32
30 30
< s —— <
® ® ® ®
6 10 2 6 6 10 2 6
Time — Time—l>
Fig 15.5 Fig 15.6
Each piece of data is shown The points are then connected by line
by a point on the square grid. segments. The result is the line graph.

What all does this graph tell you? For example you can see the pattern of temperature;
more at 10 a.m. (see Fig 15.5) and then decreasing till 6 p.m. Notice that the temperature
increased by 3° C(=40° C - 37° C) during the period 6 a.m. to 10 a.m.

There was no recording of temperature at 8 a.m., however the graph suggests that it
was more than 37 °C (How?).

Example 1: (A graph on “performance”)

The given graph (Fig 15.7) represents the total runs scored by two batsmen A and B,

during each of the ten different matches in the year 2007. Study the graph and answer the
following questions.

(i) What information is given on the two axes?
(i) Which line shows the runs scored by batsman A?
(i) Were the run scored by them same in any match in 20077 If so, in which match?
(i) Among the two batsmen, who is steadier? How do you judge it?
Solution:
(i) The horizontal axis (or the x-axis) indicates the matches played during the year
2007. The vertical axis (or the y-axis) shows the total runs scored in each match.

(i) The dotted line shows the runs scored by Batsman A. (This is already indicated at
the top of the graph).
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(i) During the 4th match, both have scored the same e e —
number of 60 runs. (This is indicated by the point ~ *2* :
at which both graphs meet). e :

(v) BatsmanAbhas one great “peak” but many deep  aal
“valleys”. He does not appear to be consistent. :
B, on the other hand has never scored belowa "1
total of 40 runs, even though his highest scoreis =
only 100 in comparison to 115 of A. Also A has
scored a zero in two matches and in a total of 5
matches he has scored less than 40 runs. Since A
has a lot of ups and downs, B isa more consistent
and reliable batsman.

Example 2: The given graph (Fig 15.8) describes - -
the distances of a car from a city P at different times
when it is travelling from City P to City Q, which are
350 kmapart. Study the graph and answer the following:
(i) What information is given on the two axes?
(i) From where and when did the car begin its T T Mkl ~
__ Journey? o Fig 15.7

(i) How far did the car go in the first hour?

(v) How far did the car go during (i) the 2nd hour? (ii) the 3rd hour?

(v) Was the speed same during the first three hours? How do you know it?

(vi) Did the car stop for some duration at any place? Justify your answer.

(vii) When did the car reach City Q?
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Solution:

(i) The horizontal (x) axis shows the time. The vertical (y) axis shows the distance of the
car from City P.
(i) The car started from City P at 8 a.m.
(i) The car travelled 50 km during the first hour. [ This can be seen as follows.
At 8a.m. it just started from City P. At 9 a.m. it was at the 50th km (seen from graph).
Hence during the one-hour time between 8 a.m. and 9 a.m. the car travelled 50 km].
(iv) The distance covered by the car during
(@ the 2ndhour (i.e., from9amto 10 am) is 100 km, (150 - 50).
(b) the 3rd hour (i.e., from 10 amto 11 am) is 50 km (200 — 150).
(v) Fromthe answers to questions (iii) and (iv), we find that the speed of the car was not
the same all the time. (In fact the graph illustrates how the speed varied).
(Vi) We find that the car was 200 km away from city P when the time was 11 a.m. and
also at 12 noon. This shows that the car did not travel during the interval 11 a.m. to
12 noon. The horizontal line segment representing “travel” during this period is
illustrative of this fact.
(vii) The carreached City Q at 2 p.m.

B - XERCISE 15.1

1. The following graph shows the temperature of a patient in a hospital, recorded
every hour.

(@ What was the patient’s temperature at 1 p.m. ?
(b) When was the patient’s temperature 38.5° C?

7

- X

T T 1 v aeN T
R N N I Y \ N (Y Y B A IO
=R I I R A O O N N ' o
ES,IIIIJ/IIIIITITIIII
I
34
ﬁ 4 4 L 4 4 L 4 L 4 4
9 10 1 12 1 2 3



KRB0

(eHe H8Scho M 199

PEI:

i)

(i)
(iif

(v)

v)
(i)

vii)

X @50 HXAQ) KrdnHs, Y-ogo (QenHBe) S50 P 08 0% &) 80

Joedod.

51580 P £008 s2% 685090 8o oHhenisod.

S0EB Kotos® st 508.8n. o (Hasrdodod. [28 & (§od rHadod.

68000 8ol ot Sindo P 88 20HNTOLB. &&cho oo o 508. .

zﬁeg oD, (e Hod) 5298 Sivdo P oo& estscho 8otre od 9 Hote

s 1 Koe 905526&&‘55 5% 508.8. (Hosrddodod].

() 5% Bosd KoL (&dchHo on Hod &edcho 10Kon H$5%) 1008. .
S0 (Hasredood. (150-50)

(b) S Kobs® (aoho 1050, Hod& eischHo 11Ko. H$5%) 50 8.8.
S0 (Hasredood. (200-150).

(iii) S08as0 (IV) esarave wrEe @) HHArRSE 528 a8 JKos® (Wasrdods
BB Bewinod. (Ve 528 S’ Srdned (PH Do ).

5o 685090 115080 S0 Siido P o 2008.8n. drsos® ¢ob. G0

12150. 0% @é&é €08, @I &X¥cho 11501 Kol HxsHo 1250 BB o5

(HSBoSBED Bendyod. & 5553@65 o8 (PATBoITED X-e5rds drossorre

é:é&égmpoéo Joe)00b.

5% Q $KoeR8 Hogegsimo 2 Kolesh Boos.

. o:-gSo 15.1

S (5 2.8 5°N8 eDHBS® (K8 Kowsd STt B GPKE ST
0008, ([(PHR HB8D0D (Bod HHe Jrrrmren axxod.

(@) SooegETmo 2o Kot $ochos® &8 ¥85 SEENE oB?

(b) & “oohos® &°n 6 &858 38.5° Cre &ob?

. /f\T\

R L 2 T A I A B O
gL AT N
eI LA
LLrerryer e rr el
Nansi
.
ﬁ...‘..‘
9 10 1 12 1 2 3




200 B MATHEMATICS INTRODUCTION TO GRAPHS

(c) The patient’s temperature was the same two times during the period given.
What were these two times?

(d) What was the temperature at 1.30 p.m.? How did you arrive at your answer?

(e) During which periods did the patients’ temperature showed an upward trend?

2. The following line graph shows the yearly sales figures for a manufacturing company.
(@) What were the sales in (i) 2002  (ii) 2006?
(b) What were the sales in (i) 2003 (i) 2005?
(c) Compute the difference between the sales in 2002 and 2006.
(d) Inwhichyear was there the greatest difference between the sales as compared
to its previous year?
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3. For anexperiment in Botany, two different plants, plant Aand plant B were grown
under similar laboratory conditions. Their heights were measured at the end of each
week for 3 weeks. The results are shown by the following graph.
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@)
(b)
(©)
(d)

€)
(f
©

INTRODUCTION TO GRAPHS

How highwas Plant Aafter (i) 2 weeks (ii) 3 weeks?

How highwas Plant B after (i) 2 weeks (ii) 3 weeks?

How much did Plant A grow during the 3rd week?

How much did Plant B grow from the end of the 2nd week to the end of the
3rd week?

During which week did Plant Agrow most?

During which week did Plant B grow least?

Were the two plants of the same height during any week shown here? Specify.

4. The following graph shows the temperature forecast and the actual temperature for
each day of a week.

(@)

On which days was the forecast temperature the same as the actual temperature?

(b) What was the maximum forecast temperature during the week?
(c) What was the minimum actual temperature during the week?
(d) On which day did the actual temperature differ the most from the forecast
temperature?
----- Forecast —— Actual
35 =
30 y ol
T s - ,:\ A
g 4 "_-’ e "'
£ =1 ‘ VIS 4
E I/. PXod ‘~~ S/
215 = \o .
g
&1
10
5
< < < < < < =

~w o X3 e oo s o

Days —

5. Usethetables below to draw linear graphs.

@)

(b)

The number of days a hill side city received snow in different years.
(" Year | 2003 | 2004 | 2005 | 2006)
| Days 8 10 5 12 |
Population (inthousands) of men and women in a village in different years.
(Year 2003 | 2004 | 2005 | 2006 | 2007 )
Number of Men 12 12.5 13 13.2 13.5
\Number of Women 11.3 11.9 13 13.6 12.8 )
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6. A courier-person cycles from atown to a neighbouring suburban area to deliver a
parcel to a merchant. His distance from the town at different times is shown by the
following graph.

(@) What is the scale taken for the time axis?

(b) How much time did the person take for the travel?
(c) How far isthe place of the merchant from the town?
(d) Did the person stop on hisway? Explain.

(e) During which period did he ride fastest?
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7. Canthere be a time-temperature graph as follows? Justify your answer.
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INTRODUCTION TO GRAPHS

15.2 Linear Graphs

A line graph consists of bits of line segments
joined consecutively. Sometimes the graph may
be awhole unbroken line. Suchagraph s called
a linear graph. To draw such a line we need to
locate some points on the graph sheet. We will
now learn how to locate points conveniently on
a graph sheet.

15.2.1 Location of a point

The teacher put a dot on the black-board. She asked the
students how they would describe its location. There were
several responses (Fig 15. 9).

P The dot is The dot is
Al near the left // very close to
edge of the the left
board upper corner

/ of board

Fig 15.9

Can any one of these statements help fix the position of the dot? No! Why not?
Think about it.

John then gave a suggestion. He measured the distance of the dot from the left edge of
the board and said, “The dot is 90 cm from the left edge of the board”. Do you think
John’s suggestion is really helpful? (Fig 15.10)

oA, ’Al
oA, A,
s/
oA, Z .
— i
1
L}
an 1
90 cm
Fig 15.10 Fig 15.11

A, A, A, are all 90 cm away
from the left edge.

A is 90 cm from left edge and
160 cm from the bottom edge.
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Rekha then came up with a modified statement : “The dot is 90 cm fromthe left edge
and 160 cm from the bottom edge”. That solved the problem completely! (Fig 15.11) The
teacher said, “We describe the position of this dot by writing it as (90, 160)”. Will the point
(160, 90) be different from (90, 160)? Think about it.

in his honour.

The 17th century mathematician Rene Descartes, it is said, noticed the movement
of an insect near a corner of the ceiling and began to think of determining the
position of a given point in a plane. His system of fixing a point with the help of
two measurements, vertical and horizontal, came to be known as Cartesian system,

15.2.2 Coordinates

Suppose you go to an auditorium and
search for your reserved seat. You need to
know two numbers, the row number and
the seat number. This is the basic method
for fixing a point in a plane.

Observe in Fig 15.12 how the point
(3, 4) whichis 3 units from left edge and 4
units frombottomedge is plotted ona graph
sheet. The graph sheet itself isa square grid.
We draw the x and y axes conveniently and
then fix the required point. 3 is called the
x-coordinate of the point; 4 is the
y-coordinate of the point. We say that the
coordinates of the point are (3, 4).
Example 3: Plot the point (4, 3) onagraph
sheet. Is it the same as the point (3, 4)?

Solution: Locate the x, y axes, (they are
actually number lines!). Start at O (0, 0).
Move 4 units to the right; then move 3 units
up, you reach the point (4, 3). From
Fig 15.13, you can see that the points (3, 4)
and (4, 3) are two different points.

Example 4: From Fig 15.14, choose the
letter(s) that indicate the location of the points
given below:

0 (2,1)
(i) (0,5)
(ii) (2,0)
Also write
(v) The coordinates of A.
(v) The coordinates of .

- N W A U1

Rene Descartes
(1596-1650)

L U I
< . =2 A
\ o
Fig 15.12
Y
6
> 34
4 (,11 2\
)
2 =
1 =TT
L —————.§
Fig 15.13
B A
C
D
E
G F .
Fig 15.14
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Solution:
() (2,1)isthe point E (Itisnot D).
(@) (0, 5) isthe point B (why? Discuss with your friends!). (iii) (2, 0) isthe point G.

(v) PointAis (4, 5) (v) Fis(5.5,0)
Example 5: Plot the following points and verify if they lie on a line. If they lie on a line,
name it.
M (0,2),(0,5),(0,6),(0,35) (i) A(1,1),B(1,2),C(1,3),D(1,4)
(i) K(1,3),L(2,3),M@3,3),N4,3) (V) W(26),X(35),Y(53),2(62)
Solution:
Y Y
N N
7 7
I3 6
I A4 Lo I N IR R N B | 5
4 4+ ‘
5 ~ 1 ) G | 1 1 1 | |
S]] G |||
1 1@
R e >X . L —1 1 1 >X
() (i)
These lie on a line. These lie on a line. The line is AD.
The line is y-axis. (You may also use other ways
of naming it). It is parallel to the y-axis
Y Y
A A
NE Y
6 O T X T 11T 1T T 1
5 - ;
i L L L X
! \‘\s 3)
3 —%—
N Lj vl IN
2 Z Z
1 1
>X >X
(i) Fig 15.15 W)
These lie on a line. We can name it as KL These lie on a line. We can name
or KM or MN etc. It is parallel to x-axis it as XY or WY or YZ etc.

Note that in each of the above cases, graph obtained by joining the plotted points is a
line. Such graphs are called linear graphs.
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PEI:

() (2,1) Dot E 0ol (D soehd!t).
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F5: Y X
7 7
A 6
I AN] /20 DR D I N R B | 5
4+ -+ ‘
JM- POV G N R S N N A |
L] T L I
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~ — — >X ~ N — >X
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B £ XERCISE 15.2

1. Plotthe following points on a graph sheet. Verify if they lie on a line
(@ A®4,0),B(4,2),C(4,6),D(4,2.5)
() P(1,1),0Q(2,2),R(3,3),S(4,4)
() K(2,3),L(5,3), M(5,5),N(2,5)
2. Draw the line passing through (2, 3) and (3, 2). Find the coordinates of the points at
which this line meets the x-axis and y-axis.
3. Write the coordinates of the vertices
of each of these adjoining figures.
4. State whether True or False. Correct
that are false.
(i) A pointwhose x coordinate is zero
and y-coordinate is non-zero will
lie on the y-axis.

(i) Apointwhosey coordinate is zero B| P
and x-coordinate is 5 will lie on \\
y-axis. A Q X
(i) The coordinates of the origin - - -
are (0, 0).

21

=
/

N ) s U N~ @

15.3 Some Applications

In everyday life, you might have observed that the more you use a facility, the more you
pay for it. If more electricity is consumed, the bill is bound to be high. If less electricity is
used, then the bill will be easily manageable. This is an instance where one quantity affects
another. Amount of electric bill depends on the quantity of electricity used. We say that the
quantity of electricity is an independent variable (or sometimes control variable) and
the amount of electric bill is the dependent variable. The relation between such variables
can be shown through a graph.

B THINK, DISCUSS AND WRITE \GlEE

The number of litres of petrol you buy to fill a car’s petrol tank will decide the amount
you have to pay. Which is the independent variable here? Think about it.

Example 6: (Quantity and Cost)
The following table gives the quantity of petrol and its cost.

( No. of Litres of petrol 10 15 20 25 W
LCost of petrol in ~ 500 750 1000 1250J

Plot a graph to show the data.
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Solution: (i) Let us take a suitable scale on both the axes (Fig 15.16).

Y
ol DT TTTETTETTETTTTTT]
el I A I I Y I I 2 VY IO 9 N O
Ry Y I I A I Y I ¢ I A O

_‘E"IIIIIIIIIIIIIIIIIIIIIIIIIIIIIIIII
g L - T T = B U G R R U A A R A
wn
Q L rrr2Eorrrrwr e rrrr e
© S T O U /1 1”2 Y Y Y A O Y O O O O
11 Nnim
DUU|||||||/IIIIIIIIIIIIIIIIIIIIII
inn | AN N S U U U O v v O
R N T 7« 1 N T I I I I I I I
Tl A T T s rrrrrrrrrrrrurrunui
| TN T T Y T Y Y T 1./ O Y Y Y T T Y Y T T T Y Y T O
1?5.III/IIIIIIIIII"I,IIIIIIIIIIIIIIIIII
v > X
5 10 15 20 25 30,
Litres —
Fig 15.16

(i) Mark number of litres along the horizontal axis.

(i) Mark cost of petrol along the vertical axis.

(iv) Plot the points: (10,500), (15,750), (20,1000), (25,1250).
(v) Jointhe points.

We find that the graph is a line. (It is a linear graph). Why does this graph pass through
the origin? Think about it.

This graph can help us to estimate a few things. Suppose we want to find the amount
needed to buy 12 litres of petrol. Locate 12 on the horizontal axis.

Follow the vertical line through 12 till you meet the graph at P (say).

From P you take a horizontal line to meet the vertical axis. This meeting point provides
the answer.

This is the graph of a situation in which two quantities, are in direct variation. (How ?).
In such situations, the graphs will always be linear.

TRY THESE

In the above example, use the graph to find how much petrol can be purchased
for ~ 800.
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F5: (i) Bok egpe $BY e Bdowro (Heo 15.16).
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Example 7: (Principal and Simple Interest)

A bank gives 10% Simple Interest (S.1.) on deposits by senior citizens. Draw a graph to
illustrate the relation between the sum deposited and simple interest earned. Find from
your graph

(@ the annual interest obtainable for an investment of ~ 250.

(b) the investment one has to make to get an annual simple interest of ~ 70.

Solution:
4 . ] ] )
Sum deposited | Simple interest for a year
100x1x10
* 100 —00 "10 Steps to follow:
1. Find the quantities to be
plotted as Deposit and SI.
~ 200 L 20Dl ~20 2. Decide the quantities to be
100 taken on x-axis and on
y-axis.
3. Choose a scale.
- 300 LAl _
100 4. Plot points.
5. Join the points.
<500 - 200x1x10 _
100
L 1000 100 )
We get atable of values.
( Deposit (in ) 100 200 300 500 1000 )
L Annual S.1. (in °) 10 20 30 50 100 J

(i) Scale: 1 unit="100 on horizontal axis; 1 unit =10 on vertical axis.
(i) Mark Deposits along horizontal axis.
(i) Mark Simple Interest along vertical axis.
(iv) Plot the points: (100,10), (200, 20), (300, 30), (500,50) etc.
(v) Jointhe points. We get a graph that is a line (Fig 15.17).
(@ Corresponding to ~250 on horizontal axis, we
get the interest to be ~25 on vertical axis.
(b) Corresponding to ~70 on the vertical axis,

we get the sumto be ~ 700 on the horizontal
axis.

Is Example 7, a case of direct variation?
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| | 1 1 I I I O A I A

= .. HHHH A
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wn

Sn FTTY AL
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v DO - e
Fig 15.17

Example 8: (Time and Distance)

Ajit can ride a scooter constantly at a speed of 30 kms/hour. Draw a time-distance graph
for this situation. Use it to find

1
() the time taken by Ajit to ride 75 km. (i) the distance covered by Ajit in 3= hours.

2
Solution:
( Hours of ride Distance covered )
1 hour 30 km
2 hours 2 x 30 km =60 km
3 hours 3 x30 km =90 km
S 4 hours 4 x 30 km =120 km and so on.j
We get atable of values.
(Time (in hours) 1 2 3 W

4
kDistance covered (in km)| 30 60 90 120 J

(i) Scale: (Fig 15.18)
Horizontal: 2 units =1 hour
Vertical: 1 unit =10 km
(i) Mark time on horizontal axis.
(i) Mark distance on vertical axis.
(iv) Plot the points: (1, 30), (2, 60), (3, 90), (4, 120).
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130
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6()
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Distance Covered (in km) —

30

20 A

10

0 ‘--*--*-

2

3

Time (in hours) —

Fig

(v) Jointhe points. We get a linear graph.

(@ Corresponding to 75 kmon the vertical axis, we get the time to be 2.5 hours on
the horizontal axis. Thus 2.5 hours are needed to cover 75 km.

15.18

4

1
(b) Corresponding to 35 hours on the horizontal axis, the distance covered is

105 km on the vertical axis.

B E XERCISE 15.3

1. Draw the graphs for the following tables of values, with suitable scales on the axes.

(@ Costofapples

(Number of apples 1 2 3 4 5

LCost (in ) 5 10 15 20 25 J /
(b) Distance travelled by a car

(Time (in hours) 6am. | 7am. 8a.m. 9 a.m)

LDistances (in km) 40 80 120 160 J
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(i) How much distance did the car cover during the period 7.30 a.m. to 8 a.m?

(i) What was the time when the car had covered a distance of 100 km since
it’s start?

(c) Interest ondeposits for a year.

(Deposit (in *) 1000 | 2000 | 3000 | 4000 5000)

LSimpIe Interest (in °) 80 160 240 320 400 J

(i) Does the graph pass through the origin?
(i) Use the graph to find the interest on ~ 2500 for a year.
(i) Togetaninterest of ~ 280 per year, how much money should be deposited?
2. Draw agraph for the following.

()] (" side of square (in cm) 2 3 3.5 5 6 )
Perimeter (in cm) 8 12 14 20 24
_ J
Isitalinear graph?
(i) (Side of square (in cm) 2 3 4 5 6 b
Area (in cm?) 4 9 16 25 36
- J

Isitalinear graph?

_ WHAT HAVE WE DISCUSSED? _

1. Graphical presentation of data is easier to understand.

2. (i) Abargraph is used to show comparison among categories.

(i) A piegraph isused to compare parts of a whole.

(i) A Histogram is a bar graph that shows data in intervals.

A line graph displays data that changes continuously over periods of time.

A line graph which is a whole unbroken line is called a linear graph.

For fixing a point on the graph sheet we need, x-coordinate and y-coordinate.

ep O ¢S B

The relation between dependent variable and independent variable is shown through a graph.
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CHAPTER

Playing with Number316
B4

r

[=]

16.1 Introduction

You have studied various types of numbers such as natural numbers, whole numbers,
integers and rational numbers. You have also studied a number of interesting properties
about them. In Class VI, we explored finding factors and multiples and the relationships
among them.

In this chapter, we will explore numbers in more detail. These ideas help in justifying
tests of divisibility.

16.2 Numbers in General Form

Let us take the number 52 and write it as
52=50+2=10%x5+2
Similarly, the number 37 can be written as
37=10x3+7
In general, any two digit number ab made of digits a and b can be written as
ab=10xa+b=10a+b
What about ba? ba=10xb+a=10b+a
Let us now take number 351. This is a three digit number. It can also be written as
351=300+50+1=100x3+10x5+1x1
Similarly 497=100%x4+10x9+1x7
In general, a 3-digit number abc made up of digits a, b and c is written as
abc=100xa+10xb+1xc
=100a +10b +c

Here ab does not
mean a x b!

In the same way,
cab=100c+ 10a+b
bca=100b + 10c + a and so on.
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1. Wirite the following numbers in generalised form.
(i) 25 (i) 73 (ii) 129 (iv) 302
2. Write the following in the usual form.
() 10x5+6 @ 100x7+10%x1+8 (i) 100xa+10xc+b

16.3 Games with Numbers

() Reversing the digits — two digit number

Minakshi asks Sundaram to think of a 2-digit number, and then to do whatever she asks
himto do, to that number. Their conversation is shown in the following figure. Study the
figure carefully before reading on.

thnep

/ Alv n-hf \

—iv
7 \(

It so happens that Sundaram chose the number 49. So, he got the reversed number
94; then he added these two numbers and got 49 + 94 = 143. Finally he divided this
number by 11 and got 143 + 11 = 13, with no remainder. This is just what Minakshi
had predicted.
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TRY THESE

Check what the result would have been if Sundaram had chosen the numbers shown
below.
1. 27 2. 39 3. 64 4. 17

Now, let us see if we can explain Minakshi’s “trick”.

Suppose Sundaram chooses the number ab, which is a short form for the 2-digit
number 10a + b. On reversing the digits, he gets the number ba = 10b + a. When he adds
the two numbers he gets:

(10a + b) + (10b + a) = 11a + 11b
=11 (a+h).
So, the sumis always a multiple of 11, just as Minakshi had claimed.

Observe here that if we divide the sum by 11, the quotient isa + b, which is exactly the
sum of the digits of chosen number ab.

You may check the same by taking any other two digit number.

The game between Minakshi and Sundaram continues!

Minakshi: Think ofanother 2-digit number, but don’t tell me what it is.

Sundaram: Alright.

Minakshi: Now reverse the digits of the number, and subtract the smaller number from
the larger one.

Sundaram: | have done the subtraction. What next?

Minakshi: Now divide your answer by 9. | claim that there will be no remainder!

Sundaram: Yes, youare right. There is indeed no remainder! But this time I think I know
how you are so sure of this!

In fact, Sundaram had thought of 29. So his calculations were: first he got
the number 92; then he got 92 — 29 = 63; and finally he did (63 + 9) and got 7 as
quotient, with no remainder.

TRY THESE

Check what the result would have been if Sundaram had chosen the numbers shown
below.
1. 17 2. 21 3. 96 4. 37

Let us see how Sundaram explains Minakshi’s second “trick”. (Now he feels confident
of doing so!)

Suppose he chooses the 2-digit number ab = 10a + b. After reversing the digits, he
gets the number ba = 10b + a. Now Minakshi tells him to do a subtraction, the
smaller number fromthe larger one.

e |[fthe tensdigit is larger than the ones digit (that is, a > b), he does:
(10a+b)-(10b+a)=10a+b-10b-a
=9%9a-9%b=9(a-h).
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e [fthe onesdigit is larger than the tens digit (that is, b > a), he does:
(10b + a) — (10a + b) = 9(b —a).
e And, of course, ifa=D, he gets 0.

In each case, the resulting number is divisible by 9. So, the remainder is 0. Observe
here that if we divide the resulting number (obtained by subtraction), the quotient is
a—borb-aaccordingasa> b ora<hb. Youmay check the same by taking any
other two digit numbers.

(i) Reversing the digits—three digit number.
Now it is Sundaram’s turn to play some tricks!
Sundaram: Think ofa 3-digit number, but don’t tell me what it is.
Minakshi: Alright.

Sundaram: Now make a new number by putting the digits in reverse order, and subtract
the smaller number from the larger one.

Minakshi: Alright, I have done the subtraction. What next?
Sundaram: Divide your answer by 99. | am sure that there will be no remainder!
In fact, Minakshi chose the 3-digit number 349. So she got:

e Reversed number: 943; e Difference: 943 —349 =594;
e Division: 594 =99 =6, with no remainder.

iy,
TRY THESE

Check what the result would have been if Minakshi had chosen the numbers shown
below. In each case keep a record of the quotient obtained at the end.

1. 132 2. 469 Sh Al 4. 901

Let us see how this trick works.
Let the 3-digit number chosen by Minakshi be abc = 100a + 10b +c.

After reversing the order of the digits, she gets the number cba=100c + 10b + a. On
subtraction:

e |fa>c, thenthe difference between the numbers is
(100a + 10b + ¢) — (100c + 10b + a) =100a + 10b + ¢ — 100c — 10b —a
=99a-99c =99(a - c).
e |fc>a, thenthe difference between the numbers is
(100c + 10b + @) — (100a + 10b + ¢) = 99¢c — 99a = 99(c — a).
e And, of course, if a = c, the difference is 0.

In each case, the resulting number is divisible by 99. So the remainder is 0. Observe
that quotient isa — c or ¢ —a. You may check the same by taking other 3-digit numbers.

(i) Forming three-digit numbers with given three-digits.
Now it is Minakshi’s turn once more.
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Minakshi: Think of any 3-digit number.
Sundaram: Alright, I have done so.
Minakshi: Now use this number to form two more 3-digit numbers, like this: if the
number you chose is abc, then
e ‘the first number is cab (i.e., with the ones digit shifted to the “left end” of
the number);
e the other number is bca (i.e., with the hundreds digit shifted to the “right
end” of the number).
Now add them up. Divide the resulting number by 37. I claimthat there will
be no remainder.
Sundaram: Yes. Youare right!
In fact, Sundaram had thought of the 3-digit number 237. After doing what Minakshi had
asked, he got the numbers 723 and 372. So he did:

237
+ 723 Form all possible 3-digit numbers using all the digits 2, 3and
7 and find their sum. Check whether the sum is divisible by
+ 372 37! Isit true for the sum of all the numbers formed by the

digits a, b and ¢ of the number abc?
1332 o —

Then he divided the resulting number 1332 by 37:
1332 + 37 = 36, withno remainder.

TRY THESE

Check what the result would have been if Sundaram had chosen the numbers
shown below.

1. 417 2. 632 3. 117 4. 937

Will this trick always work?
Let us see. abc =100a + 10b + ¢
cab =100c + 10a + b
bca = 100b + 10c + a
abc + cab+ bca=111(a+b +c)
=37 x 3(a+b+c), whichis divisible by 37

16.4 Letters for Digits

Here we have puzzles in which letters take the place of digits in anarithmetic ‘sum’, and
the problem isto find out which letter represents which digit; so it is like cracking a code.
Here we stick to problems of addition and multiplication.
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Here are two rules we follow while doing such puzzles.

1. Each letter in the puzzle must stand for just one digit. Each digit must be
represented by just one letter.

2. The first digit of a number cannot be zero. Thus, we write the number “sixty
three” as 63, and not as 063, or 0063.

Arule that we would like to follow is that the puzzle must have just one answer.

Example 1: Find Q in the addition.
31Q

+1Q3
501

Solution:

There is just one letter Q whose value we have to find.

Study the addition in the ones column: from Q + 3, we get ‘1’ that is, a number whose
ones digitis 1.

For this to happen, the digit Q should be 8. So the puzzle can be solved as shown below.
318
+ 183

501

Thatis,Q=8
Example 2: Find Aand B in the addition.

+

> > >

+

B A

Solution: This has two letters A and B whose values are to be found.

Study the addition in the ones column: the sum of three A’s is a number whose ones digit
isA. Therefore, the sum of two A’'s must be a number whose ones digit is 0.
This happens only for A=0and A=5.

IfA=0,thenthesumis0+0 + 0 =0, whichmakes B = 0 too. We do not want this
(as it makes A = B, and then the tens digit of BA too becomes 0), so we reject this
possibility. So, A =5.
Therefore, the puzzle is solved as shown below.

5

+ 5

+ 5

Thatis, A=5and B =1. 1 5
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Example 3: Find the digits Aand B.
BA

x B3
5 7TA
Solution:

This also has two letters A and B whose values are to be found.
Since the ones digit of 3 x Ais A, it must be that A=0 or A=5.

Now look at B. If B =1, then BA x B3 would at most be equal to 19 x 19; that is,
it would at most be equal to 361. But the product here is 57A, which is more than 500. So
we cannot have B = 1.

If B =3, then BA x B3 would be more than 30 x 30; that is, more than 900. But 57A
is less than 600. So, B can not be equal to 3.

Putting these two facts together, we see that B =2 only. So the multiplication is either
20 x 23, or 25 x 23.

The first possibility fails, since 20 x 23 = 460. But, the 2 5
second one works out correctly, since 25 x 23 =575. x 2 3
So the answerisA=5,B=2. 5 7 5

DO THIS

Write a 2-digit number ab and the number obtained by reversing its digits i.e., ba. Find
their sum. Let the sum be a 3-digit number dad

e, ab + ba = dad
(10a + b) + (10b + a) = dad
11(a+ b) =dad
The suma + b can not exceed 18 (Why?).
Isdad a multiple of 117
Is dad less than 198?
Write all the 3-digit numbers which are multiples of 11 upto 198.
Find the values ofa and d.

B EXERCISE 16.1

Find the values of the letters in each of the following and give reasons for the steps involved.

1. 3 A 2. 4 A 3. 1 A
+ 2 5 + 9 8 x A
B 2 C B 3 9 A
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4 A B 5 B 6. A B
+ 3 7 x 3 X 5
6 A CA B CA B

7 A B 8. A 1 9, 2 AB
. 6 R +AB 1
BB B B 0 B 138

10. 1 2 A
+ 6 A

A 0

16.5 Tests of Divisibility

In Class VI, you learnt how to check divisibility by the following divisors.
10,5,2,3,6,4,8,9, 11.

You would have found the tests easy to do, but you may have wondered at the same
time why they work. Now, in this chapter, we shall go into the “why’” aspect of the above.
16.5.1 Divisibility by 10
This is certainly the easiest test of all! We first look at some multiples of 10.

10, 20, 30, 40, 50, 60, ...,
and then at some non-multiples of 10.
13, 27, 32, 48, 55, 69,

From these lists we see that if the ones digit of a number is 0, then the number is a
multiple of 10; and if the ones digit is not 0, then the number is not a multiple of 10. So, we
get a test of divisibility by 10.

Of course, we must not stop with just stating the test; we must also explain why it
“works”. That is not hard to do; we only need to remember the rules of place value.
Take the number. ... cba; this is a short form for

...+100c + 10b + a

Here ais the one’s digit, b is the ten’s digit, ¢ is the hundred’s digit, and so on. The
dots are there to say that there may be more digits to the left of c.

Since 10, 100, ... are divisible by 10, so are 10b, 100c, ... . And as for the number a
is concerned, it must be a divisible by 10 if the given number is divisible by 10. This is
possible only whena=0.

Hence, a number is divisible by 10 when its one’s digit is 0.
16.5.2 Divisibility by 5
Look at the multiples of 5.

5, 10, 15, 20, 25, 30, 35, 40, 45, 50,
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4 A B 5. A B 6 A B
+ 3 7 x 3 X 5
6 A CA B CA B
7 A B 8. A1 9 2 A
. 6 A +A B 1
BB B B 0 B 18
0. 1 2A
+6 A B
A0 9
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We see that the one’s digits are alternately 5 and 0, and no other digit ever
appears in this list.

So, we get our test of divisibility by 5.
If the ones digit of a number is 0 or 5, then it is divisible by 5.
Let us explain this rule. Any number ... cba can be written as:
...+100c +10b + a
Since 10, 100 are divisible by 10 so are 10b, 100c, ... which in turn, are divisible
by 5 because 10 = 2 x 5. As far as number a is concerned it must be divisible by 5 if the
number is divisible by 5. So a has to be either 0 or 5.

TRY THESE

(The first one has been done for you.)

1. [Ifthe division N + 5 leaves a remainder of 3, what might be the ones digit of N?
(The one’s digit, when divided by 5, must leave a remainder of 3. So the one’s digit
must be either 3 or 8.)

2. Ifthe division N + 5 leaves a remainder of 1, what might be the one’s digit of N?

3. Ifthe division N + 5 leaves a remainder of 4, what might be the one’s digit of N?

16.5.3 Divisibility by 2
Here are the even numbers.
2,4,6,8, 10, 12, 14, 16, 18, 20, 22, ...,
and here are the odd numbers.
1,357,911, 13,15, 17, 19, 21, ...,

We see that a natural number is even if its one’s digit is

2,4,6,80r0
Anumber is odd if its one’s digit is

1,3,570r9
Recall the test of divisibility by 2 learnt in Class V1, which is as follows.
If the one’s digit of anumber is 0, 2, 4, 6 or 8 then the number is divisible by 2.
The explanation for this is as follows.
Any number cba can be written as 100c + 10b + a

First two terms namely 100c, 10b are divisible by 2 because 100 and 10 are divisible
by 2. So far as a is concerned, it must be divisible by 2 if the given number is divisible by
2. This is possible only whena =0, 2, 4, 6 or 8.

TRY THESE

(The first one has been done for you.)

1. [Ifthedivision N + 2 leaves a remainder of 1, what might be the one’s digit of N?
(N isodd; so its one’s digit is odd. Therefore, the one’s digit mustbe 1, 3,5, 7 or9.)
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mnwwm .

2. Ifthedivision N + 2 leaves no remainder (i.e., zero remainder), what might be the
one’s digit of N?

3. Suppose that the division N + 5 leaves a remainder of 4, and the division N + 2
leaves a remainder of 1. What must be the one’s digit of N?

'K~ 16.5.4 Divisibility by 9 and 3

Look carefully at the three tests of divisibility found till now, for checking division by
10, 5 and 2. We see something common to them: they use only the one’s digit of the
given number; they do not bother about the ‘rest’ of the digits. Thus, divisibility
is decided just by the one’s digit. 10, 5, 2 are divisors of 10, which is the key
number in our place value.

But for checking divisibility by 9, this will not work. Let us take some number say 3573.

Its expanded formis: 3 x 1000 +5x 100 +7 x 10 + 3

Thisisequalto 3x (999+1)+5%x(99+1)+7x(9+1)+3
=3%x999+5%x99+7x9+(3+5+7+3) (1)

We see that the number 3573 will be divisible by 9 or 3 if (3+5 + 7 + 3) is divisible
by 9 or 3.

We see that 3+ 5+ 7 + 3 = 18 is divisible by 9 and also by 3. Therefore, the number
3573 isdivisible by both 9 and 3.

Now, let us consider the number 3576. As above, we get

3576 =3x999+5%x99+7x9+(3+5+7+6) (2
Since (3+5+7+6) i.e., 21 is not divisible by 9 but is divisible by 3,

therefore 3576 is not divisible by 9. However 3576 is divisible by 3. Hence,

(i Anumber N is divisible by 9 if the sum of its digits is divisible by 9. Otherwise it is
not divisible by 9.

(@) Anumber N is divisible by 3 if the sum of its digits is divisible by 3. Otherwise it is
not divisible by 3.

If the number is ‘cba’, then, 100c + 10b+a=99c+9b + (a+ b +¢)
= 9(1lc+b) +(a+b+c)
%/_J
divisible by 3and 9
Hence, divisibility by 9 (or 3) is possible ifa + b + c is divisible by 9 (or 3).
Example 4: Check the divisibility of 21436587 by 9.

Solution: The sum of the digits of 21436587 is2+1+4+3+6+5+8 + 7 = 36.
This number is divisible by 9 (for 36 + 9= 4). We conclude that 21436587 is divisible by 9.

We can double-check:

21436587

9 = 2381843 (the division is exact).
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Example 5: Check the divisibility of 152875 by 9.

Solution: Thesumofthe digits of 152875is1+5+ 2+ 8 + 7+ 5= 28. This number
is not divisible by 9. We conclude that 152875 is not divisible by 9.

TRY THESE

Check the divisibility of the following numbers by 9.
1. 108 2. 616 3. 294 4. 432 5. 927

Example 6: Ifthe three digit number 24x is divisible by 9, what is the value of x?

Solution: Since 24x is divisible by 9, sum of it’s digits, i.e., 2 + 4 + x should be
divisible by 9, i.e., 6 + x should be divisible by 9.

This is possible when 6 +x=90r 18, ....
But, since x is a digit, therefore, 6 +x=9, i.e., x=3.

HEE THINK, DISCUSS AND WRITE Ul

1. You have seenthat a number 450 is divisible by 10. It is also divisible by 2 and 5
which are factors of 10. Similarly, a number 135 is divisible 9. It is also divisible
by 3which is a factor of 9.
Can you say that if a number is divisible by any number m, then it will also be
divisible by each of the factors of m?
2. (i) Write a 3-digit number abc as 100a + 10b + ¢
=99 +1lb+(@a-b+c)
=11(9a+b)+ (a-b+c)
If the number abc is divisible by 11, then what can you say about
(a-b+c)?
Is it necessary that (a + ¢ —b) should be divisible by 11?
(i) Write a 4-digit number abcd as 1000a + 100b + 10c +d
=(1001a+99b + 11c)—-(a—b+c—-d)
=11(91la+9b +c)+[(b+d)—(a+ )]
If the number abcd is divisible by 11, then what can you say about
[(b+)~(a+c)]?
(i) From (i) and (i) above, can you say that a number will be divisible by 11 if
the difference between the sum of digits at its odd places and that of digits at
the even places is divisible by 11?

Example 7: Check the divisibility of 2146587 by 3.

Solution: The sum of the digits of 2146587 is2+1+4+6+5+ 8+ 7 =33. This
number is divisible by 3 (for 33 + 3 =11). We conclude that 2146587 is divisible by 3.
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Example 8: Check the divisibility of 15287 by 3.

Solution: The sum of the digits of 15287 is 1 +5 + 2 + 8 + 7 = 23. This number is not
divisible by 3. We conclude that 15287 too is not divisible by 3.

TRY THESE

Check the divisibility of the following numbers by 3.
1. 108 2. 616 3. 294 4. 432 5. 927

B EXERCISE 16.2

1. If21y5isamultiple of 9, wherey is a digit, what is the value ofy?
2. 1f31z5isamultiple of 9, where z is a digit, what is the value of z?

You will find that there are two answers for the last problem. Why is this so?
3. If24xisamultiple of 3, where x is a digit, what is the value of x?

(Since 24x is a multiple of 3, its sum of digits 6 + x is a multiple of 3; so 6 + x is one
of these numbers: 0, 3, 6, 9, 12, 15, 18, ... . But since x is a digit, it can only be that
6+x=60r9o0r12or15. Therefore,x=00r 3 or 6 or9. Thus, x can have any of

four different values.)
4. 13125 isamultiple of 3, where z is a digit, what might be the values of z?

_ WHAT HAVE WE DISCUSSED? _

1. Numbers can be written in general form. Thus, a two digit number ab will be written as
ab=10a+ b.

2. The general form of numbers are helpful in solving puzzles or number games.

3. The reasons for the divisibility of numbers by 10, 5, 2, 9 or 3 can be given when numbers are
written in general form.
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&St 8: 33 15287 Go8), redoHB HOZoSod.

5 15287 éoaog@sf() ©o8oNod Iwgo 1+5+2+8+7=23.96 33 grR0SELD.
©oHded 15287 Erae 33 grA0SE.

(Bch&ohod

33 808 Qogge DS a’aégoiso&.
1. 108 2. 616 3. 294 4. 432 5. 927

B

. o 16.2

1. ya¥ @08 wondpid 21y5 @e 9 @o¥) Heso @dhsioty Y Dend EirSos?

2. 728 08 wonspi 3175 06 9 Go¥) Heso edgtey ZDend EHirEos?
DB é:ﬁaégé: Bo JSrgrdsdnen 805 Y PSS, dothded?

3. Xa¥ ©08 @onSYPe 24X 06 3 Bw) rhleso wdgty X Dend SHPKod?

(24x @058 3 E0¥) HBeso, SUHP S: Dogys® woBe BwPo 6 + X Ere 3
Roog), 1oeheso rH; B8 6 + X058 0, 3, 6,9, 12, 15, 18 o&® 2,88
SPEB. 520 X @50 28 ®o8 @onSohded 6+ X =6 Bwe 9 Soe 12 Soe 15
%), @0, X =0 Swe 3 Swe 6 Sue 9 WH. FHI, XK DT Teid
DY) Denden
Slelatsian))

4. 728 ©08 wondipi 3175 @58 3 @n¥) Heso wdgtrey Z eod DI
€085%)?

1. Sogged htes ErHos® TPOHHLY). BotdH @08 Hogy BnE) DYBes o ab=10a+b.
2. 260335@55 ©een BEP HRSeD FHoSEoS Dogge DYBes Erdo HEPaDHHS0B.

3. Soggod IYBedrdods® orabEo wroe 10,5,2,9 Sur 3o gradchee KrEred sedmre
éenéagszﬁiﬁazéa.
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YT NOTES A=

sy ANSWERS ARSnmm=

TN EXERCISE 9.1

1. ( Term Coefficient ) ( (iv) 3 3 ™
@) 5xyz> 5 - pPq -1
—3zy -3 qr 1
—rp —l
(i) )1( i ) X 1
v 2 -
X2 1 2 2
y 1
(iii) 4x2y? 4 2 2
— 4xy2 —4 —Xy -1
z 1 .
- J (vi) 0.3a 0.3
—0.6ab -0.6
0.5b 0.5
g J
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- &ayy

. ety

B <500 9.1

1. ( b0 thesdo ) @ . T )
@) 5xyz> 5 - pq -1
—3zy -3 qr 1
—1p —1l
(ii) 1 1 " "
x 1 ) > >
X2 1 )2/ ?
(i) 4x2y? 4 2 2
— 4xy2 —4 —Xy -1
72 1
- J (vi) 0.3a 0.3
—0.6ab ~0.6
0.5b 0.5
N\ y,
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2. Monomials: 1000, pgr

Binomials: X +y, 2y — 3y?, 4z — 152%, p°q + pg% 2p +2q

Trinomials :7 +y + 5%, 2y — 3y* + 4y, 5Xx — 4y + 3xy

Polynomials that do not fit in these categories: X + x>+ x* + x*, ab + bc + cd + da
3. ) 0 (i) ab+bc+ac (i) —p’*g*+4pq+9

@) 2(P+m?+n*+Im+mn+nl)
4. (a) 8a—-2ab+2b-15 (b) 2xy — 7yz + 5zx + 10xyz

(c) p°’q—"7pg*+8pgq— 18q+ 5p +28

B £ <ERCISE 9.2

1. (@) 28p (i) —28p? (i) —28p’q (iv) —12p* v) 0
2. pg; 50 mn; 100 x2y?; 12%%; 12mn?p
3.
(" First monomial —> 2 2 2|
2X -5y 3X —4xy Xy | -9xy
Second monomial ¢
2X 4x? —10xy 6Xx3 —8x%y | 14x%y [-18x%y?
-3y —10xy | 25y? | —15x%y| 20xy? | —35x%? | 45x%y?
3x? 6x3 —15x%y ox* | —12x%y | 21x*y |-27x%?
— 4xy —8x2y | 20xy? | —12x%y| 16x2y? [ —28x%y?| 36x%y3
X%y 14x3y | =35x%y2| 21x%y | —28x%y?| 49x%y? |- 63x%y°
g -ox%y? —18x3y? | 45x%y3 | 27x%?| 36x%y* | — 63x%y*| 81x*y* §
4. (1) 105a” (i) 64pqr (i) 4x*y? (iv) 6abc
5 (1) x¥yz2* () —a° (i) 1024y° (iv) 36a*h’c* (v) —m’np
B - <ERCISE 9.3
1. (1) 4pq-+4pr (i) a’b—ab* (i) 7a’b’+ 7a’’
(iv) 4a’-36a v) 0
2. () ab+tac+ad (i) 5x%y + 5xy? — 25xy
(i) 6p*—7p*+5p (iv) 4p'd’ —4p’q’
(v) a’hc + ab’c + abc?
3
3. () 8a* (@) —gxy (@) -4p'a’ @) x"
-3
4. (a) 12x*—15x + 3; i 66 (ii) >
(by a’+a’+a+35; i 5 () 8 (i) 4
5. (@ p*+g*+r*—pq-qr—pr (b) —2x*—2y> —4xy + 2yz + 22X
(c) 5IP+25In (d) —3a*—2b*+4c*—ab+ 6bc—7ac
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2. AEHSen: 1000, par
Bxdcoen: X+, 2y — 3y%, 47— 152, p’q + pg?, 2p + 24
(BD3en ;7 +y + 5%, 2y — 3y + 4y?, SX — 4y + 3xy
& Spod® Bitodod adies: X+ X2+ X + X!, ab+bc + cd + da
3. ) 0 (i) ab+bc+ac (i) —p’*g*+4pq+9
@) 2(P+m?+n*+Im+mn+nl)
4. (a) 8a—2ab+2b-15 (b) 2xy — 7yz + 5zx + 10xyz
(c) p’q—"7pg*+8pq— 18q+ 5p +28

. «:75So 9.2

1. (@) 28p (i) —28p? (i) —28p’q (iv) —12p* v) 0
2. pq; 50 mn; 100 x2y?; 12%%; 12mn?p

3.

( N4 N\
FEB 2550 2X 5y 3x2 | —axy | 7y | —9xdy?
Bos DEDe

2X 4x? —10xy 6Xx3 —8x%y | 14x%y [-18x%y?
-5y —10xy | 25y? | —15x%y| 20xy? | —35x%? | 45x%y?
3x? 6Xx3 —15x%y ox* | —12x%y | 21x%y |-27x%?
— 4xy —8x2y | 20xy? | —12x%y| 16x2y? [ —28x%?| 36X%y3
X%y 14x3y | =35x%y2| 21x%y | =28x%y?| 49x*y? |- 63x%°

g -ox%y? —18x3%y? | 45x%y3 | 27x%?| 36x%y* | — 63x%y*| 81x*y* §
4. (1) 105a” (i) 64pqr (i) 4x*y* (iv) 6abc
5 (1) x¥yz2? () —a° (i) 1024y° (iv) 36a*h*c* (v) —mnp

B o550 9.3
1. (1) 4pq-+4pr (i) a’b—ab* (i) 7a’b?+ 7a’’

(iv) 4a’ - 36a v) 0
2. () ab+tac+ad (i) 5x%y + 5xy? — 25xy
(i) 6p*—7p*+5p (iv) 4p'd’ —4p’q’

(v) a’hc + ab’c + abc?
3
3. () 8a* (@) —gxy (@) -4p'a’ @) X"
-3

4. (@) 12x2—15x+3; (i) 66 (@ =

(b) a+a’+a+5; @ 5 (i) 8 (i) 4
5. (@ p*+g*+r*—pq-qr—pr (b) —2x*—2y> —4xy + 2yz + 22X
(c) 5IP+25In (d) —3a*—2b*+4c*—ab+ 6bc—7ac
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3y?— 28y + 32

6p’q* + 5pg’ — 60"
TX* + 48xy — 7y?
a’b® + 3a*+ 5b*+ 20
3X2+ 4xy — y?
a’+b?—c*+ 2ab

4y* + 20y + 25

1.21m*-0.16

a?—2ac + ¢?

16x2 + 24x + 5
4x* + 16xy + 15y2

X2 y2 + 6xyz + 922

0.16p*—0.4pq + 0.250°

1. (@) 8x*+14x-15 (ii)
(iv) ax+5a+3bx+15b (V)

2. (1) 15-x-2x? (i)
(iv) 2p*+p*d—2pg’ o

3. () X+ 5x2-5x (i)
(iv) 4ac \%)
(vi) 2.25x*— 16y? (viii)

B - XERCISE 9.5
1. @) xX*+6x+9 (i)
(iv) 9a’-3a+ 1 v)
4
(vii) 36x*—49 (viii)
(x) 49a’-126ab + 81b?

2. () x>+ 10x+ 21 (i)
(iv) 16x>+16x—5 v)
(vi) x*y*z2—6xyz+ 8

3. () b*-14b+49 (i)

T 4 2 9 2
(v) oM +2mn + A" %)

4. (1) a*-—2a’*+b? (i)
(iv) 41m>+80mn+41n*  (v)

6. (1) 5041 (i)

(v) 27.04 (Vi)
(x) 99.75
7. (1 200 (i)
8. (1 10712 (i)

(ii)
(Vi)
(ii)

(ii)
(vi)

(ii)
(vi)

(i)

(ii)
(vi)
(ii)
(vi)

40x (i) 98m? + 128n?
4p? — 49>  (vi) a’b? + b*c? (vi)
9801 (i) 10404 (iv)
89991 (vii) 6396 (vii)
0.08 (i) 1800 (iv)
26.52 (i) 10094 (iv)

B £ XERCISE 10.1

1. (a) > (i) > (iv) (b) > (@) —> ()
(d) = (v) — (iii) (e) > (i) — (1)

2. (a) (i) > Front, (ii) — Side, (iii) > Top (b)
(¢) (i) > Front, (it) — Side, (iii) > Top (d)

3. (@ (1) > Top, (ii)) — Front, (iii) — Side (b)
(¢) (1) > Top, (ii)) — Side, (iii) - Front (d)

©

(i) > Front, (it) — Top, (iii) — Side
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6.251> — 0.25m?
3a* + 10a’h* — 8b*
a’+a*+ab+b’

t—-st+st?-¢°

4a* —28a + 49
b*—a*

2 2
X 3y 9y

4 4 16

16X —24x+ 5
4a* + 28a? + 45

36x* — 60x%y + 25y2

4x%y? + 20xy? + 25y2

m* + n*m?
996004
79.21

84
95.06

() = (iv) — (ii)

(1) — Side, (ii) — Front, (iii) > Top
(i) » Front, (i1) — Side, (iii) > Top
(i) — Side, (ii) — Front, (iii) —» Top
(1) — Side, (ii) — Front, (iii) —» Top
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. oo 9.4

1. () 8%+ 14x-15 (i) 3y*—28y+32 (i) 6.251°—0.25m?
(iv) ax+5a+3bx+15b  (v) 6p*g*+ 5pg’ — 6q* (vi) 3a*+ 10a’b? — 8b*

2. (1) 15-x-2x? (i) 7x*+ 48xy — 7y? (i) a’+a’b*+ab+Db’
(iv) 2p*+p*d—2pg’ -

3. () X+ 5x2-5x (i) a%’+3a’+ 5b*+ 20 (i) —st+st2-¢°
(iv) 4ac (v) 3x2+4xy —y? (vi) X*+y?

(vii) 2.25x2— 16y? (viii) a’+ b*—c2+ 2ab
. <550 9.5
1. @) xX*+6x+9 () 4y>+20y+25 (i) 4a’—28a+49
1
(iv) 9a*-3a+ 2 (v) 1.2Im?>-0.16 (vi) b*—a*
(vi) 36x*—49 (vii) a*-—2ac+c? (iX) X_2+3ﬂ+i
v Vit VR
(x) 49a*— 126ab + 81b?

2. () x>+ 10x+ 21 (i) 16x>+24x+5 (i) 16x*—24x+5
(iv) 16x>+16x—5 (V) 4x2+ 16xy + 15y2 (vi) 4a*+28a+45
(vi) x*y*z2—6xyz+ 8

3. (i) b’-14b+49 (i) X*Yy?+ 6xyz + 922 (i) 36x* — 60x%y + 25y?

4 9
(iv) 9 m? +2mn + 2 n’ (v) 0.16p*—0.4pq + 0.25¢7 (Vi) 4x2y? + 20xy? + 25y?
4. (i) a*-—2ah’+b (i) 40x (i) 98m? + 128n?
(iv) 4Im*+80mn+41n* (v) 4p*—4¢> (vi) a’b*>+b’c® (vi) m*+ n'm?
6. (i) 5041 (i) 9801 (i) 10404 (iv) 996004
(v) 27.04 (vi) 89991 (vii) 6396 (viii) 79.21
(x) 99.75
7. (1) 200 @) 0.08 (i) 1800 (iv) 84
8. (i) 10712 (i) 26.52 (i) 10094 (iv) 95.06
B «:c5o 10.1
1. (a)—> (i) > (iv) (b) > (i) > (v) (c) > (iv) — (ii)
(d) = (v) — (iii) (e) = (i) > (1)
2. (@) (i) > Swod, (i) — [BER, (iii) — 2 (b) (i) = B8, (ii) — Lo, (iii) — S
(©) (i) > Swoed, (i) — [BER, (iii) = 2 (d) (i) = Swodd, (i) — E)S, (i) —> 2
3. (@) (i) >, (i) > ootd, (iil) — &S (b) (i) = B8, (ii) — Lo, (iii) — 28
(©) (i) =2, (ii) = @8N, (i) — sHootd (d) (i) = B8, (i) — Loodd, (i) — S

© (i) =500, (i) —> B3, (iii) — 58S
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B - XERCISE 10.3

(1) No (ii) Yes (iii) Yes 2. Possible, only if the number of faces are greater than or equal to 4
3. only(ii) and (iv)
4. (i) Aprismbecomes a cylinder as the number of sides of its base becomes larger and larger.

=

(i) Apyramid becomes a cone as the number of sides of'its base becomes larger and larger.

5. No. It can be a cuboid also 7. Faces — 8, Vertices — 6, Edges — 30
8. No
B EXERCISE 11.1
1. (a 2. ~ 17,875 3. Area=129.5 m’ Perimeter =48 m
4. 45000 tiles 5 (b)
B EXERCISE 11.2
1. 0.88m’ 2. 7cm 3. 660 m’ 4. 252 m?
5. 45cnm?? 6. 24 cm? 6 cm 7. " 810 8. 140m
1 15
9. 119m? 10. Areausing Jyoti’s way = 2 X 3%X5 % (30+15)m* =337.5m’,

Areaus]'ng Kavita’s way = % x15%x15+15x15=337.5 m2
11. 80 cm?, 96 cm?, 80 cm?, 96 cm?

B £ <XERCISE 11.3

1. (a 2. 144m 3. 10cm 4. 11m?
5. Scans

6. Similarity — Both have same heights. Difference — one is a cylinder, the other is a cube. The cube has
larger lateral surface area

7. 440 m? 8. 322cm 9. 1980 m? 10. 704 cnmy?
B £ <ERCISE 11.4

1. (@ Volume (b) Surface area (c) Volume

2. Volume of cylinder B is greater; Surface area of cylinder B is greater.

3. Scm 4. 450 5 Im 6. 49500 L

7. (1) 4times (i) 8times 8. 30hours

B £ XERCISE 12.1

1 1
LG 5 @ 7 (i) 32
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B -0 10.3

1 () =0 (if) 09 (iil) 09D 2. Jgged, Sere Sogy 4 B @oBL0E DEND &RRPE LB
3. (i), (iv) S5
4. (i) & ghero Sogg B BOAS G a8 BB Kpdore SrgEob.

(ii) afe ghere Bogg EHD DONS &G &8 LEWLE JognHe HrdrEob.

5. =0, égq“wzéo Eome So0E). 7. Seren — 8, dopen — 6, wothen — 30
8. =%
A
. :~550 11.1
1. (a 2. ~ 17,875 3. g0 =129.5 % HeENSoE = 48 .
4. 45000 85 5 (b)
. 50 11.2
1. 0.88 &2 2. 720.8. 3. 660 &2 4. 252 &2
5. 45%20.8? 6. 2420.2% 620.5. 7. 810 8. 140 .
1 15
9. 119&? 10. &i® T $g8E° arego = 2x 5 x —=x (30 +15) = 3375

) 3?\);6 ég@és é.go@eso = %X 15x15+15%x15=337.5 g))2
11. 80 20.802, 96 20.82, 80 0.2 96 0.2

. 550 11.3

1. (a 2. 144 &.. 3. 102o0. &. 4. 11 &2
5. 5&535‘;)@:

6. D% — Botke BErd doen EOA aIqow.  B&® —> w8 EEiw, BodH dgnbo.
J300K0 AEYS (BF B ST 8ON a6,

7. 440 &2 8. 322320.%. 9. 1980 &2 10. 704 0.2
. ©:c5oc 11.4

1. (@) 500590 (b) &d88e Jzeexo (c) 3DIHBHTe0

2. K)J;K)o B GnE) $080508me00 28NS éJ;o“Jo B &%) 60880 Jereso 80

3. 5%0.%. 4, 450 5. 1&. 6. 49500 9.

7. (1) 4%¢n (i) 83w 8. 30 Xoren

. oo 12.1

1 1
LG 5 @ 7 (i) 32
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1 o1 e oL 1
20 i) 5 (i) (5) ® G O Ty
1 81
3.0 5 @ 3 (ii)) 29 (iv) 1 ™ T
- N _ . o512
4. () 250 G o 5. m=2 6. (i) -1 (i 173
4
7.0 ZL g s
2
B - <XERCISE 12.2
1. G 85x10" (i) 9.42 x 10" (i) 6.02 x 1015
(iv) 837x10° (v) 3.186 x 10"
2. () 0.00000302 (i) 45000 i) 0.00000003
(iv) 1000100000 (v) 5800000000000 (Vi) 3614920
3. () 1x10° i) 1.6x 107 (i) 5x 107
(iv) 1275%10° V) 7% 102

4. 1.0008 x 10°

B £ XERCISE 13.1

1. No 2. (Parts of red pigment| 1 4 7 |12 20\
LParts of base 8 [32 |56 |96 160)

3. 24 parts 4. 700 bottles 5. 10*cm; 2 cm 6. 21 m

7. (1) 2.25x107crystals (i) 5.4 x 10°crystals 8. 4cm

9. () 6m (i) 8m75cm 10. 168 km

B E<ERCISE 13.2

1. (), @), (v) 2. 4—25,000; 5—20,000; 8 > 12,500; 10 — 10,000; 20 — 5,000
Amount given to a winner is inversely proportional to the number of winners.

3. 8 >45° 10—>36° 12 > 30° (i) Yes (i) 24° (i) 9
4. 6 5 4 6. 3days 7. 15boxes
1
8. 49 machines 9. 15 hours 10. (i) 6days (ii)) 6 persons 11. 40 minutes
B - <XERCISE 14.1
1. @ 12 @) 2y (i) 14pq (v) 1 (v) 6ab (vi) 4x
(vi) 10 (vii) X%y?
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o .1 e oL 1

2. @) oy (ii) 56 (i) (5) (v) 3y W) 14y’
1 81

3. () 5 @ 3 (i) 29 (iv) 1 ™ 16

. Lo , 512
4. 250 @) 5. m=2 6. (i) -1 @ 55

4

7. () 6225t (i) 5°

. 5o 12.2

1. (@) 85x10" (i) 9.42 x 10" (i) 6.02 x 10"
(iv) 8.37x10° (v) 3.186 x 10"

2. () 0.00000302 (i) 45000 (i) 0.00000003
(iv) 1000100000 (v) 5800000000000 (V) 3614920

3. () 1x10° () 1.6x 10" (i) 5107
(iv) 1.275x 10° V) 7x 102

4. 1.0008 x 107
. <:-o 13.1

1. = 2. (Qtﬁ:a’»éo&a?&o 1| 4| 7|12 20]
L’éwéa’w?ozé %o o] 8 |32 | 56 | 96 160)

3. 24 grreen 4. 700 doen 5. 10 %20.8.;220.8%. 6. 21%.

7. (1)2.25 x 107 Qy@seen (i) 5.4 x 10°@seen 8. 420.%.

9. (i) 6&. (i) 8&. 7520.5. 10. 168 8.5%.
B oo 13.2

1. (), @), (V) 2. 4 —25,000; 5—20,000; 8 - 12,500; 10 — 10,000; 20 — 5,000

Rensroddd 3588 =)y o, RensPoddd 580 Soggdd DS LT LR B0 Goenod.
3. 8 —>45° 10— 36° 12— 30° (1) @95 (i) 24° (@) 9
4, 6 5 4 6. 3&even 7. 15 DPen
1

8. 49 cho|zeen 9. 1;&0&3@3 10. (i) 6&8%»en (i) 65Hen 11, 40 daren
. 50 14.1

1. 0 12 @) 2y (i) 14pq @) 1 (v) 6ab (vi) 4x

(viiy 10 (vii) Xx%y?
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2. (1) 7(x-06) () 6(p—2q) (i) 7a(@+2) (iv) 4z2(—4+52)
(v) 10Im(21+ 3a) (Vi) Sxy(x —3y) (vii) 5(2a*—3b*+4c?)
(vii) 4a(—a+b-c) (X) xyz(x+y+2z) (x) xy(ax + by + cz)
3. (1) (xX+8)(x+y) @ (3x+1)(5y-2) (i) (a+b)(x-y)
(v) (5p+3)(3q+5) V) @-7)(1-xy)
B - XERCISE 14.2
1. (1) (at4)y @ (p-5)2 @) (5m+3)* (@v) (7y+62)*
v) 4(x—1) (vi) (11b—4c)* (vi) (I-m)*>  (vii) (a+ b??
2. (1) (2p-39)(2p+30) (i) 7(3a—4b) (3a+4b) @) (7x—6) (7x+6)
@) 16x3(x—3) (x +3) (v) 4lm (vi) (3xy —4) (3xy +4)
(vi) (X—-y—2)(x—y+2z) (vii) (5a—2b+7c)(5a+2b-7c)
3. (1) x@x+h) @) 7(p*+3gh) (i) 2X(X* +y*+272%)
(iv) (m*+n%(a+b) V) (I+1D(m+1) M) (Y+9)(y+2)
(vii) (5y+22)(y—4) (vii) (2a+1) (5b+2) (x) (3x—2)(2y-3)
4. () (@-b@+b@+b) @@ (P-3)(P+3)(PE+9)
() (X—y—2)(X+y+2)[2+(y+2)7] (iv) z(2x—2) 2x*—2xz+ 2%
(v) (a—b)y*(@a+by
5. 1 (Pt2)(pt4) @ (@-3)@Q-7) (i) (p+8)(p-2)

EEE £ XERCISE 14.3

3
O @) 6par () §x2y (v) —2a%b
2. @) %(5x—6) (i) 3y*—4y*+5 (i) 2(x+Yy+2)
(iv) %(x2+2x+3) ™) - p’
3. () 2x-5 (@ 5 (ii) 6y ) xy (v) 10abc
4. () 503x+5) (i) 2y(x+5) (i) %r(p+q) (iv) 4(y*+3y+3)

V) (x+2)(x+3)
5. G) y+2 @) m-16 (i) S(p-4) (v) 22z-2) ) %q(p—q)

(vi) 3(3x—4y) (vi) 3y(5y—7)
B - <XERCISE 14.4
1. 4x-5)=4x-20 2. X(3x+2)=3x*+2x 3. 2x+3y=2x+3y

4. X+ 2X+ 3x=6X 5 5y+2y+y-7y=y 6. 3x+ 2x =5x




2. (1) 7(x-06) (i)
(v) 10Im(21+ 3a) (Vi)
(vii) 4a(—a+b-c) (ix)
3. (1) (xX+8 (x+y) (i)
(v) (5p+3)(3q+5) V)
. 7550 14.2
1. () (at4)y (i)
(v) 4(x-1)y (Vi)
2. () (2p-309)(2p+30) (i)
@) 16x3(x—3) (x +3) v)
Vi) (X-y-2)(x-y+2z) (vi)
3. () x@x+Dh) (i)
(iv) (m*+n%(a+b) V)
(vi) (Sy+22)(y—4) (viii)
(a—b)(@a+b)@+b? (i

4. ()
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6(p—2q) (i) 7a(@+2) (iv) 4z(—4+52)
Sxy(x — 3y) (vii) 5(2a*—3b* +4c?)

Xyz(X +Yy + 2) (x) xy(ax + by + cz)
(Bx+1) (5y-2) (i) (a+b)(x-y)
(z-=7) (1 -xy)

(p-5y (@) (Sm+3)* () (7y+6z)

(11b—4c)* (vi) (I-m)>  (vii) (@*+ b?)?
7(3a—4b) (3a+4b) (i) (7x—6) (7x+ 6)
4lm (vi) (3xy—4) 3xy+4)

(5a—2b+7c) (5a+2b—"7c)

7(p*+30g%) (i) 2X(X* +y* + %)
(I+1)(m+1) V) (Y+9)(y+2)
(2a+1)(5b+2) (x) (3x—2)(2y-3)

P-3)(P+3)E+9)

) (X—-y-2)(X+y+z)[X+(y+27] (iv) z(2x—2) (2x*—=2xz + 2%)
(v) (a-b)y(a+by
5. M (P+2)(pt+4) i (@-3)@-7) () (p+8)(p—2)
. o 14.3
3
O @) 6par () §x2y (v) —2a%b
1
2. (i) 5(5x—6) () 3y*—4y*+5 (i) 2(x+y+2)
(iv) %(x2 +2X+3) ™) - p’
3. () 2x-5 (i) 5 (i) 6y (iv) Xy (v) 10abc
4. () 503x+5) (i) 2y(x+5) (i) % r(p+ad) (iv) 4(y>+5y+3)
V) (x+2)(x+3)
5. () y+2 (i) m—16 () 5(p-4) (v) 22z-2) () %q(p =)
(vi) 3(3x—4y) (vi) 3y(5y—7)

B ©:-55o 14.4

1. 4x-5)=4x-20
4., X+ 2X+3x=6X

2. X(3x+2)=3x*+2x
5 5Sy+2y+y-7y=y

3. 2x+3y=2x+3y
6. 3x+ 2x =5x
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7. (2X)*+42x) + 7 =42+ 8x + 7 8. (2x)* + 5x = 4x* + 5X
9. Bx+2) =9+ 12x+4
10. (a) (-3)*+5(-3)+4=9-15+4=-2 (b) (-3)*-5(-3)+4=9+15+4=28
(c) (3P2+5(-3)=9-15=-6
11, (y-3) =y*-6y+9 12. (z+5)y=22+10z+25
13. (2a+3b) (a—b)=2a*>+ab-3b’ 14. (a+4)(a+2)=a*+6a+8
3x?
15. (a-4)(a-2)=a*-6a+8 16. ﬁzl
3 +1 3% 1 1 3X 3X
17. = + =1+— 18. =
3x*  3x* 3x? 3x? 3X+2  3x+2
3 3 4x+5 4x 5 5
19. = 20. =—+—=1+—
4x+3  4x+3 axax o ax o ax
21. TX+S :B+§:B+1
5 5 5 5
B £ <ERCISE 15.1
1. (a 36.5°C (b) 12noon (¢) 1pm,2p.m.
(d) 36.5°C; The point between 1 p.m. and 2 p.m. on the x-axis is equidistant from the two points
showing 1 p.m. and 2 p.m., so it will represent 1.30 p.m. Similarly, the point on the y-axis,
between 36° C and 37° C will represent 36.5° C.
() 9am.tol10am., 10a.m.to 11 am., 2 p.m.to 3 p.m.
2. (& (1) "~ 4crore (i) "~ 8crore
(b) (i) ° 7crore (i) "~ 8.5crore (approx.)
(c) "~ 4crore (d) 2005
3. @ (@ 7cm (i) 9cm
(b) (i) 7cm @@ 10cm
(c) 2cm (d) 3cm (e) Second week () First week
(g) Atthe end ofthe 2nd week
4. (a) Tue, Fri, Sun (b) 35°C (c) 15°C (d) Thurs
1
6. (a) 4units=1hour (b) 3 5 hours (c) 22km
(d) Yes; This is indicated by the horizontal part of the graph (10 a.m. - 10.30 a.m.)
() Between8a.m.and9a.m.
7. (i) is not possible

B £ XERCISE 15.2

1. Pointsin(a)and (b) lic on a line; Points in(c) do not lic on a line
2. The line will cut x-axis at (5, 0) and y-axis at (0, 5)
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7. (2X)*+42x) + 7 =42+ 8x + 7

9. Bx+2) =9+ 12x+4

10. (a) (-3)*+5(-3)+4=9-15+4=-2
(c) (3P2+5(-3)=9-15=-6

11. (y-3)’=y*-6y+9 12. (z+5)y=72+10z+25

13. (2a+3b)(a—b)=2a*+ab—3b’

8. (2x)* + 5x = 4x* + 5X

() (3P-5(-3)+4=9+15+4=28

14. (a+4)(a+t2)=a’+6a+38

3x?
15. (a-4)(a-2)=a’-6a+38 16. ﬁzl
32 +1 3% 1 1 3X 3X
17. = + =1+— 18. =
3x2 3xr 3x? 3x2 3X+2  3x+2
3 3 4X+5 4x S 5
19. = 20. =t —=1+—
4x+3  4x+3 axax o ax o ax
21. 7X+5=z+§=z+1
5 5 5 5
B «:c5o 15.1
1. (a 36.5°C (b) Soggsyo 12 (¢) Ipm.,2p.m.

(d) 36.5° C, x-of0 25 1 p.m, 2 p.med ol HokhHedH S&rdsrsost Ko Dok
1.30 p.m. & Soedod. w8 edibesore Y- g0 36° C, 37° C ey Ko Hothsy 36.5°C
Joednod.

() 9am.do& 10a.m., 10a.m. o0& 11 a.m., 2 p.m. o& 3 p.m.

2. (@ () ~48%y (i) ~ 8&%yn
(b) () ~78%xn (i) ~ 8.5 &%y (oSrd)
() ~48%y (d) 2005
3. (@ (@) 7%0.8. (i) 9 20.%%.
b) () 720.8. (i) 1020.8.
() 220.8. (d) 30.80.  (¢) BokS aebo (f) &S 8o
(g) 2% o A5G
4. (a) HooK¥, HE, ©b (b) 35°C (c) 15°C d) Hdarbo
6. (a) 4 ey =1 Kow (b) 3%?%&03 (c) 228.%.
(d) @D, 26 TgedBos® &8 KSPoSS o8 Srdeados. (10 a.m. - 10.30 a.m.)
() 8am.,9am. o s
7. (i) g0 .

- 550 15.2

1. (a), (b) ©8° &) Hothden &8 Tpp Gaow.; () & &F) HotdHen &8 Tpp BH.
2. D583 X-0g°d) (5, 0) Dotod Zécg, y- 05 (0, 5) Doty 25%3 Po&00ok.




3.
4.
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0(0, 0),A(2, 0), B(2, 3), C(0, 3), P(4, 3), Q(6, 1), R(6, 5), S(4, 7), K(10, 5), L(7, 7), M(10, 8)
(1) True (i) False (i) True

B EXERCISE 15.3
1. (b (i) 20km (i) 7.30am.  (c) (i) Yes (i) ~200 (i) ~ 3500

2.

(@ Yes (b) No

B - <XERCISE 16.1

1. A=7,B=6 2. A=5,B=4,C=1 3. A=6

4. A=2,B=5 5. A=5,B=0,C=1 6. A=5B=0,C=2
7. A=7,B=4 8. A=7,B=9 9. A=4,B=7

10. A=8,B=1

B - <ERCISE 16.2

1.

y=1 2. z=0o0r9 3. z=0,3,60r9
0,3,60r9

JUST FOR FUN

More about Pythagorean triplets
We have seen one way of writing pythagorean triplets as 2m, m?—1, m?+ 1.

A pythagorean triplet a, b, ¢ means a* + b? = c2. If we use two natural numbers m and n(m > n), and
take a =m? —n?, b =2mn, ¢ = m? + n?, then we can see that ¢> = a*> + b

Thus for different values of m and n with m > n we can generate natural numbers a, b, ¢ such that they
form Pythagorean triplets.

For example: Take, m=2,n=1.

Then,a=m?—n*=3,b=2mn=4, c=m?+n*>=35, is a Pythagorean triplet. (Check it!)
For,m=3,n=2, we get,

a=>5,b=12, c=13 which s again a Pythagorean triplet.

Take some more values for m and n and generate more such triplets.

When water freezes its volume increases by 4%. What volume of water is required to make 221 cn?’
ofice?

If price of tea increased by 20%, by what per cent must the consumption be reduced to keep the
expense the same?




3.
4.
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0(0, 0),A(2, 0), B(2, 3), C(0, 3), P(4, 3), Q(6, 1), R(6, 5), S(4, 7), K(10, 5), L(7, 7), M(10, 8)
() BKo (i) &0 (ii)) &0

B o 15.3

1. (b) (i) 208.%n. (i) 7.30am. (c) (i) ®@HS (i) ~200 (i) ~ 3500
2. (@) 3D (b) s

B <o 16.1

1. A=7,B=6 2. A=5,B=4,C=1 3. A=6

4. A=2,B=5 5. A=5,B=0,C=1 6. A=5B=0,C=2
7. A=7,B=4 8. A=7,B=9 9. A=4,B=7

10. A=8,B=1

. «:°5So 16.2

1.
4.

1.

2.

3.

y=1 2. 2=0 9 3. 2=0,3,689
0,3,68 9

PFRODS (B D00 BT 08 Jirarso

PEHBCHS (©seen 2M, M2 — 1, m? + 1 8r508° oocdh KON a8 Derard) o Smar.

a, b, C 058 2ErBHS B8 @od @’ +b? =2 Both Bires Hoggen MBS N (M > N), &
a=m>—n%b=2mn, c=m’+n’ o o508 ¢’ =a’+ b od IrES5).

9% DK M, N DenHoH M > N @anSHED PFHEECHS (Bseen wdhgtotnm DHdo JHF) Bidwe
Ddoggen a, b, € ol i Badhiseo.

SRS M=2,N=1:5 &8508.

o, a=M*— NP =3,b=2mn=4,c=m>+ N’ =5, 0558 &8 PFHODHS (B0 ($65rE0a!)
m=73, N =2 ®ond

a=5,b=12,c=13 Hd&0E 2EK0cHS (&o.

M, N 0% HOER) endod BHE HOR) PFHOCHS [Bren S BEHos.

D $00gN0DIYEH TR 5500 4% BHIHHOB. 221 §.30.80. LoD SASF BAHEIS
K0S OB $055H05Te0 doB?

& 285 20% HBABEIONS I & HEN DB &0HES & BT Jod TS0 SA0TTO?
[ag} a— e r.) @ <;\. o)
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Ceremony Awards began in 1958. There were 28 categories to win an award. In 1993, there were 81
categories.

(1) The awards given in 1958 is what per cent of the awards given in 1993?
(i) The awards given in 1993 is what per cent of the awards given in 1958?

Out of a swarm of bees, one fifth settled on a blossom of Kadamba, one third on a flower of Silindhiri,
and three times the difference between these two numbers flew to the bloom of Kutaja. Only ten
bees were then left from the swarm. What was the number of bees in the swarm? (Note, Kadamba,
Silindhiri and Kutaja are flowering trees. The problem is from the ancient Indian text on algebra.)

In computing the area of a square, Shekhar used the formula for area of a square, while his friend
Maroofused the formula for the perimeter ofa square. Interestingly their answers were numerically
same. Tell me the number ofunits of the side of the square they worked on.

The area ofa square is numerically less than six times its side. List some squares in which this happens.

Is it possible to have a right circular cylinder to have volume numerically equal to its curved surface
area? If'yes state when.
Leela invited some friends for tea on her birthday. Her mother placed some plates and some puris on

a table to be served. If Leela places 4 puris in each plate 1 plate would be left empty. But if she places
3 purisin each plate 1 puri would be left. Find the number of plates and number of puris on the table.

10. Isthere a number which is equal to its cube but not equal to its square? If yes find it.
11. Arrange the numbers from 1 to 20 in a row such that the sum of'any two adjacent numbers is a perfect
square.
Answers
1
2. 212 5 cm’
2
3. 16 3 %
4. (1)34.5% (i1) 289%
5. 150
6. 4units
7. Sides=1,2, 3,4, 5 units
8. Yes, whenradius =2 units
9. Number of puris = 16, number of plates = 5
10. -1
11. One ofthe waysis, 1,3,6,19,17,8 (1 +3=4,3+ 6 =09 etc.). Try some other ways.
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4. 285 oxden 19588° (FrEozDID. IS 28 grrred® warhen wiEd. 1993 Hod 81

Derprre® @wdaen BTN
(i) 1958&% a:ésaa&éé wargen 19938° aQ)d vardes® dJod wEo?
(i) 19936° s5aS wedies 19588 8RS vxrdies® Jod FE0?

5. a8 éﬁa&tﬁ@ JEoesos® 5% Soh Eoo DR &, 35 o0& 20060 FORVID & 8550 & Botod
DH3e Sogy & PBLNTH K Béy Hwves (E°0E $B) DPE e OB, BHwo 10 dHpsen
JEmEPo K008 I GoABANSD. wond & Hdurdrost Sm&o e‘éoaaécﬁ@ Qogy Q0E? (KE:
850200, VOGS, Hrtres @HID DY oD SwE)en. BestsdSo s U°d§>aac%26 (DS g5 K é%é@coéo
208 &s By &08%0808.)

6. SR S0 BP0 BB SHB(E SO0 (@R SDITPNOWTT, STH BB <Hey Sod
Lo(@°Q) SDDTRACTED. eHEEB0rP, 78 BHB Derrared cooawgééééom JEm50 wand a°6€56>
GOABPAODI B0 8Dess) S doek?

7. SHYR0o BnE) Feregsin Kogrggore ghHeso EPEDE 6 Bey ST SES. zer @%ﬁé&é SENERL TR
DT DEYS0E.

8. a8 Léa’»zéa@*@é c\)J'°o)O RBoo8), $00ea0 cooajgé%éom o SBS 3@@3&)@ Vo &otHed
3%525?‘? ©aNd @ogg)té) 3*3&550‘?

9. der &3 HBS B BIB Do Fod Hod YZrEelH @i oDod. der 89 768 $G0STI8
SN oaéozéa 008 Sebedo DYP BOT. O (18 oaéweS‘s 4 $eBen éoé)é a8 oaéaa g
DiHendos, 59 ©8 Dens® 3 og)vée:o 003 &8 b DorHend0B. 2O GODS 2 coospgéa Sebe
éoaogzéa BP0,

10. 93w Bogy T P8 BEPSHHER, HTRE HHrKo 528 Gotnowe? 608 EHRPL08.
11. 15008 20 $8% o éospgeaé’s §°§O&éogp§e>263 EHRA0Y, & 3o %) @’oégréoa)ego S0EDS o8 PINS
B0 edhgiotnre al SH0E° ©g)0s.
233°200
1
2. 212~ %0.5°
2
2

3. 165%

4. (1)34.5% (i1) 289%

5 150

6. 4 c5rdeyn

7. gheren=1,2,3,4, 5 cordey

8. ©HDB, a‘g@%@ﬁo = 2 chredey oS

9. Hrbe Qogy = 16, "égg.g, Qdogyg =35

10. -1
11. =8 o“acgéé 1,3,6,19,17,8 (1 +3=4,3+6=9 etc.). 285 188 H&en HaboHod.
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4 FUNDAMENTALDUTIES )

Fundamental duties: It shall be the duty of every citizen of India-

(a) to abide by the Constitution and respect its ideals and institutions, the National Flag and the National
Anthem;

(b) to cherish and follow the noble ideals which inspired our national struggle for freedom;

(c) touphold and protect the sovereignty, unity and integrity of India;

(d) to defend the country and render national service when called upon to do so;

(e) to promote harmony and the spirit of common brotherhood amongst all the people of India
transcending religious, linguistic and regional or sectional diversities; to renounce practices derogatory
to the dignity of women;

(f)  to value and preserve the rich heritage of our composite culture;

(g) to protect and improve the natural environment including forests, lakes, rivers and wild life, and to
have compassion for living creatures;

(h) to develop the scientific temper, humanism and the spirit of inquiry and reform;

(1) to safeguard public property and to abjure violence.

() to strive towards excellence in all spheres of individual and collective activity so that the nation
constantly rises to higher levels of endeavour and achievement;

(k) who is a parent or guardian, to provide opportunities for education to his child or, as the case may

\ be ward between the age of six and fourteen years; /

f Right of Children to Free and Compulsory Education (RTE) Act, 2009 \
The RTE Act provides for the right of children to free and Compulsory Education to every child in the
age group of 6 — 14 years which came into force from 1% April 2010 in Andhra Pradesh.

Important provisions of RTE Act

 Ensure availability of schools within the reach of the children. «Improve School infrastructure facilities.

Enroll children in the class appropriate to his / her age.

Children have a right to receive special training in order to be at par with other children.

Providing appropriate facilities for the education of children with special needs on par with other children.

No child shall be liable to pay any kind of fee or charges or expenses which may prevent him or her from

pursuing and completing the elementary education. No test for admitting the children in schools.

No removal of name and repetition of the child in the same class.

* No child admitted in a school shall be held back in any class or expel from school till the completion of
elementary education. *No child shall be subjected to physical punishment or mental harassment.

* Admission shall not be denied or delayed on the ground that the transfer and other certificates have not
been provided ontime. *  Eligible candidates alone shall be appointed as teachers.

» The teaching learning process and evaluation procedures shall promote achievement of appropriate
competencies.

* No board examinations shall be conducted to the children till the completion of elementary education.

*  Children can continue in the schools even after 14 yearsuntil completion of elementary education.

* No discrimination and related practices towards children belonging to backward and marginalized
communities.
The curriculum and evaluation procedures must be in conformity with the values enshrined in the constitution

\ and make the child free of fear and anxiety and help the child to express views freely. /
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